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English text 4 jdaiu gall 3 -1

1. Introduction

1.1. The field of Thermodynamics

Thermodynamics studies energy transformations from one form to another, which
encompasses virtually all natural and industrial phenomena. Processes occurring without
energy exchange are rather rare. Heat from sun, kinetic and potential energies as well as latent
heats linked with wind and rain, electricity from thunder, chemical energy in food that is
transformed through metabolism into other useful forms are all examples of energy exchanges
in natural phenomena to name just a few. In industrial processes, combustion engines, steam
power plants producing electricity, energy exchanges in refrigerators, air conditioning devices
and pumps, chemical industries are also few among many areas base on thermodynamics.

The high rate of increase of energy consumption, linked with industrialization as well as
modernization, has resulted in negative environmental impact and energy crisis worldwide.
Thermodynamics is also useful in exploiting new and renewable energy sources (solar, wind
...) as well as energy conservation to reduce consumption of this scarce resource.

Academically, in a simplified scheme of three levels: Fundamental sciences (Math, Physics
...), Basic Engineering Sciences, Applied Engineering Sciences, thermodynamics is in the
second level, paving the way for applications including internal combustion engines, power
plants, HVAC (heating refrigeration and air conditioning) and Fluid machines.

1.2. Study plan

Basic concepts will be reviewed in chapter 2, followed by energy concepts and an
introduction to First Law in chapter 3. Properties of materials exchanging energy are presented
in chapter 4. These chapters constitute a necessary introduction to applications of the First Law
(chapter 5) and introduction of the Second Law (chapter 6) of Thermodynamics. Chapter 7
defines an important consequence of the second law, which is Entropy, while chapter 8 studies
an application, which is Exergy or availability.
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o) Al Al Glaagll 1 =2 Jan
Table 2 — 1: SI Base Units

Quantity Unit Unit

Name Symbol
Length meter m
Mass kilogram kg
Time second S
Electric current Ampere A Si Supplementary Units
Thermodynamic temperature Kelvin K Quantity Name Symbol
Amount of matter mole mol Plane angle | radian Rad
Luminous intensity candela cd Solid angle | steradian | Sr

ol alaill b dsal) sl (s 2-2 Jsas

Table 2- 2 Derived SI Units

Quantity Name Symbol
Area square meter m?
Volume cubic meter m’
Speed, velocity meter per second m/s
Acceleration meter par second squared m/s?
Density kilogram per cubic meter kg/m?
Specific volume cubic meter per kilogram m’/kg
Current density Ampere per square meter A/m?

Examples of SI Derived Units with Special Names

Expression in

Expression in

Terms of Other Terms of SI
Quantity Name Symbol Units Base Units
Force Newton N m. kg/s?
Pressure Pascal Pa N/m? kg/(m.s?)
Frequency Hertz Hz /s /s
Energy, work, heat Joule J N.m m?. kg/s*
Power Watt W J/s m?. kg/s’
Quantity of Coulomb C A.s s. A
electricity
Electric potential Volt vV W/A m?. kg/(s>.A)
Capacitance Farad F C/V s*. A%/(m?*kg)
Electric resistance Ohm Q V/A m?. kg/(s>.A?)
Conductance Siemens S AV s3.A%/(m% kg)
Magnetic flux Weber Wb V.s m?. kg/(s>.A)
Magnetic flux Tesla T Wb/m? kg/(s>. A)
density
Inductance Henry H Wb/A m? kg/(s. A?)
Luminous flux lumen Im cd.sr
Illuminance lux Ix cd.sr/m?
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Pressure of a gas
at fixed volume
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Resistance Thermometer

(Platinum)
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R=a+bT+cT
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Metal A

EMF =S (T -T)

Thermocouple

Gl govall 5-2 J<i

Some fixed points 4wl Llail) jaxy 3-2 Jgas

Defining fixed points T (K) t(C)
Triple point of hydrogen 13.81 -259.34
Normal boiling point of neon 27.102 -246.048
Triple point of oxygen 54.361 -218.789
Normal boiling point of oxygen 90.188 -182.952
Triple point of water 273.16 0.01
Normal boiling point of water 373.15 100.00
Normal freezing point of tin 505.078 231.928
Normal freezing point of zinc 692.73 419.58
Normal freezing point of silver 1235.08 961.93
Normal freezing point of gold 1337.58 1064.43
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Table 2-4 Different temperature scales dahaall janlaall & shall cilayy Hlaln 4-2 Jgoa

Fixed point Celsius Fahrenheit Kelvin Rankine

Absolute zero -273.15 -549.67 0.00 0.00

Ice point 0.00 32.00 273.15 491.67

Triple point of water 0.0100 32.02 273.16 491.69

Water boiling point 100.00 212.00 373.15 671.67
Electric resistance 4z 4 4a slial) 3-10-2
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2. Basic Concepts

2.1. System

System is defined as any part of the universe that is under study. Surroundings (or
neighborhood) constitute the remaining part, while boundaries represent the common zone
between them. Boundaries can be material or fictitious, moving or stationary, depending on the
phenomenon under study. By “part of the universe” one may mean a certain quantity of mater.
In this case, boundaries will move and/or deform with mater, i.e. matter may never leave the
system, which is called then closed system or control mass. By “part” one may also mean a
certain zone in space, which can be crossed by matter. The latter case is defined as an open
system or a control volume. Finally, an isolated system is defined as a system that does not
allow neither mass nor energy exchange across its boundaries.

2.2. Microscopic and Macroscopic points of view

In the Macroscopic point of view, thermodynamics considers matter as a continuum,
regardless of its internal molecular structure. The opposite but complementary Microscopic
point of view studies each individual molecule in its perpetual and random motion, in order to
obtain, through statistical analysis of all molecules, global properties such as pressure and
temperature. Macroscopic view is the main tool used here, except for few cases where
simplified microscopic view is used for the sake of a better understanding of the underlying
physics of some processes.

2.3. State properties and equilibrium

A system may change its state due to energy exchange, as can be observed by a change of
physical quantities describing it. A physical quantity that describes a state, which depends on
the state itself not the path followed to reach the state, is called a state property. A state property
may be internal (describing the system itself such as pressure, volume) or external describing
system relation w.r.t. its neighborhood (velocity, height). The state can be extensive (i.e.
proportional to system size, such as mass or volume) or intensive, when it acquires the same
value in every part of the system (such as temperature or density). A specific property is a
special case of intensive properties obtained as the ratio of two other extensive properties (such
as density).

Notice that state properties can only be defined for systems in equilibrium, or at least quasi-
equilibrium. A system is in equilibrium when it cannot produce any spontaneous change in its
state, and hence in its state properties, allowing measurement of such properties. During any
process, where state properties are continuously changing with time due to an external effect,
system may depart from equilibrium. If departure is small in amplitude, or only occurring for a
very short time, intermediate states are considered as in quasi-equilibrium.

2.4. Processes and cycles

A process is a sequence of states a system goes through if at least one state property changes
continuously. When a state property changes, system is temporarily out of equilibrium, until
the new value diffuses through the whole system. If departure from equilibrium was small in
amplitude and/or for a very short period, the process is said to be in quasi-equilibrium. Common
processes include the constant volume process (also called isochoric or isometric), constant
pressure (also called isobaric), constant temperature (also called isothermal) and the adiabatic
process in which no heat is exchanged. A set of processes ending at the initial state is called a
cycle.
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2.5. Concepts and Laws

To understand and assimilate complicated events occurring in nature, human mind tends to
identify separate abstract entities, called concepts. But, since the world is unified, to restore the
complete picture, one needs to add laws relating these concepts. Concepts and laws relating
them are inseparable. Changing the set of concepts describing a phenomenon, would
automatically result in a new set of laws. Some laws can be proved using other laws. Hence
there must be a set of starting laws that can only be proved by our longtime and shared
experience. These are called principles, such as the First and Second Laws of thermodynamics.

2.6. Dimensions and units

Any measurable quantity has, by definition, a dimension. A dimension can be expressed
using different units (day, month and year are different units for the same dimension: time).
Physical laws establish relations between different quantities and hence between the dimension
of each (the dimension of velocity is the ratio of length dimension by time). In the international
system of units (S.I. “Systéme International”), seven units were selected (one for each
dimension) as basic units (see Table 2 — 1) out of which all other units can be derived (see Table
2-2).

2.7. Density and related properties

Density p of a system is the ratio of system mass to its volume [kg/m*]. To define local
density, a small volume should be selected around the desired point that is small enough to let
the value be local but not too small to fall in the intermolecular space. Its inverse is called the
specific volume v [m?/kg]. Quantity of mater [in kmol] can replace mass to get molal density
P [kmol/m?], or molal specific volume ¥ [m>*/kmol]. Obviously p = p/p, v = p v.

2.8. Pressure

Pressure is the force exerted by molecules impinging and bouncing over a unit area. Again,
to get local pressure, the area should be small enough to let the pressure be local, but not too
small to lie in the area between molecules. In SI, pressure unit is Pascal (symbol Pa, Equal to
N/m?). Other practical units include bar=10°Pa, kgf/cm?=0.98bar. Atmospheric pressure can be
measured by a barometer; its standard value is 1.013bar. Any other pressure is measured by a
pressure gauge (such as Bourdon gauge or manometer Figure 2-2) which can only measure the
difference between absolute pressure and atmosphere. The difference is called gauge pressure
(Figure 2-1). For a manometer, the pressure difference is given by Pups - Pum = Ap g h , where
h 1s the difference of height between the two columns, Ap is the density difference between
liquids in the columns and g is the acceleration of gravity.

2.9. Temperature

Although we do have a common feeling of temperature, at least qualitatively, it is difficult
to construct a precise quantitative temperature scale at this level of study. This will be done
after introducing the Second Law. From the microscopic point of view, a clearer understanding
of temperature can be obtained: it is the ability of molecules in a system to transmit their
intensity of excitation (molecular kinetic energy) to another system. Temperature is thus a
function of the average kinetic energy per molecule.

At the macroscopic level, we know, from our senses and our everyday experience, that:

— some bodies are ‘hotter’ than others.
— when they are brought into contact, they tend at equilibrium to be equally hot or cold

— other, measurable, physical properties are affected by their state (hot/cold)

Let us build upon these observations to construct a temporary temperature scale, to use until
the Second Law is introduced. Let us first define thermal equilibrium as the state of two bodies
that are brought into contact in an isolated environment for a long period such as no spontaneous
changes may occur, as can be observed by all other physical properties. This leads us to the
definition of temperature equality:
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If body A is in thermal equilibrium with body B; body B is in equilibrium with body C; then
bodies A and C should be in thermal equilibrium.
The above statement is called the Zero’th Law of thermodynamics.
2.10. Temperature scales
To build a temperature scale, a physical property should be chosen that depends mainly on
temperature, with very low sensitivity to any other effect. Such quantity is called a thermometric
property. It will be used to construct a thermometer. A relation between the thermometric
property and temperature has to be assumed (this will not be needed after introducing the
Second Law). The relation may have a set of arbitrary constants. Their values will be obtained
by subjecting the thermometer to points having fixed temperatures agreed upon internationally
(see Table 2 — 3). In the sequel, thermometers using different thermometric properties will be
briefly described.
2.10.1. The volume of a fixed mass of liquid in a closed glass tube
Liquid used is usually mercury. Volume is measured by the height of a liquid column x.
the relation is assumed as: ¢t = a x + b, where a and b are arbitrary constants. In the Celsius
scale, they are selected such as 7. = 0 at ice melting and z. = 100 at water boiling, both are at
atmospheric pressure. In the Fahrenheit Scale, at the same fixed points, # = 32 and 212.
Fahrenheit and Celsius scales are related by: t. = (5/9) " (t/—32) ; t;=32+(9/5) " t.
2.10.2. The pressure of a gas at constant volume
The pressure of a gas captured in a constant volume (Figure 2-3) can be easily measured by
a manometer. According to Gay Lussac, for low pressures, pressure is proportional to the
absolute temperature: 7' = ax. To determine constant a, one needs only one fixed point. Absolute
temperature scales (7x for Kelvin and 7% for Rankin scales) are related as follows:
Tx=t.+273.15; Tr = t;+ 549.67; Tk = 5/9 Tr
It will be proven later, after introducing the Second Law, that this scale is identical with the
thermodynamic temperature scale
2.10.3. Electric resistance
Electric resistance is assumed to vary with temperature according to a parabolic law.
Platinum resistance thermometer (Figure 2-4) uses this principle. Three fixed points are needed
to obtain the three arbitrary constants in the parabolic equation.
2.10.4. Electromotive force developed in a thermocouple
When two different electric conductors are joined at both ends, one joint subjected to a hot
medium, the other subjected to a cold medium (Figure 2-5), an electromotive force is created
that is proportional to the temperature difference. Constant of proportionality is called the
Seebek coefficient. This phenomenon is called the Seebek effect, which can be used to measure
temperature.
2.10.5. Radiation intensity
According to Stefan-Boltzmann law, radiation intensity is proportional to the fourth power
of temperature. This can be used to measure high temperature in a furnace when direct contact
with the hot body is undesirable.
2.11. Conservation of mass
The principle of conservation of mass simply states that the rate of masses entering a system
min minus the rate of masses leaving .. should be equal to the rate by which system mass m
accumulates with time, 1.e.: dmy/dt = min — Hiow. In order to express the rate of masses entering
a system, assume an element of area dA4 (figure 2-6), having a density p, across which fluid of
velocity v normal to it enters for a short period At. It is clear from figure that the volume entering
through this area d4 during that time Af is: v At d4. Hence, the time rate of entering masses

through this small area dA is: dritin = pvdA. Hence: i = |

cross section area

pvdA, which is valid
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for both inlet and outlet. At steady state, if fluid enters with a uniform velocity at section 1 and
leaves, also with a uniform velocity at section 2, we receive:

Min = Wour = P1 VI A= P2 V2 A>.
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Solved Examples 2: BASIC CONCEPTS

Examples 4l aalial o 4 glaa dLiaj

13 -2

Example 2. 1 A mass of 10 slugs is to be accelerated to 180 in/s*. Find the force necessary
in poundal, 1bf, N, Dyne and kgf.

Answer:

From Newton's Second Law we get F: F' = m'a"/ ch

Where g. is a constant that depends on the units used (see the table below). The elementary

units relations needed are:

1 ft=12in, 1 in=0.0254 m, I m = 100 cm
1 slug = 32.174 Ibm, 1 Ibm = 0.4535 kg, 1 kg = 1000 g.

mass accel. force

unit unit unit &e " 4 £

Ibm ft/s? Poundal 1.0 321.74 15.00 4826.10

Ibm ft/s? Ibf 32.174 321.74 15.00 150.00

slug ft/s? Ibf 1.0 10.00 15.00 150.00
kg m/s? N 1.0 145.91 4.572 667.10
g cm/s? Dyne 1.0 145910 457.2 66.71°10°
kg m/s? kgf 9.81 14591 4.572 68.03

Note that: 1 Ibf =32.174 poundal = 0.4535 kgf.

1 kgf=9.81 N, 1 N =10° Dyne.

Example 2. 2 A mass of 50 Ibm is placed at an altitude where the acceleration of gravity is
30 ft/s?. Find its weight in 1bf, N.
Answer:
Applying Newton's second law: F = m” a”/ g,
Weight w = 50 Ibm * 30 ft/s? / 32.174 = 46.62 Ibf
NB: The weight of 50 Ibm is not always 50 Ibf!
To get the weight in N use: F=m a
Weight w = (50 *0.4535 kg) * (30*0.3048 m/s*) = 207.34 N

Example 2. 3 If the atmospheric pressure is 1 atm, what are
the gage and absolute pressures of gases A and B in bar if

manometer reading was 5" mercury and that of the pressure 30 5n
gauge is 30 psi? e WHe

A B ||
Answer:
Pp gage = p g h = 13600%9.81* (5%0.0254 m) * 10~ = 0.169 bar

Pgabs= PB gage + 1 atm =0.169 +1.013 = 1.182 bar

The Bourdon gage reading indicates the difference between the gas pressure to which it is
connected and the gas pressure in which the gage is placed, i.e.:

P4 gage = PB gage + 30 psi = 0.169+30/14.504=2.237 bar

Py abs = Ppabs + 30 psi = 1.182+30/14.504 = 3.25 bar

Or = P4guge + 1 atm =2.237 + 1.013 = 3.25 bar
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Example 2. 4 It is required to construct a liquid-in-glass thermometer of Celsius
temperatures in the range -25°C to 100°C. The following table gives the specific volume
(in cm®/g) of three different fluids at different temperatures as indicated by an ideal gas
thermometer. Which of the three fluids is more suitable?

Answer:

For the liquid-in-glass thermometer we can assume that the reading ¢* follows the relation:
t'=ax+b
Where x is the specific volume of the fluid, the constants a, b are determined such that
the reading is exact at 0°C and 100°C, then:
£ = 100* (x-x0) / (x100-x0)
Where xo and x;00 are specific volumes at 0°C and 100°C respectively, Applying this
relation we get t* for all three fluids as indicated in the table:

water isopropyl alcohol Mercury

°C X t X t X t
-25 - - 1.2167 -18.8 0.073220 -25.0
0 1.0002 0.0 1.2475 0.0 0.073556 0.0
25 1.0029 6.2 1.2800 19.8 0.073890 24.9
50 1.0121 27.5 1.3170 42.4 0.074225 49.9
75 1.0259 59.4 1.3604 68.8 0.074561 74.9
100 1.0135 100.0 1.4116 100.0 0.074898 100.0

Water is clearly the worst of the three liquids; besides yielding very poor accuracy, it freezes
at 0°C. Isopropyl alcohol, although better than water, is also unacceptable because its
specific volume dependence on temperature is not quite linear in this range. Mercury is best,
because its specific volume varies linearly with temperature between 0 and 100°C.

Example 2. 5 Air enters a 5 cm diameter heating tube at a velocity of 1 m/s and a density of
1.2 kg/m>. Because of heating air leaves the tube at a density of 0.8 kg/m?, what is the
mass flow rate of air and the exit velocity?

Answer:
Assuming that this is a steady flow process,
m=p; vy A
= 1.2 *1.0* n*(0.05)?/4 =2.036*107 kg/s
V2 =rnitlp2 A2
= (2.036*107)/(0.8*1*(0.05)*/4) = 1.5 m/s

Example 2. 6 A thermometer is being designed such as to use a thermometric property
called p, which is assumed to have the following relation with the absolute temperature 7
T =a In(p/po) + b, where po 1s a known property value at a reference condition (assume po
= 2) and both a and b are adjustable parameters. The thermometer has been calibrated by
subjecting it to two temperatures belonging to the international set of standard fixed points:
point 1 is the freezinc point of tin (231.928°C), point 2 is the freezing point of zinc
(419.527°C). Thermometer readings were respectively p1 = 3, p» = 5. Find appropriate
values for parameters a and b.

Answer:
Applying the logarithmic relation at both fixed points: 7; = a In(pi/po) + b, where i =1 or
2, we get two equations in the unknowns a and b. Note that T is the absolute temperature,
which is equal to the Celsius temperature plus 273.15. Hence:

231.928 +273.15=a n(3/2)+b (1)

419.527+273.15=a In(5/2) +b (2)
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By solving above equations we get a = 367.247; b = 356.172.

Example 2. 7 A barometer is used in an airplane to measure its altitude. At ground level,
barometer reading is 758 mm Hg. At a certain height, the same barometer reads 510 mm
Hg. What is the airplane height, assuming average air density is 1.1 kg/m3?

Answer:

Barometer reading indicates a pressure difference of:

AP barometer = (758 - 510)/1000 * 13 600 * 9.81 =33 872 Pa

Atmospheric pressure difference between the unknown height A and ground:
AP atmospheric = H * 1.1 * 9.81 = AP barometer = 33 872 Pa

Hence H =3 066.2 m.

Example 2. 8 In a refrigerator, pressures at evaporator inlet (which lies within the freezing
compartment) as well as at compressor outlet (which is also at inlet of the serpentine lying
behind the refrigerator) were measured giving respectively 120 mm Hg vacuum and 25 psi.
What is the pressure difference in kPa?

Answer:
Since evaporator pressure is vacuum, i.e. negative compared to atmospheric pressure, then
pressure difference is:
AP =25/14.504 * 10° + (120/1000 * 13 600 *9.81) Pa
= 172370+ 16 010 Pa = 188.38 kPa.
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English text &:0aW0 gl 10 - 3
3. Energy concepts

3.1. Definition of energy

In order to define an abstract concept, such as energy, one may either use a general statement
that may not give sufficient insight, such as “the capacity to produce a change”. The other
approach used here is to define a set of concrete special cases (concrete forms of energy) and
define in a second step energy as the common feature between all special cases. The common
feature is the ability of one form to be transformed into the other. Each energy form has a datum
reference value, because what matters is always the change in energy level, not its absolute
value. Energies can be classified into either “crossing” system boundaries, or “stored” within
system boundaries.

3.2. Mechanical energies

Mechanical energies include work as well as potential and kinetic energies. Work will be
mainly studied in this section. Work is defined as an energy that crosses system boundaries due
to the action of a force displacing matter. The above definition contains three elements that are
all mandatory. Action and reaction forces lying within the system do not produce work because
they do not cross system boundaries. Free system movement against no resistance does not
produce work because there is no force. Finally, if matter does not move, there is no work either.

Sign convention adopted here is that work is positive when it is done by the system on
surroundings. This entails considering as positive the force exerted by the system Fy, on
surroundings, which is opposed to the force Fe.s exerted by external sources on the system.
Since displacement always occur in a certain time, it is natural to expect the appearance of
velocity of a material body V. = dx,/dt. In this book, mechanical power W is first defined as
the scalar product of force and velocity:

W="Fys.Vn.

Work W is deduced by integration over time:

W=[Wdt = Fys .V dt =] Fys . dxnm.

For rotational motion, if angular velocity was ®, revolving around an axe having a unit
normal n in its direction (Figure 3-1), and if the position vector r was a vector from origin (lying
on the axe) to the point in question then: nxr is a vector perpendicular to the plane formed by
n and r having the amplitude: |r| sin 6. Hence, the translational velocity of the point in question
is: v,, = (nxr)w. Out of which we get the power:

W =F, -(nxr)o):T(n ; where T'=F

sys sys

It can be easily deduced that: W=[T o dt =] Tdo

-(nxr) is the torque.

Forms of work will subsequently be studied according to their spatial distribution.

3.3. Work of forces distributed over the volume

This includes forces due to gravitational, elastic and electric fields. Forces distributed over
volume are sometimes grouped into one force acting in the center of gravity. Therefor, this
section also applies to point forces.

3.3.1. Work due to gravitational forces

If a body of mass m moves in a conservative force field, such as gravity g, due to the action
of a force changing its height z, then the work of this force is transformed into an energy stored
in the body called the potential energy (k is the unit vector vertically upwards):

The force exerted by the system is its weight: Fy,s = —m g k. Hence:

W=[Fys.dr=—mgk.dr=—[mgdz Forconstantg: W=—m g (z2—z1)
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Due to the sign convention, work is negative, i.e. done on the system, if the height increases.
Based on a suitable reference level for z, potential energy can be expressed as: PE = mgz.
3.3.2. Work due to a force causing acceleration

If a body of mass m changes its velocity v, due to the action of an external force, then the
work done by this force is transformed into an energy stored in the body called kinetic energy.
From Newton’s 2"¢ law, the force F.., = m dv/dt, hence by integration we easily obtain:

W= IFSys.dx——fFext.dx——fm (dv/dt).dx——fmv.dv——‘/zm (v22 = vi?)

Work is negative, i.e. done on the system, if system velocity increases. Kinetic energy can
thus be expressed using a suitable reference for velocity: KE = Y2 m v2. Similarly, for a body of
inertia / and rotational velocity o rotational kinetic energy KE, is defined by: % I ®>.

3.3.3. Work due to elastic forces

For an elastic medium external force is proportional to elongation x: Fex; = kX, where £ is a

constant called stiffness. Due to sign convention, we obtain by integration:

W= —LZ kxdx = —(k/2)(x22 - xlz)

The result of this work, if negative (i.e. done on the system), is an increase of stored elastic
energy. The latter is expressed as 2 kx* where x is the elongation measured from the free length
(Iength for no applied external force).

3.3.4. Work of an electric field

The electric potential 7; at a given point 7 is defined as the work done to bring a unit charge
from infinity to this point. Since current /; entering a system at point i is defined as charges
enterlng system per second, power is thus:

= —zl 171, (where N is the total number of points).

3.4. Work of surface forces

The stress sgys at a point on a surface is defined as the force per unit area exerted by the
surface on its surroundings. It has two main components, a normal component Pn where P is
the pressure and n is the unit outward normal and a tangential component t called the shear
stress. In order for this force to produce mechanical power, the material at the surface must
have a nonzero velocity v,. The velocity of boundaries at the same point vy may have a normal
component that is equal to that of v,, (closed system: v,. n = v,. n) or different (open system).
Power and work have the general expressions:

WZJ.AS ‘v, dA;

sys
W= J(L Sys Vo dA)dt = I(L Sy -LZ‘—;”dAjdt; (dXm = Vi df)

For quasi-equilibrium processes, specifically in the absence of friction, t vanishes, which
gives rise to two important special cases, studied below.

3.4.1. Work of changing volume
For a closed system (v,. n = v,. n) with uniform pressure (quasi equilibrium), we get,
assuming that t=0, P is uniform and closed system (hence n.dx,, = n.dx;):

X,, dv

W= J(PI dAjdt I(P dtjdl [Pav

The equality of f 4 n.dX, dA and dV can be seen from Figure 3-3. The last simple expression
W = [PdV or equivalently w = | Pdv, can be represented on a P-v chart by the area under the
curve showing how P varies with v in a given process (Figure 3-4). Obviously, the area, and
hence the work, depends on the process type and not only initial and final states.

It is important to notice that the result is valid if and only if assumptions used to obtain it
were satisfied. Figure 3-5 shows two counter examples were assumptions are not satisfied,
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hence the simple result obtained above does not hold. Case 1 is that of fan work (friction non-
negligible hence t+0), while case 2 is that of free expansion (no resisting force, hence non-
uniform pressure).
3.4.2. Flow work
For an open system, if the pressure and normal velocity were both uniform over each area
where fluid can cross the boundaries (but different over different areas), in the absence of shear
(t=0), work exchanged over a particular area 4> say becomes:

where V> is the volume leaving the system through area A,. If fluid entered the system
through another area 4 say, then the work would be:

W = P, V> — P1 V1, which is called the flow work. Flow work at exit area 2 is positive
because it is done by the system on leaving masses, while that at inlet area 1 is negative because
it is done by the surroundings on entering masses.

From the identity: d PV = P dV + V dP one may deduce:

= —[VdP=[Padv—(P.V>—PiV)

The first term in the RHS represents the work of changing volume, while the second term
represents the flow work, i.e. the work needed to circulate the fluid. Hence the RHS as a whole
represents the useful work in an open system, which can be easily expressed using the LHS.
That is why flow work for an open system never appears as a separate quantity. It is included
in another form of energy called enthalpy (see section below on First Law).

3.4.3. A remark concerning friction

In case friction was present, then the real work that can be obtained from a system (Wacuar)
would be less than the ideal work Wigea. Also, the real work needed to compress the system
would be greater in absolute value than that of an ideal frictionless case. But since work done
on the system is negative, the following expression always holds:

VVﬁ’ictlon = Wactual — Widear < 0

Please note that Wj.icion does not represent any actual work, it only expresses the difference
between real and ideal cases.

3.5. Work of a force distributed over a line

When two fluids are brought into contact, in presence of a 3™ phase such as solid walls, a
force appears on the interface that is tangential to that surface, tending to retract the interface.
It is called the surface tension. If another surface, which can be real or fictitious, intersects the
interface a line is formed called the contact line. The direction of this force is perpendicular to
the contact line, as well as tangential to the interface, in the sense of retracting the interface.
The unit vector in this direction will be denoted s. The force is proportional to the length of the
contact line. The constant of proportionality giving the surface tension force per unit length of
contact line is called the surface tension coefficient c.

dFss=odls (dlisthe length of a portion of the contact line).

For the simple case where s does not vary along contact line:

Fys=0ols (see Figure 3-6)

Surface tension coefficient depends mainly on the nature of both fluids as well as
temperature. It may also depend on intersecting surface quality if it was a rough solid.

If the fluid at the contact line moves a distance dx,, tending to increase interface area (i.e.
opposed to s), this force will produce a work given by:

W=[lcdlsdxmw=-]cdA

where dA is the increase of interface area. That is why surface tension coefficient is also
defined as surface energy per unit area.
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3.6. Internal energy

The precise quantitative description of the internal energy has to be postponed until the First
Law is introduced. The objective of this section is to understand the concept based on
microscopic and qualitative considerations. Suppose we have a system composed of N
molecules, each having the same mass m but a different velocity v; (i €[1,N]). The average
velocity, defined as vae = (1/N) Z; v;, is the velocity at which the body as a whole moves.
Molecules vibrate around this average velocity, at a relative velocity v'; = Vi — Vave. Summing
kinetic energies of all molecules, using their absolute velocity gives, after some algebra, two
terms: kinetic energy of the body as a whole (mN/2) |[Vag|*, plus an ‘internal’ kinetic energy that
is linked with relative (vibration) velocity of molecules (1/N) Z; [v*i*. The latter constitutes part
of the so-called internal energy of the body. It cannot be directly seen, except through a
microscope, but it can be indirectly felt because it increases with temperature. In fact, holding
a hot body gives a painful sensation due to the impact of high velocity molecules on our skin.

Similarly, each molecule possesses a potential energy due to all forces acting on it. Some
of these forces are external, such as gravity or electric field. The potential energy due to them
is the potential energy of the body as a whole. In addition, there are intermolecular forces that
may lead to an ‘internal’ potential energy, which constitutes a second part of the internal energy.
This part plays a role through the work needed to break a solid into two pieces. It also plays a
role through the heat required to evaporate a liquid, resulting in larger molecular separation.

Internal energy is a concept grouping all energies related to molecules of a body. This
includes internal kinetic and potential energies mentioned above. It also includes chemical
energy stored in molecules as well as nuclear energy stored in atoms.

3.7. Heat

Heat is defined as an energy that crosses system boundaries due to a temperature difference,
which is not linked with masses crossing the boundaries. All three conditions are necessary to
describe the related energy as heat. When a body is heated through an impermeable surface,
energy crossing the boundaries is called heat. But when this energy becomes stored in the
system in the form of a temperature increase or a phase change it is called an internal energy.
If a hot mass crosses the boundaries, the energy crossing is not heat, but internal energy and
flow work (also called enthalpy — see later in the section about the First Law).

Sign convention is that heat added to the system is positive. Heat exchanged during a
process depends, not only initial and final states, but also the nature of the process.

3.8. Other forms of energy

Chemical energy stored in molecules as well as nuclear energy stored in atoms can be
considered as part of internal energy. There are other forms including optical, acoustic,
magnetic ... that are not considered in this work.

3.9. First Law of Thermodynamics
3.9.1. First Law formulations
First Law of thermodynamics is simply the principle of conservation of energy.
3.9.2. First Law for a cycle in a closed system
For a system undergoing a full cycle, all stored energies at the end of the cycle would be at
the same level as at the start of it. Hence the sum of all crossing energies should be zero:
Oc.=W. where Q. and W. are respectively heat and work exchanged during the cycle.
3.9.3. Internal energy as a state property
Let us examine the two cycles 1A2B1 and 1A2C1 (Figure 3-7), composed of processes
1A1, 2B1 and 2Cl1. For both cycles the first law gives:
Oia2 + Qg2 = Winz + Winz
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Oia2 + Qoc1 = Wiaz + Waci

Subtracting gives: Ozp1 — W21 = Qac1 - Waci

Since processes 2B1 and 2C1 are totally arbitrary, the difference Q — W over any process
depends on initial and final states only, regardless of the process: O — W= E> — E1. Energy E is
called the Total Internal energy. It contains all kinds of stored energies. £ = U + KE + PE
where U is the internal energy, KE the kinetic energy and PE the potential energy. When divided
by system mass it reads: e = u + v?/ 2 + g z; where e is the specific total internal energy and u
the specific internal energy.

3.9.4. General form of the First Law

If matter crosses the boundaries, it carries with it its total internal energy (internal, kinetic
and potential energies) into or out from the system. For the sake of convenience, flow work
linked with mass transfer is usually subtracted from the total work and added to other forms of
energies carried by crossing masses. This gives the following energy balance for a process
changing the state of an open system of mass m; from state 1 to state 2, during which m;, and
mow: masses enter or leave the system (Figure 3-8):

O12 — Wiz + min (h+Y V?+g2)|in — Mour (h+Y2 V2 +g2)ow = A (ms (u+Vs v3+g2)|5)

where /4, defined as u+Pv, is called the specific enthalpy. It is a state property, which may
represent energy if and only if it is linked with masses crossing system boundaries. As an
energy, it must have a reference level. Instantaneous energy balance per unit time reads:

S 1 ) 1 d 1
Q—Werl-n(thEV2 +gzj —mou,[h +5V2 +gz]0m ZZ{mS(uJFEVZ +gzjj

where O, W and m represent respectively thermal power, mechanical power and mass flow

in

rate. The above form is the most general one, from which the law for a closed system can be
deduced by setting 71; = nitous = 0. First Law takes then the form:

g—w=Au+"%Av*+Agz
where ¢ and w are work and heat exchanged per unit mass of the system, while the symbol A
means change over time from an initial to a final state. For an open system undergoing a steady
state process, 71, = m,,, =m ;d[.]/dt = 0. By dividing over 71, the First Law takes the form:

out
g—w=Ah+"% AV’ + Agz
where q and w here have a different meaning, which is energies per unit entering or leaving
masses. Similarly, the symbol A here does not relate to time (flow is steady) but to the difference
between entering and leaving masses.
Finally note that u has not appeared in the open system undergoing steady flow, not because
it is an open system, but because it is a steady process, hence the term containing u disappears.
In the general case of an open system but not steady state, both « and / should appear.
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Solved Examples 3: ENERGY CONCEPTS
Example 3.1 A room is heated with steam radiators in a winter day. Hot steam enters the

radiators where it condenses giving its energy to the room. Examine the following systems
regarding heat transfer: a) Radiator; b) Room; ¢) room + radiator

: Room : Cold
In —>—h | atmosphere
| Q !
Hot steam : _:__) Q
! 1
out <«——f !
! 1

Answer:

a) Radiators: The energy that enters the radiators with steam is not heat since it is linked
with matter crossing the boundary. Heat leaves the radiators through the surface as
shown = Heat=- 0

b)  Room: Heat enters the room from the radiators and leaves it to the atmosphere. At
steady state (constant room temperature) both heats should be equal and opposite in
sign = Heat = O+(-0)=0

¢)  Room+radiators: Heat=-0Q + 0 =-0Q

Example 3.2 A cylinder, in which the piston is restrained by a spring, contains 1 liter of a
gas at a gage pressure of 6 bars. Initially the spring force just balanced the gas pressure the
gas is heated such that the volume reached 3 liters. If the spring constant is 6*10* N/m, the
cross sectional area of the cylinder is 100 cm?, the atmospheric pressure is 1 bar, find the
total work done by the gas. How much is done against the spring alone?

Answer:

P A
bars

19 2

Q
1 - Va
/

Vi V> a4

Initial height of the cylinder = V1/4 = 1000/100 = 10 cm
Final height of the cylinder = V2/4 = 3000/100 = 30 cm
Increase in spring force AF = kAx = 6*10%#(0.3-0.1) = 12000 N
Final absolute pressure P> = P;+ AF/4 = (6+1) + (12000%1073/(100%10*)) = 19 bar
Since the spring force varies linearly with the displacement then the pressure P should also
vary linearly with the volume V. hence, the process can be represented as in figure.
The work done by the gas W;= [PdV = Y, (P2+P)*(V2-1)

=1 (19+7)*10°*%(3-1)*10 = 2600 J
Work against spring W> = W1 — work against atmosphere W,

= W1 — Pam *(Va-V1) = 2600 — 1*¥10°*(3-1)*1073 = 2400 J

N.B: Spring work could have also been calculated as ¥ k(x2*-x1?) = 2400J
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Example 3.3 In the vertical piston, cylinder and fan arrangement shown in
figure, the initial air pressure was 2 bars; the fan was set in motion at 300 rpm |_i|
(revolutions per minute) by applying a torque of 10 N.m during 30 minutes,
As a result, the volume of air has changed from 1 liter to 2.75 liters. Taking

air as the system, find the total work of the process as well as the flow work.
Answer:
There is a fan work W done on the system (-ve) and a work done on the piston
Wy (+ve).

Wr=- T*o*time = -10* (300*27/60)*(30*60)/1000 = -565.5 kJ
W, = JF.dx
But, the force is constant (weight of the piston)
= W,=F.Ax=PAAx = PAV
=2*10°*(2.75-1)*10°/1000 = 0.35 kJ
Total work = Wy+ W, =-565.5 + 0.35 = -565.15 kJ
Flow work =0 (closed system)

Example 3.4 A water pump has a suction pipe of 6 in diameter and a delivery pipe of 3 in
diameter. Water enters the suction pipe at the datum level and a suction pressure of 300
mm Hg, and leaves the delivery pipe 3 meters above at a gage pressure of 1.2 bars. If the
pump delivers 10 liters/s of water having a density of 1000 kg/m?, find the rate of increase
of potential energy, kinetic energy and the flow work. Calculate the work of changing
volume. Hence, deduce the power required by the pump assuming no friction losses. If the
pump rotates at 300 rpm, find the driving torque.

Answer:
Rate of increase of potential energy P, = ritgh
= (10*10*1000)*9.8%3 = 294
Since m1 = p; vi A1= p2 v2 A2 from the conservation of mass
The inlet velocity v, =m1/ (p1 A1)
=10/ (10°*0.25*n* (6*0.0254)%) = 0.548 m/s

Similarly v> =71/ (p2 A2) = 10 / (103*%0.25*n* (3*0.0254)%) = 2.192 m/s
Rate of increase of kinetic energy K. = % 1t (v2* — v/%)
=15 *10*(2.192 - 0.548%) =22.5 W
The volumetric flow rate ¥V = ri/p = 10 ¥107 m’/s
Rate of flow work F\y = P2V, — P1V, = (P»-P1) V
=> (water is incompressible so ¥, = V,= V)
= ((1.2+1.013)-(1.013-300/750))*10°*10*10 = 1600 W
Work of changing volume = 0 (because water is incompressible)
Pump power = - (Pe+ K.+ F\,) = - (294+22.5+1600) = - 1.9145 kW
Torque = power / ® = 1914.5 / (300*2*n/60) = 61 N.m
N.B: The pump power is negative because work is done on the system

Example 3.5 Repeat the same calculations of Example 3. 4, but replace the water pump by
an air compressor, and let air enters the suction pipe at a density of 0.8 kg/m?® and assume
Pv!* = constant. Consider that the mass flow rate is 0.1 kg/s
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Answer:
Rate of increase of potential energy P, =ritgh =0.1%9.8*3 =2,94 W
The inlet velocity vi = riz / (p1 A1) = 0.1 / (0.8*%0.25*n* (6*0.0254)%) = 6.85 m/s
To find p2: Pivi!4 = Pyyy!4
The final density p2 = 1/v2 = (P2/ P1)V'* *(1/ v1)
= ((1.2+1.013)/ (1.013-300/750)) '+ * 0.8 = 2.0 kg/m?
The outlet velocity v> =it / (p2 A2) = 0.1 / (2.0%0.25*n* (3*0.0254)%) = 10.96 m/s
Rate of increase of kinetic energy K. = % 1h (v2> — v/%)
=1 *0.1 * (10.96% - 6.85%) = 3.664 W
Rate of flow work F, = P2V2 — P1Vi= i1 (Pa/ p2 - Pi/ pi)
=0.1((1.2+1.013)/2 - (1.013-300/750)/0.8)*10°= 3402.5 W
Work of changing volume W, = rir f{Pdv = i Pyvi"*fdv/v!*
=1 Pvi'* (v2 0% — v, 9%/ (-0.4) =i (Pivi- P2v2)/0.4
=0.1((1.013-300/750)/0.8 - (1.2+1.013)/2)/0.4 = -8.5 kW
Compressor power = - (Pe+ K.+ F,)) + W, =-11.9 kW
Torque = power / ® = 11900 / (300*2*7/60) = 379 N.m
Note that potential and kinetic energy changes are negligible, which is often the case for
gases, except for very high velocity flows (usually supersonic). Work of changing volume
dominates, unlike the case of liquids where this work vanishes.

Example 3. 6 Oil flows through a converging nozzle having an inlet diameter of 10 cm and
an outlet diameter of 5 cm. The pressure difference across the nozzle is 1.5 bars, and the oil
density is 750 kg/m?, its viscosity being 0.01 kg/m.s. Knowing that the change in kinetic
energy is due to the change in the flow work, find the inlet and outlet velocities.

Aswer:
From mass balance m = p; vi A1=p2 v2 A2
2 v2 =vi ¥(41/42) = v1 *(10/5)* = 4v ----- (D)
It's clear that the kinetic energy increases. This means that the flow work should be negative
in order to compensate for the energy required to accelerate the flow.
The flow work F, = PaVa — P1Vi= 11 (P2 p2 - Pi/ p1) =11 (P2- P1) / p
= - * 1.5%10°/750 = -200 11
The increase of kinetic energy K. = Y i (v2* — vi?)
Since the increase in kinetic energy is due to the flow work solely we have:
K+ F,=0
Yo rir (V22 — v12) =200 72 = 0
2 (v22—v/?) =400 ---- (2)
From (1) and (2) we get vi=5.164 m/s; vo= 20.666 m/s
N.B: - There is no work in this problem because there is no force associated with
displacement, except for the so-called flow work. The latter is, by definition, considered as
part of enthalpy, not of work. The integral [Pdv does not represent work because pressure
is not uniform. Hence, the integral - [VdP has also no physical meaning.

Example 3. 7 Gravitational force F' between any 2 bodies is given by the following law:
F=Gm m2/r*, where G is the universal gravitation constant 6.67 10! m*/(kg s?) m; and
my are masses of both bodies and 7 is the distance between their centers of gravity. If earth
radius 7. is 6400 km and gravitational acceleration at sea level g is 9.81 m/s?, estimate the
mass of earth. Develop an expression for potential energy of a point mass at sea level
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compared to a reference at infinity from earth where gravitational forces vanish. Find the
escape velocity ve, which is defined as the velocity at which a vertically launched body
will never come back to earth, assuming no air resistance.
Answer:
Gravitational force exerted by earth on a body is the origin of its weight. Hence,
assuming m; is body mass and m; is earth mass:
mg=Gm m/re ie.
my=gr’/ G=9.81*(6400%1000)*/ 6.67*10'' = 6.02 * 10** kg
Change in potential energy while moving from sea level to infinity is given by:

APE = j:der = jZ(Gml mz/rz)dr =Gmym,/r,

This should be compensated by an initial kinetic energy, given by:

AKE = m, v’ / 2

Equating both energies gives:

v,=2G my/r, =T\/2 *6.67*10711%6.02%10%/6.4*10° J/IOOO =11.2km/s

Example 3. 8 An airplane of mass 25 metric tons is flying at a velocity of 900 km/h at an
altitude of 1km above sea level. Air drag force is 28kN. Express kinetic and potential
energies in MJ, kWh and BTU. Express power needed to drive the airplane in MW, HP
and BTU/s.

Answer
KE =" mv? =" *25000 * (900*1000/3600)> / 10° = 781.25 MJ
=781.25 * 1000 / 3600 kWh =217.01 kWh
=781.25 * 10°/ 1055 BTU = 740 521 BTU
PE=m g H=25000%9.81*1000 / 10° = 245.25 MJ
=245.25 * 1000 / 3600 kWh = 68.13 kWh
=245.25 *10°/ 1055 BTU = 258 739 BTU
Power = Drag force * velocity = 28000*(900*1000/3600) / 10° =7 MW
=7 *10°/ 746 HP = 9 383 HP
=7*10°/1055 BTU/s = 6 635 BTU/s

Example 3.9 Aswan High Dam retains incoming water such as to create a water level
difference of 80 m of water level upstream of the dam compared to the water level
downstream of the dam. The dam has gates at its bottom that can control water flow
through the dam. At a given moment, the open area by the gates was 70 m”. Assuming no
friction and that the water density is 1,000 kg/m?, find: a) Water speed through the gates;
b) Water mass discharge; ¢) Maximum electric power a turbine can produce using water
power

Answer
Taking as a system the water upstream of the dam:
There is neither work nor heat exchanged by tis system.
Stored energies inside the system do not change with time (steady flow).
Hence entering masses are at the water high level with a negligible velocity.
Leaving masses through the gates are at the reference level with high speed.
First Law gives: 7itin (g h)in = titour ( V2 V¥)our.
= Vour = V(2 g h) = V(2%9.8*80) = 39.6 m/s
From mass balance, mass flow rate is: 7z = p v 4 = 1,000%39.6*70 = 2.772*10° kg/s
Turbine power: W = ritin (g h)in = titour ( V2 V2)our= 2,173 MW
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4. Pure substance and the equations of state

4.1. Definitions

A pure substance is defined as a matter having a homogeneous and invariable chemical
composition in all its phases. A phase is a large group of molecules having the same chemical
composition and physical properties. Phases include gas, liquid and solid phases for different
crystalline structures. Several phases may co-exist in equilibrium. Some materials containing a
mixture of different chemical compounds, such as air, may be considered as a pure substance
as long as no phase change occurs. In fact, cooling of air at very low temperature would result
in condensation of oxygen before nitrogen. At those low temperatures, chemical composition
of liquid and gaseous phases of air would be different. Otherwise, at normal or high
temperatures, air is in only one phase: gas. It can be thus considered as pure substance under
these conditions. In this chapter properties that will be considered are those previously defined,
i.e. pressure, temperature and specific volume as well as internal energy and enthalpy. There
are other properties that will be defined and studied later, after introducing Second Law.

4.2. Phase change

Phase changes occur in all materials according to the same general scheme presented below.

4.2.1. Evaporation at constant pressure

Suppose we start with a liquid phase in a constant pressure chamber (vertical frictionless
piston and cylinder arrangement (Figure 4-1)). State changes will be shown on 7-v chart.
Starting point is liquid (point a). By adding heat, temperature rises, while volume slightly
increases before reaching point b where the first bubble appears. State at b is called saturated
liquid, while along any point on ab it is called compressed or subcooled liquid. Adding more
heat will not raise temperature but will be used to evaporate liquid (large increase in volume)
until we reach state ¢, where the last droplet evaporates, called saturated vapor, the state of any
point along bc is called wet vapor. It is composed of a mixture of saturated liquid and saturated
vapor in equilibrium. Heat added along bc is the latent heat of evaporation. Adding more heat
will result in a raise of both temperature and volume. States along cd are called superheated
vapor.

In the wet vapor region, as heat is added, the mass of saturated vapor m, having the constant
specific volume v increases on the expense of the mass of saturated liquid mshaving the specific
volume vy Dryness fraction (or quality) x is defined as the percentage of vapor in the mixture
by mass: x = mg / (my+ mg). Mixture specific volume is the direct sum of the volumes of each
phase: v=x vg + (1-x) v,=vr+ X v =ve — (1 —X) v. (Where v = vg — V).

If the experience is repeated at a higher pressure (P> > Py, figure 4-2), another curve having
the same general shape will be observed except that evaporation temperature is higher, specific
volume of saturated liquid (b') is slightly higher, while that of saturated vapor is smaller (c').
The locus of all saturated liquid points at different pressures is called the saturated liquid line,
while that of saturated vapor points is called the saturated vapor line. Both lines meet at a point
called the critical point (C) where properties of liquid and vapor are indistinguishable.
Properties at the critical point are called critical temperature 7, critical pressure P. and critical
specific volume ve..

4.2.2. Fusion and sublimation

If heating starts at a solid phase (point e in figure 4-3), temperature will rise until fusion
starts at point f (saturated solid). During subsequent heating, temperature remains constant until
all solid has been transformed into liquid (point g). Heat received during fusion is the latent
heat of fusion. Subsequent heating leads to point ‘a’ from which further heating will proceed as
before. Repeating experience at higher pressures will give saturation lines for solid liquid
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transformation, which do not meet because pressure has a negligible effect on both solid and
liquid specific volumes. Figure 4-3 represents phase changes for materials that expand during
fusion, which is the most common case. Water is one of few exceptions where mater shrinks
during fusion. Phase change for water follows Figure 4-4.

If the previous experience was repeated at very low pressure starting from point k in Figure
4-3, then at a certain temperature point / is reached where solid is transformed directly into
vapor, which is called sublimation. Heating continues until the latent heat of sublimation is
added, in which case only vapor remains (point m).

If experience was repeated at a certain intermediate pressure (point x), point y is reached in
which solid is transformed into both liquid and vapor simultaneously. Further heating results in
a pure vapor phase (point z). The line y-z is called the triple line, because 3 phases coexist.

All above transformations can also be represented on a P-T chart Figure 4-5. Since phase
change at constant pressure is also at constant temperature, phase change lines in previous
figures retract here into a point. Two points are of particular interest: the triple point and the
critical point.

4.3. Tables and charts for thermodynamic properties

In order to construct tables and charts, we need first to know how many intensive properties
are needed to fully describe the thermodynamic state of a system.

4.3.1. Phase rule

Thermodynamic state properties describe system status from the thermodynamic point of
view. This means the ability of a system to exchange energies with its surroundings. Energies
that may cross the boundaries are mainly heat and work. The ability to exchange heat is
governed by one state property, namely temperature. There are many forms of work. For each
form, a state property is needed to describe the ability to exchange. This may include pressure
(work of changing volume), electric potential (work of electric field), elastic deformation (work
of elastic forces), etc.

The number of state properties required to fully describe the thermodynamic state (also
called the number of degrees of freedom F) of a single phase containing a pure substance is
equal to the number of possible ways of exchanging work +1.

In case the only form of work was that of changing volume, then F'= 2.

If the phase contained ¢ chemical components, then we need c-1 concentrations to describe
its content (the sum of all concentrations = 1). In case we have p phases, we need:

p (c-1+2)=p(c+ 1) different properties to describe system status in all phases.

However, between each couple of phases there are equilibrium conditions. This includes
thermal equilibrium (equal temperature), mechanical equilibrium (equal pressure) as well as
chemical equilibrium (to be studied later in part II) between concentrations of each component
in both phases. This gives a total of: (p — 1) (c + 2) conditions. Hence, the number of degrees
of freedom required to fully describe the thermodynamic state of a system is:

F=p+1)-(p-1)(c+2)=c—p+2

For instance, for a pure substance (c=1) in a single phase (p=1) F'=2. For a wet vapor (p=2),
F=1. This means only one property (either pressure or temperature) is sufficient to describe the
state of each phase (liquid or solid). However, the percentage of each phase still needs to be
specified through the quality. Finally, for the triple point (p=3) all thermodynamic properties
of each phase are defined and cannot be changed (F=0), as long as we remain in the triple point.

4.3.2. Thermodynamic surfaces

Figure 4-6 shows the relation between pressure P, temperature 7" and specific volume v for
a given pure substance. Since, there are 2 independent state properties for any phase, relation
between different state properties are represented by surfaces. States of equilibrium between 2
phases are represented by lines (one degree of freedom).
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4.3.3. Structure of thermodynamic tables and charts

Plans of constant pressure at different values of pressure would intersect thermodynamic
surfaces in lines, called lines of constant pressure. All these lines can be projected on the 7-v
plan to build the so-called 7-v chart, which were presented above (Example Figure 4-3). The
same can be done with plans of constant temperature that would intersect thermodynamic
surfaces at different lines, which when projected on the P-v plan would result in the so-called
P-v chart.

Constant pressure lines (or equivalently constant temperature lines) are functions relating 7’
and v (or P and v) each for a given parameter: the pressure P (or the temperature 7). These
functions can be tabulated constructing thus the so-called thermodynamic tables.

Tables for the case of a single phase do have two entries, usually pressure and temperature,
giving the specific volume, internal energy and enthalpys for each combination.

For the case where two phases are in equilibrium, tables have a single entry (either
temperature or pressure). They are called saturation tables.

4.4. Equation of state for ideal gases

Tables and charts may give precise predictions of the values of state properties. However,
there are many cases where a mathematical model is useful. For instance, in a design problem
an optimum solution can be easily found using such model.

Mathematical model may be purely empirical or based on a simplified theory. In this section
the kinetic theory of gases will be used to deduce an equation of state, i.e. an equation relating
state properties. The theory is only approximate. It gives small errors for the so-called ideal
gases, i.e. gases satisfying the following assumptions:

— Gas molecules are very far apart (negligible volume of molecules compared to volume
occupied by the gas, negligible intermolecular forces and negligible time of impact)

— Gas molecules are spherical, smooth and perfectly elastic (motion is purely translational,

no momentum losses by collisions and no preferred direction)

In order for the theory to be applicable, the medium should be a gas, i.e. not a liquid or even
a wet vapor. It must also be ideal, in the sense very low density. All gases at pressures much
less than their critical pressure P. and/or at temperatures much higher than their critical
temperature 7¢, can be considered as ideal. Otherwise, more complicated models should be used
that will be introduced in the next section.

Consider a cube of side L, in which a molecule of gas having a mass mo freely moves (Figure
4-7). Due to its y component of velocity v,, it will hit the face W and bounce back with a velocity
having a y component — v,. Hence, momentum change is 2m,v,. Time required to come back
again to face W after hitting face W' is: 2L / v,. Hence, force on face W can be deduced from
the time rate of change of momentum, which will give the pressure P on face W exerted by all
molecules: P=1[2mo Y. v?,/(2L)]/ L*. = P V =m, 2. v*,, where V' = L3 is the volume. Taking
into consideration the principle of equipartition of kinetic energy along the three axes (x, y and
z) due to the randomness of molecular motion, then Y. v2, = 1/3 N v?,,s where N is the total
number of molecules and v« 1s the root mean square velocity. Hence:

PV=1/3 Nmo Vzrms

Dividing by the number of moles n we get:

P = (N/n) [(1/3)myvZ,]; where N, is the number of molecules per mole, i.e.
Avogadro’s number 6.0225°10%° Molecules/ g-mole. The factor between squared brackets in
the RHS is proportional to the translational kinetic energy of molecules. Since it is the only
form of internal energy (no potential energy due to intermolecular motion, no rotational
motion), this factor should be proportional to temperature: (1/3) mo v?ms= k T, where k is
Boltzmann’s Constant: 1.38054*10°* J/K. Hence:
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PV =RT ;where: R = Nsk =8 314 J/ kmol- K is the Universal Gas Constant

This is the ideal gas equation of state. It may take different forms. Multiplying both sides
by n: P V=n R T; dividing by the mass m:

Pv=(m/m) »T=RT  where R is the specific gas constant R = R/u = R (n/m).

4.5. Calorific equations of state (Internal energy and enthalpy)

For a single-phase pure substance, in the absence of electric and magnetic effects, the
number of degrees of freedom is two. The thermal equation of state thus gives any of the three
properties: 7, P or v in terms of the other two. Similarly, energy properties u and / have to be
related with other state properties by the so-called calorific equations of state.

4.5.1. Specific Heats
Specific heats, also called heat capacities, are defined as follows:

Constant volume specific heats are: ¢, =(0u/oT) v = (8&/ orT )‘

Constant pressure specific heats are: c, = (6h/0T), cr = (6%/ or )

P

Specific heat with a letter ¢ without overbar designate the specific heat per unit mass;
while the letter ¢ with overbar is used for specific heat per kmole.

Specific heat ratio is defined as: y =cp/ ¢\ .

4.5.2. ldeal and semi-ideal gases

It has already been proved, based on the kinetic theory of gases (section 4.4), that for an
ideal monatomic gas (i.e. molecules are composed of one atom):

Py =N, (myv2,)3= »T

where my is the mass of one molecule, N4 is Avogadro’s number and v, is the root mean
squared velocity of gas molecules undergoing translational velocity only. The factor 3 was due
to the principle of equipartition of energy, according to which kinetic energy has to be equally
distributed over all possible degrees of freedom (3 in this case). Since the only form of internal
energy is kinetic (negligible intermolecular forces), internal energy should be:

_ 1 3 7
u :NA(Emonzmsj Hence: u 254’T,i_e_ uzﬁ/u:%iT:%RT
1)

Note that the factor ‘3’ in the above expression was due to the fact that for translational
motion, there are only 3 degrees of freedom, corresponding to velocity components over the
three axes (x, y and z). for diatomic molecules (i.e. containing 2 atoms per molecule), there are
possibly two more degrees of freedom, over which kinetic energy may be distributed,
corresponding to rotation around the two axes perpendicular to that joining both atoms. For a
polyatomic molecule (more than two atoms) there are 3 degrees of freedom for rotation around
the three axes. Moreover, there can be a vibration kinetic energy, corresponding to atoms
moving with respect to each other inside the molecule. This represents one additional degree of
freedom for diatomic gases and many for polyatomic gases. In general, the factor ‘3’ should be
replaced by f, the number of degrees of freedom. Above cases are summarized in Table 4 — 1.

Internal energy thus takes the form: u =f/2 R T.

While enthalpy is: 4 = u+Pv = u+RT = (f/2+1) RT.
From which:

ov=00uloDy=fR12; c,=@hDp=(/2+1)R;
y=cp/cv=(+2)/f ;cp —cv=R

Hence: ¢, =R/(y-1) ce=YyR/(y-1)
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Clearly, specific heats remain constant for an ideal gas as long as /' does not change, which
is the case as long as temperature variations remain moderate. A rough estimate for f'(hence v,
cp and c¢,) for most ideal gases at room temperature undergoing moderate temperature variations
is obtained assuming they have both translational and rotational velocities only.

For large temperature variations (many hundreds to thousands of degrees Celsius) cp and ¢,
may vary with temperature due to variations of /. In which case, there are tables giving cp(7)
for different gases. Gases at such conditions are called semi-ideal, in the sense: they do satisfy
the ideal gas equation of state (Pv = RT), their internal energy and enthalpy are only function
of T (not P), but their specific heats are temperature dependent. Nevertheless, the relation ¢, —
¢y = R still holds. Hence:

T,

hy—h = j: ep(TWT  uy 1= [ [e,(T)~R]T

Tl
u—ur=hy—hi—R(T> — Th)
4.5.3. Multi-phase mixtures
The example considered, to show the general procedure, is that of wet vapor, which is
composed of a mixture of saturated liquid and saturated vapor under thermal and mechanical
equilibrium (same 7 and P). If specific internal energy and enthalpy for saturated liquid and gas
are denoted uy, hy, ug, he, respectively; while difference are denoted usy = ug — uy, hyy = hg — hy,
respectively, then:
u=xug + (1-x)ur
u= ur t xug
u= ug — (1-x)ug
h=x he + (1-x)hs
h= hr + xhg
h=he — (1-x)hg
Note that /4y is also called latent heat of phase change at constant pressure.
Similar rules can be deduced for any other phase change.

4.6. Equations of state for real gases
4.6.1. Thermal equation of state

For high pressure (closer or greater than P.), low temperatures (closer to or lower than 7¢),
the ideal gas equation of state is not valid. The Beattie Bridgman equation of state is an
empirical relation that fits measured data that has a common form for all gases but with a certain
number of constants that are tabulated for all gases.

Van Der Waals (VDW) equation of state is based on the ideal gas equation of state, after
modifying it to take into consideration, at least partially, effects that were neglected in its
derivation. The volume of molecules may not be negligible compared to gas volume, due to
high density, which is the reason why the factor (v-b) will replace v, where b is a constant. Also,
intermolecular forces will modify observed pressure by attracting molecules hitting the walls.
The force is directly proportional to the square of masses and inversely to the square of the
distance between molecules. That is why the factor (P + a/?), where a is another constant, will
replace P to give:

(P+ah?)(v—b)=RT whereaand b are constants that depend on the gas. Constants
will be selected such as to satisfy two conditions that are observed for all gases: The function
relating pressure with volume at constant temperature has a zero first and second order
derivatives at the critical point. This gives:

a=9RT.v./8 b=v./3 (*)

At critical pressure and temperature P. and 7., VDW equation, using above a and b,
predicts a specific volume that satisfies:

Pc:(3/8)R Tc/ch
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The symbol ve,, was used to designate the specific volume as predicted by VDW. Using it
in place of v. in (*) and substituting in VDW gives:
(Pr+ 3/ven?®) (3 vm— 1) =8 Tr

where Reduced properties Pr, Tr, vrm are defined as:

Pr=P/ P, Tr=T/T-. VeRm =V / Vem (Where ven = (3/8) R T. / Pe)

Van Der Waals equation is more precise than the ideal gas equation in a wider range. It is
still not absolutely precise everywhere. It predicts that the behavior of all gases would be the
same if expressed in terms of reduced properties. This is called the law of corresponding states.
It holds experimentally for all gases with a negligible error. Based on it, the so-called
compressibility charts were built to predict the behavior of any gas using the concept of
compressibility Z (defined as Z = Pv/RT) as a function of Pz, Tr (Figure 4-8).

To calculate the compressibility factor Z in high precision, use can be made of the Soave
modification of the Redlich — Kwong equation (SRK).

Compressibility factor Z is defined as:

7=
RT
Pressure P above can be expressed from the SRK equation as:
P RT o a
v-b  V(V-b)
where:

a=042747(RT.)’ [P
b=0.08664RT. /P

2
a=|1+m(1-1; )]
m=0.48508 +1.55171w - 0.1561 &*
coefficient @ is called the acentric factor.

Substituting above expressions in the definition of Z we get an expression that only depends
on reduced properties: Tr = 7/T., Pr = P/P., vk = V/v.. , in addition to . It is a cubic equation
in v, having a well-known solution.

4.6.2. Calorific equation of state for real gases
For gases at high pressure P and/or low temperature 7' (compared to their critical point)
specific internal energy u and enthalpy 4 depend on two state properties. They are tabulated for
common gases in terms of P and 7 in thermodynamic tables. There are also compressibility
tables for enthalpy deviation from the semi-ideal gas, which can be easily used to predict values
for all real gases. Their derivation is an application of Second Law.

4.6.3. Liquids and solids

Liquids and solids are incompressible, unless pressures were extremely high. In the latter
uncommon case, their calorific properties (u and /) are tabulated in thermodynamic tables
similar to real gases. Otherwise, in the majority of cases, u and /# depend on temperature only.
Note that the difference between specific heats vanishes: cp = ¢, = c.

To get calorific properties for a liquid at a given P (not excessively high) and 7, imagine
that it has arrived to this point by compressing saturated liquid at the same temperature T
through a reversible adiabatic (g=0) process. Original pressure Ps.(T) < P (otherwise it would
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not have been a liquid). If compression was performed in a closed volume, work w=0 (no
change in volume); hence, u (7, P) = us.(T). If compression was performed in an open system,

then: w= jP vdP Vot (T )(P mt( )) (specific volume is assumed constant). Hence: /4

vat

(T, P) = hsa: (T) + vsm(T) (P — Psad(T)). Second term in the RHS is usually small.
For solids, u depends on T only (4 has no meaning). For crystals at ambient temperature:
c=37.

4.7. Ideal gas mixtures
4.7.1. Thermal equation of state

Mixtures of non-reacting gases, not undergoing phase change, may be considered as pure
substance. They will be studied here assuming their density is very low, i.e. assuming ideal gas
equation holds. Mass fraction x; and mole fraction y; of any component i in the mixture are
defined as:

xi=mi/ mr ;mr= Xim; ; yi=n;i/nr; nr= Zin;
where m; and n; are respectively the mass and number of moles of component i.
Mixture molecular weight is defined as pr=mr/ nr. It can be computed from:

ur=mr/nr = (Zim)/ nr= (i n; W) / nr =i yi Wi

ur=mr/nr=mr/ (Zim)=mr/ (Zim;/ w)=1/Zixi/ W)
Note that: x; = m;/ mr = niw/( nrur) = yi wi/ur
In order to model gas behavior in a mixture, Dalton has assumed the following:

— Molecules of each component occupy the whole mixture volume V, since they are
free to move everywhere

— Temperature of each component is the same as that of the mixture 7, due to
collisions between molecules of different components

— The pressure exerted on the walls containing the gas mixture due to the impact of
molecules of component i alone, also called partial pressure P, is less than mixture
pressure P. In fact: P=2P;.

Hence, applying ideal gas equation for each component: P; ¥ = n; R T. Summing over all
components gives P V' =nr R T. Dividing the first relation by the second gives: Pi/P = y;.

Amagat has used another model in which each gas component i occupies a partial volume
Vi, such that V' = ZV.. ; while each component has the same pressure and temperature of the
mixture. Applying ideal gas equation for each component and summing as above: Vi/V = y..
This is the reason why mole fractions are sometimes called volume fractions.

4.7.2. Calorific equation of state
For ideal gas mixtures, specific and molar calorific properties are obtained by summing
corresponding properties for each component i, assumed it to be at the same temperature as the
mixture, each multiplied by either its mass fraction x; (to get specific properties per unit mass)
or its mole fraction y; (molar properties to get specific properties per kmole).

umix(T)z ixiui(T) hmlx(T) szzhz(T) CPmLx() 2X ch() Cvmix(T) xle(T)
ﬁmix(T)=Ziyiﬁi(T) Emix(T)ZZiyihi(T) CPmix( )_Ziyi Pi( ) vmlx( ) Vi w( )
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Solved Examples 4: Pure substance and the equations of state

Example 4.1 Compare the specific volume of superheated steam calculated using the ideal
gas equation with the value given by steam tables for the following states: a) 1 bar, 150°C
b) 275 bars, 440°C.
Answer:
The ideal gas equationis Pv=RT,R=R/u
For steam (H2O): u=1*2+16  =» R=28314/18 J/kg.k

a) Vaideal = RTo/Pa = (8314/18)*(150+273)/(1*10°) = 1.954 m’/kg
Form steam tables v, tables = 1.937 m3/kg
Hence the percentage error of the ideal gas eq. = 0.87%
Note that the error is small because the pressure is rather small, which provides good
conditions for the application of the ieal gas model.

b) Vbideas = RTo/Pp = (8314/18)*(440+273)/(275*10°) = 0.01197 m’/kg

From steam tables at P = 275 bars P ‘ 250 bar ‘ 300 bar
By interpolation v | 0.0086986 | 0.0062267
vb = (275 — 250)*(v300 —v250)/ (300 — 250) +v250
= 0.00746 m*/kg

Hence the percentage error of the ideal gas eq. = 60.4%
The error is large due to the high pressure, which is close to the critical pressure. Hence
the ideal gas model is not applicable.

Example 4. 2 Wet steam at a pressure of 3 bars and a quality of 0.2 enters a heating tube
where it evaporates at constant pressure. If the quality of the steam leaving the tube is 0.9,
calculate the integrals [Pdv , [vdP, the flow work and heat exchanged.

Answer:
The integral ) = [Pdv
Since P = const., then 1= P (v2 —v1)
To get vi: vi=x1vgt+(l—x1)vs given: x1 =0.2
At P =3 bar from saturated steam table v, = 0.6057 m*/kg, v¢= 0.00107 m*/kg
= v =0.122 m’/kg
To get vi: v2=x2vg+ (1l —x2) vr given: x2 =0.9
= v =0.545 m/kg
1= 3*10°*(0.545 — 0.122)/1000 = 126.9 kJ/kg
The integral I> = - [vdP
Since P = const., then 1,=0.
The flow work fi.:  fiw = Pov2—Pivi=P (v2 —v1) = 126.9 kl/kg
The process work w: w=1; -f, =0 (No means to exchange work inside the tube)
The heat g:
Since the quantity of steam that has evaporated in the tube is (x> — x1) for each kg of mixture,
and since the latent heat of evaporation /4y, at 3 bars is (from saturated steam tables): 2164
kJ/kg hence
q=(x2—x1) hp=0.7%2164= 1514.8 kJ/kg
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Example 4. 3 Calculate the specific volume of water at the following states: P= 20 bars,
Saturated liquid; b) P= 20 bars, t=200°C; ¢) P= 100 bars, t=200°C
Answer:
a) From saturated temperature steam tables:

P | 1908 | 2320
Ve \0.001173\0.001190

ve=0.001173+ (20 — 19.08)(0.00119 - 0.001173)/(23.20 — 19.08)
=0.0011735 m¥/kg
(Note: one could have also used saturated pressure tables)

b) At 20 bars, saturation temperature is: 212.42 < 200°C. Hence water is subcooled.
But the degree of subcoolilng is small. We can use saturated tables at the same
temperature:

From saturated steam tables at t= 200°C
vr=0.001157 m’/kg

c) Water is at a very high pressure. From subcooled steam tables at P= 100 bars, t=
200°C

vr=0.001148 m’/kg

Example 4. 4 Using the compressibility chart, find the temperature of CO; at the following
states: a) P= 67 bars, v = 0.0118 m>/kg; b) P= 150 bars, v = 2.02*10™* m*/kg; c) the critical
point.

Answer:

Critical values for CO», as obtained from standard thermodynamic tables are:
P.=73.9 bar, T. = 304.2 K, v. = 0.0943 m*/kmol

Case a):

Pr=P/P.=0.9066

ve=V P/R Tc=1.517; (R for CO2 is 8314.5/44)

Hence from compressibility chart:

Z=0.92

Hence Tr=1.5,1.e. T=456 K
Case b):

Pr=P/P.=2.03

ve=vPJ/R T.=1.517;

Hence from compressibility chart:

Z=04

Hence Tk =1.32,1.e. T=400 K

Case c):

P=P.=73.9 bar, v=v,=0.002134 m*/kg; Pr =1

The critical point is clearly marked on the chart, giving
Tr=1 hence T=7=304.1K

Example 4. 5 Repeat calculations of Example 4. 4 using the ideal gas equation and the Van
der Waals eq. and in each case estimate the error of each predicted value with respect to
the value given by the compressibility chart. In addition, find the same results at the critical
point.

The ideal gas eq. is Pv=RT ------ (1)

The Van der Waals eq. (Pg + 3/Ven?) (3 Vem — 1) = 8 Tg ----—-- ()
For ideal gas:
State ‘ P (bar) ‘ v ‘ T ‘ % error
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a 67 0.0118 420 8%

b 150 2.02%10™ 160 60%

c 73.8 | 0.002134 83.3 72.6%
Notice that for state (a) the specific volume is about 4 times greater than the critical
volume, which means density is rather low, i.e. the ideal gas equation should give a

rather small error. But for states (b) and (c), the specific volume is very small (high
density) which gives a very big error.

For VDW eq.:
State | P (bar) v Pr VRm Tr T % error
a 67 0.0118 0.908 4.05 1.52 463 1.4%
b 150 | 2.02*10* 2.03 0.69 1.11 339 15.2%
c 73.8 | 0.002134 1 0.73 0.98 300 1.4%

Notice that VDW equation is significantly better than the ideal gas equation for all
states, although not always correct (case b). The rather good result at the critical point

is due to the fact we have imposed on this equation to satisfy it.

Example 4. 6 A gas mixture having the following gravimetric analysis 70.5% N2, 29.5%

CO; is at 3 bars and 150°C. Find the mixture molecular weight, the volumetric analysis

(the mole fraction), the partial pressure of each gas, and the mixture specific volume.
Answer:

The mixture molecular weight pr= 1/ (Z; xi / W)

=1/((0.705/28) + (0.295/44)) = 31.365
The mole fraction is obtained from y; = x; p7/p

For N» = yn2 = 70.5%31.365/28 = 79%

For CO» = yco2 =29.5%31.365/44 = 21%
The partial pressure follows the relation P; = y; Ppix

For N» = Pn2=0.79%3 =2.37 bars

For CO> = Pco2=0.21*3 =0.63 bars

The mixture specific volume follows the relation viuix = RTmiv/Pumix
Vmix = (8314/31.365)*(150+273)/(3*10°) = 0.374 m*/kg

Example 4.7 A membrane separates a rigid tank into two rooms. Room A contains 0.4 kg

of Oz at 2 bar and 80°C. Room B contains 0.9 kg of CO at 1.2 bar and 50°C. The
membrane ruptures; gases are mixed and left until their temperature reaches that of
ambient air 27°C. Find the final pressure as well as the partial pressure of each gas.
Answer:

For O pn=32; R=28314/32 =259.8 J/kgK

For CO n=28; R=8314/28 =296.9 J/kgK

Hence the volume of each room can be obtained from the ideal gas eq. PV=mRT:
Vi=0.4%259.8%(80+273)/(2.0%10%) = 0.1834 m’

Ve =0.9%296.9%(50+273)/(1.2*¥10°) = 0.7193 m*

Hence total tank volume V' = V4 + V5= 0.9027 m’

In order to obtain mixture molecular weight as well as partial pressures, we need first to get
mol fractions (also known as volume fractions). Note that volume fractions are NOT V4/V and

Vs/V. They are obtained as follows:
Moles of O2: ny =0.4/32 =0.0125 kmol
Moles of CO: ng =0.9/28 = 0.0321 kmol
Volume fraction of O2: y4=0.0125/(0.0125 + 0.0321) = 0.28 (28%)
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Volume fraction of CO: yp=1-0.28=0.72 (72%)

Hence puix = Zi yi i =0.28 32+ 0.72 * 28 = 29.1

Mixture pressure can be obtained from the ideal gas equation :
Puix = (0.4+0.9) * (8314/29.1) * (27+273) / 0.9027 / 10° = 1.23 bar
Parial pressure of Oz: P4 =0.28%1.23 =0.345 bar

Parial pressure of CO: Pp=0.72*1.23 = 0.888 bar

Example 4. 8 A 35 litre rigid tank contains initially 4.2 kg of O at 50 bar. The tank has a
safety valve that is adjusted to open if the pressure reaches or exceeds 55 bar. The tank
recieves heat, which raises its pressure. The safety valve opens to relase 10% of the initial
mass. Find initial and final temperatures assuming the gas obeys the following equation of
state: a) ideal gas; b) Van Der Waals.

Answer:
The initial specific volume is: vi = 0.035/4.2 = 8.33*10m*/kg
Final specific volume is: v2 = 0.035/(4.2*0.9)= 9.26*10>m’/kg
Specific gas constant R = 8314/32 = 259.8 J/kgK
a) Gas follows ideal Gas equation Pv = RT
Initial temperature 71 = 50*10° * 8.33*%107/(259.8*4.2) = 160 K
Final temperature 7> = 55%10° * 9.26*107/(259.8%4.2%0.9) = 196 K
b) Gas follows Van Der Waals equation (VDW) (Pr + 3/Vra?)*(3vem — 1) = 8Tk
Critical constants for Oz: P. = 50.4 bar; 7. = 154.6 K
Vem =3/8 R T. / Pc = 2.99*10 m’/kg
Initial reduced specific volume: vrm1 = vi / vem = 2.79
Initial reduced pressure: Pr1 = P1/P. = 50/50.4 = (0.992
Hence by substitution in VDW equation: T = 1.27; 71 = Tri*Tc = 196 K
Final reduced specific volume: vrm2 = v2 / vem = 3.1
Final reduced pressure: Pra = P2/P. = 55/50.4 = 1.09
Hence by substitution in VDW equation: Ty = 1.46; 7o = Tro*Tc =225 K

Example 4.9 A rigid tank of volume 1m? contains 2kg of H>O initially at 3 bar. Tank is

cooled until its temperature reached 105°C. Find the full initial and final states of steam.
Answer:

Since tank is rigid, initial and final specific volumes are: vi=v,=V/m=1/2=0.5m*/kg

At P=P;=3 bar, va= 0.001073 m*/kg, ve1= 0.6058 m*/kg.

Since v<v<vg, hence tank contains wet steam.

Hence 7' = Tsar = 133.55 °C

x1=w1—va)/(ve1 —vn) =0.825

At T=T>=105 °C, vp=0.001047 m’/kg, ve>= 1.4194 m’/kg.

Since v<v<vg, hence tank contains wet steam.

Hence P> = Psu = 1.208 bar

x2=(v2—vp)/(ve2 —vp) = 0.352

Example 4. 10 A rigid tank of volume 0.6 m? contains 0.05 kg of wet steam at 40°C.
Extraction of 0.003 kg of saturated water has resulted in a pressure decrease, which was
accompanied with heat transfer to reach equilibrium at a final mixture temperature of 30°C.
Find initial and final masses of both saturated water and saturated steam.

Answer:

Initial specific volume v = 0.6/0.05 = 12 m*/kg

Initial saturation specific volumes: v = 0.001008 m>/kg; ve1 = 19.523 m3/kg
Hence initial dryness fraction: x1 = (vi — va)/(vg1 — va) = 0.6146
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Hence initial masses: mq1 = x1*m1= 0.0307 kg; ma=(1-x1)*m1 = 0.0193 kg

After extracting 0.003kg of saturated water, the total mass has decreased to:

m2 =0.05—-0.003 = 0.047kg

New specific volume = v = 0.6/0.047 = 12.766 m3/kg

Extraction of a certain amount of saturated liquid has resulted in a pressure decrease and
hence a temperature decrease. At the new lower pressure and temperature, depending on new
saturation values, evaporation or condensation may occur.

At final state (7=30°C):

Final saturation specific volumes: v = 0.001004 m3/kg; ve> = 32.893 m’/kg

Hence Final dryness fraction: x2 = (v2 — vp)/(ve2 — v2) = 0.388

Hence Final masses: mg2 = x2*m>= 0.01824 kg; mp=(1-x2)*m> = 0.02876 kg

Example 4. 11 A vertical frictionless piston and cylinder arrangement contains R22, having
an initial volume of 140 liters. Piston mass is 40 kg and diameter is 10 cm, while
atmospheric pressure is 1 bar. Heat was added to R22 to raise its temperature from — 25°C
to — 10°C. Find final pressure and volume, mass as well as heat and work exchanged.
Answer:

A vertical frictionless piston and cylinder arrangement means the process is conducted at
constant pressure.
Initial and final pressures are: P atmospheric + piston mass*g/piston area
=1+ 40%*9.8/(r (0.1)%/4)/10° = 1.499 bar
From R22 superheat tables at point 1: 1.5 bar, — 25°C; point 2: 1.5 bar, — 10°C
vi=0.15236 m*/kg; u1=373.36 kJ/kg; v»= 0.16296 m*/kg; u>= 381.31 kl/kg
Hence:
R22 mass m =V /v =0.14/0.15236 = 0.9186 kg;
Va=mv=0.14974 m°.
Work W=P (V>— V1) =1.5*10° (0.14974 — 0.14)/1,000 = 1.461 kJ
Heat Q=m (u2 —u1) + W=_8.766 kJ
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5. Applications of First Law
5.1. Closed system processes
Most common processes will be studied in this section, which are usually performed at a
constant property. For simplicity, electrical, magnetic, chemical ... effects will be neglected.
Unless otherwise stated, the only possible form of work is that of changing volume. Similarly,
kinetic and potential energies will be neglected, unless explicitly stated.
5.1.1. Isochoric (or constant volume) process
For a quasi-equilibrium process, work is zero (Figure 5-1), hence: 12 = uz> — u1.
For an ideal or semi-ideal gas, this gives (in addition to P>»/P1 = T>/Th):

q=1u—w= [ c(TWT = [* [e,(T)~ RIAT =ho — b ~ R(T> — T).

For moderate AT : uz —ui=cv (T2 —T1) ;
5.1.2. Isobaric (or constant pressure) process
For a quasi-equilibrium process (Figure 5-2), work is wi> = [P dv = P(v2 — v); hence:
qgu=wi2tu—u1=Pva—w)tuw—um=h—h
The appearance of enthalpy in a closed system process is merely a coincidence. For ideal
or semi-ideal gases this gives (in addition to: v2 / vi = 1>/ Th):

q=hy—hi= L? Cp(T)dT . For moderate AT : hy — hi=cp (T2 —T1)

5.1.3. Isothermal (or constant temperature) process
If a gas expands (or is compressed) very slowly such as to let heat be exchanged sufficiently
with its surroundings, its temperature may be kept constant.
For an ideal or semi-ideal gas this means that its internal energy also remains constant, i.e.:
q12 — wi2 = 0. Since for an ideal or semi-ideal gas PV = RT = constant, work of changing
volume is (Figure 5-3):

w, = [ Pdv=RT [ dv/v=RTIn(v, /)= RT In(R/P,)

5.1.4. Adiabatic (no heat exchanged) process
If the system was thermally insulated, or the process was too fast for heat transfer to take
place heat can be neglected: — w12 = u2 —u1 (Figure 5-4).
For a system containing ideal gas undergoing an adiabatic quasi-equilibrium process and
the only form of work was that of changing volume:
Pdv=cdT,
1.e. using ideal gas equation of state:
cowdl'/T= — Rdv/v ;
Hence by integration:
In(TYT) =~ (Riey) In () = To)T; = (v, /vy Ve = (v, /v, 7Y
Since ¢, = R/ (y—1). Using state equation applied at points 1 and 2 we get:
Tw'=Const; T/PVv=Const.; P =Const.
Work is :
—wi=u—u1=c (T2—T1)=(cv/R) (Pov2 — Pivi) = (Pov2— Piv1) / (y—1)
5.1.5. Polytropic process
Many processes can be represented by a general relation (Figure 5-5) in the form:
P V" = Const. where n is the index. The process is called a polytropic relation. This is
NOT the most general process, although many processes are special cases of it, such as
1sochoric (n=), isobaric (n=0), isothermal (n=1) and adiabatic (n=y).
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Work of changing volume can be deduced from the process relation, assuming quasi-
equilibrium and n # 1 as follows:

wiy = [} Pdv = Rof (/v v = Pt (o™ =187 Jn = 1) = (Bvy = By )/ (= 1)
For the case n = 1, the result is the same as that deduced earlier for the isothermal process.

5.2. Open system processes

Fluid flow across an open system may be steady or unsteady. A steady flow process is
defined as an open system process during which all properties at any point in the system are
time independent. Properties may be different at different points, but each is constant in time.
This means that mass flow rate at inlet is equal to that at outlet, in order for system mass to be
constant. As in the previous section, electric, magnetic and chemical effects are neglected, as
well as kinetic and potential energies unless explicitly stated.

5.2.1. Steady flow in ducts (without heat or work)

Since g = w =0 ; nitin = mour and d(.)/dt = 0; First law reads:

(h+ % v?+ gz)in=(h+ " v? + g2)our . But h = u + Pv, Hence:

Au+APv+A(AV)+A(gz)=0

For a liquid, if friction was negligible, temperature remains constant, hence : Au=0 i.e.:

P2/pa + V2?12 + gzo = Pi/p1 + vi?/2 + gz1 ; which is called Bernoulli’s Equation. It is valid if
and only if it was for a liquid in a steady adiabatic flow without friction or work. For gases,
potential energy is negligible, hence: 4> — ki + (v2> — vi%) /2 = 0. The latter is valid for adiabatic
steady flow without work exchange and with or without friction. In a duct of variable cross
section, velocity (and hence kinetic energy) may change due to the mass balance (see section
2-10). A duct is called converging (or diverging) if its cross-sectional area decreases (increases)
along flow direction. If velocity increases (decreases) along the flow it is called a nozzle
(diffuser).

5.2.2. Steady flow in heat exchangers

Heat exchangers are equipment to exchange heat between two fluids. They are usually
thermally insulated from ambient to prevent losses (unless ambient air was one of the two
fluids). No work is exchanged except that of overcoming friction, which is usually negligibly
small compared to heat exchanged. Same goes for kinetic and potential energies. Three different
systems may be studied (see Figure (5-6)). System A (or B) is the zone occupied by fluid A (or
B) inside the exchanger. Finally, system C encompasses the whole exchanger. First law for each
system is:

SyStem A: mA (hA,out - hA,in ): QA

System B: mB (hB,out - hB,in ) = QB Note: QA = _QB
System C: 71, (h out —H A,m): ~Tilg (hB,W, - hB,m) Note: (sum of previous balances)

Mixers are equipments where two or more fluids that may have different enthalpies are
mixed. They are also usually thermally insulated with negligible work exchange. They are
governed by the following energy and mass balances:

Zi mi,outhi,out = zj‘ mj,inhj,in Zi mi,out = Z_j mj,in

5.2.3. Steady flow in work exchanging devices

Equipment exchanging work with fluid energy, in a steady flow process, are depicted in
Figure (5-7). If work is obtained from fluid, they are called turbine. If work is done on the fluid,
they are called a pump (for liquids), a compressor (gas, high pressure), a blower (gas, moderate
pressure) or a fan (gas, negligible pressure). Usually: —w = h2 — h1. Compressors are sometimes
cooled to reduce work, in which case: ¢ — w = h» — h1. For fans:
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—w=hy—hi + (V22— vi)/2

5.2.4. Throttling process

If an obstacle obstructs fluid flow (Figure 5-8) then fluid pressure drops across the obstacle,
which is called throttling process. It is encountered in valves. Usually, device is too small to
allow heat exchange, or to manifest potential energy variation. Unless fluid was gas manifesting
large pressure drop, kinetic energy variation is also neglected. There is no mean for work
exchange; hence the process is done at constant enthalpy. If the fluid was ideal or semi-ideal
gas then temperature remains constant. For real gases, temperature may increase or decrease.
Joule and Thompson have conducted the following experiments (Figure 5-9):

— Throttling at constant enthalpy (insulated system) to measure temperature variations
for real gases at constant enthalpy (Figure 5-10)

— Throttling with heat transfer to get constant temperature.
Experiments have produced the following Joule-Thomson coefficients:
Joule-Thomson coefficient u = (07 / OP)|x
Joule-Thomson coefficient ur = (6h / OP)|r
All properties of real gases can be deduced from these coefficients as shown in Part II.

5.2.5. Unsteady flow
Filling or emptying gas tanks are important special cases of unsteady flow. If a tank of

volume V initially containing a mass mpefore and internal energy uperore was connected to a line
where gas flows at higher pressure, enthalpy /i and velocity viine, tank will be filled by a mass
min to reach a mass mgfer and internal energy uaqner. No work is exchanged in such process.
Energy and mass balances give:

Q = Mafier Uafier — Mbefore Ubefore — Min (hline+l/2 Vzline) s Min = Mafier — Mbefore

Note that tank specific volume changes from Viefore = V'/ Mpefore 10 Vafier = V'/ Mafier .

Hence, energy and mass balances, in addition to equations of state written at initial and final
conditions, provide sufficient relations to solve such problem.

As for emptying, process is usually very fast leaving no room for heat exchange. It would
be easier in this case to consider the closed system containing the mass that will fill the whole
tank at the end of emptying process. This mass initially occupies part of tank volume. It
undergoes an adiabatic expansion. For simplicity, it may be considered reversible.

5.3. Problem solving methodology

Since energy plays a key role in most natural and industrial phenomena, dealing with energy
problems usually requires a global vision according to a methodology proposed here. It consists
of asking ourselves 7 questions, the answer to which will give us this global vision.

The first 3 questions form a group to be considered simultaneously:

Question 1: What is the system?

All studied laws are applied to a given system. Heat and work are, by definition, energies
crossing system boundaries. Hence, system must be chosen judicially such as to have as many
unknowns as necessary (no more, no less). Sometimes it is better to consider a large system
containing many elements to eliminate interactions between them from the unknowns list.
Sometimes many systems are considered concurrently to get as many equations as unknowns.

Question 2: What are conservation laws involved?

In other words, are there mass, momentum, charge or energy exchanges?

Question 3: What are energies involved?

Deciding whether heat and/or work exchanges are involved is usually a key decision in
problem solving. For each of them there are 3 conditions that are all needed to decide whether
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work and/or heat are present, which were amply described in chapter 3. A decision must also
be made about the presence or absence of other forms of energy changes (internal energy,
enthalpy, kinetic and potential energies ...).

The second group also contains 3 questions that need to be considered simultaneously:

Question 4: What is the process?

Is it a constant property process? Is it a steady flow process? ...

Question 5: What are known initial and final states?

Make a complete list of available properties. If the number of state properties at initial (or
final) state was sufficient, all other properties are considered as known. Process nature may
give a useful relation between initial and final state properties.

Question 6: What is the model used to relate state properties?

Is it an ideal (or semi-ideal) gas (low pressure and/or high temperature)? Is it a two phase
mixture? Can we use equations of state or should we use thermodynamic tables? This question
has an impact on the previous one, since specifying wet vapor pressure for instance immediately
gives its temperature.

Last question is separate:

Question 7: Are there any extensive data?

If all state properties given are intensive and if either work or heat are not given or any of
them is given per kilogram then it is only possible to calculate intensive properties and/or work
or heat per kilogram. If, however, any extensive property is given (for instance mass or volume)
or if either work or heat is given, then we can calculate other extensive properties and/or heat
or work. If, finally, more than one extensive property was given, their ratio may give a useful
specific property.
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Solved Examples 5: The first law of thermodynamics

Example 5.1 A 1 m’® rigid vessel containing 10 kg of steam is initially at 15 bars. The
vessel is cooled by extracting 10 MJ of heat. What are the final pressure and temperature in
the vessel?

Answer:

System: steam in the vessel (closed)

Conservation: Only energy

Energies: Heat, internal energy.

Process: constant volume

Properties: State 1 complete: m, V' (hence v), P. State 2: only V.
Model: Steam tables

Extensive: yes: m, V, Q

The first law for a closed system without KE or PE changes:
Oun—Wn=U-U
But, W =0, so for 1 kg we have:

qi2=ux— U
At the initial state: Py = 15 bar, v; = 1/10 = 0.1 m*/kg (this corresponds to wet steam since at 15
bar vgi> vi)
To get the quality xi: vi =X Vg + (1-x1) v
Knowing that at P; = 15 bar; ve1 = 0.1317, va = 0.001 m’/kg = x; = 0.7575
Hence to get u;: ) =x1 ugt + (1-x1) up

Knowing that at P; = 15 bar; ug1=2595,un =843 kl/kg = u;= 2170 kJ/kg
But g2 = O/m = -10000 kJ/ 10 kg = -1000 kJ/kg
Then from the first law u, = 2170 — 1000 = 1170 kJ/kg
Initially, we had wet steam; after cooling, final phase might be either wet or liquid.
At final state we have wet steam since v» = v; > 0.001 m3/kg
So we obtain the following equations:
uy = 1170 =x2 ugr + (1-x2) upp -------- (1)
v2=v1 =0.1=x2vg + (1-x2) vpp ---—-- 2)
The unknowns are x», P> (from which we can get uy, up, ve, vp)
By trial and error:
Assume P> =5 bar (ug = 2562, up = 639, vpr = 0.3748, vp = 0.001093)
From eq. 1: x,=0.276, from eq. 2: x> =0.2648
Assume P, = 6 bar (ug = 2568, up = 669, ver = 0.3156, vp = 0.0011)
From eq. 1: x2=0.2638, from eq. 2: x, = 0.3147
Eq.1 is a relation between P, and x, that can be drawn (assuming it to be a straight line) knowing
two points: (5 bar, 0.276), (6 bar, 0.2638)
Similarly, for eq.2 we have the points: (5 bar, 0.2648), (6 bar, 0.3147)
The solution is obtained at the intersection: P, = 5.18 bars, x, = 0.2737
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Example 5.2 Steam enters a steam turbine at 3bar and 250°C and a rate of 15 kg/s. It leaves
the turbine at 0.15 bar giving a power of 6.6 MW. Find the outlet temperature, and quality
if wet.

Answer:

System: steam in the turbine (open, steady flow)
Conservation: Only energy

Energies: Work, enthalpy.

Process: unknown

Properties: State 1 complete: T, P. State 2: only P.
Model: Steam tables

Extensive: yes: m, W

The first law for steady state open system neglecting KE, PE
qi2-wi2= (hz - hl)
But, usually for a turbine ¢ = 0, so for 1 kg we have:
-win=(ha—h)
At initial state: P; = 3 bar, ¢, = 250°C =>from steam tables /; = 2968 kl/kg
w2 =6.6 * 1000 / 15 =440 kJ/kg
So from the first law we get /i, = 2968 — 440 = 2528 kJ/kg (this corresponds to wet steam since at
0.15bar: g > hy)
At P,=0.15bar hy = 2598.5, hy= 226 kJ/kg (by interpolation)
Then hy =2528 = thg + (1 — XQ) h/‘ > x> =0.97
The saturation temperature corresponding to 0.15bar is from table: 53.95°C.

Example 5.3 Oxygen (O2) is being compressed in a piston cylinder arrangement from 1 bar
and 30°C to Sbar according to the relation Pv!-> = constant. Find the final temperature, the
work and heat interaction assuming: a) Ideal gas; b)Semi-ideal gas, the constant pressure
specific heat being temperature dependent according to: ¢, (7) = 37.432 + 0.0202 0 —
1.78.57 01 + 236.88 02 kJ/kmol.K, where 0 = 7/100 K.

Answer:

System: O, inside the cylinder (closed)
Conservation: Only energy

Energies: Heat, work and internal energy.
Process: polytropic n=1.3

Properties: State 1 complete: T, P. State 2: only P.
Model: 1deal and semi ideal gas

Extensive: No

The first law for closed system neglecting KE and PE reads:
qi2 —Wi2 = Uz — Ul
Where wi2= [Pdv, and knowing that Pv'* = constant
wia=(Pvi—Pv)/ (n-1)=R(T1 —T2)/ (n—1)
(Since Pv = RT for both cases a and b)
To get T» for both cases a and b:
/T, = (Pz/P]) (-1yn
T> = (273+30) (5/1) 0319 = 439 3 K
Hence we can calculate the work:
win=R (T] - Tz)/ (I’l - 1)
=(8314/32) (303 — 493.3)/ (0.3*1000) = - 118 kJ/kg
Case a:
w—u=c,(I—T))
Where ¢,=R/(y-1) =>(y = 1.4 because O is diatomic)
=(8314/32)/(0.4*1000) = 0.6495 kl/kg.k
Soup—uy = 0.6495 (493.3 — 303) = 88.53 kJ/kg
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And hence q12=88.53 - 118 =-29.47 kJ/kg
Case b:
w —u = fe,dT
Where ¢, =c¢,— R=(c,— 8.314) / 32
Substituting and integrating we get:
Sou—u =91.76 kl/kg
And hence q12=91.76 — 118 =-26.24 kl/kg

Example 5.4 An airplane is flying at a velocity of 800 km/h in an atmosphere at 0.6bar,
10°C. The first step of the jet propeller is a diffuser having an area ratio of 20. If air enters
the diffuser at a rate of 20 kg/s and leaves at a velocity of 10 m/s, find the inlet and outlet
areas, the outlet pressure and temperature and index of the process assuming it is
polytropic.

Answer:

System: air in the diffuser (open system moving with the airplane, steady flow)
Conservation: mass and energy

Energies: Enthalpy and Kinetic energy.

Process: polytropic with unknown n

Properties: State 1 complete: P, T and vi. State 2: only v».

Model: ideal gas

Extensive: yes: m

The first law for a steady state open system neglecting PE changes:
grz—wiz=(ha— h) + % (v2* = vi?)
But in the diffuser gi2 = wi2=0
Sohy—hi = 1/2V12—V22=Cp(Tz—Tl)
The conservation of mass for steady state gives:
m=p1vi A1 =p2v2 A2
. p1=1/vi = Py/RT, = (0.6%10°%28.97)/ (8314*283) = 0.7388 kg/m’?
Then Ay =rm/p; vi=20/(0.7388%800/3.6) = 0.1218 m?
And  A,=204,=2.436 m?
To get T» substitute in the first law
- T>» =283 +((800/3.6)* — 10%)/ (2*1004) = 307.5 K
To get P> we first have to calculate p, from the mass balance
p2=20/ (2.436*10) = 0.821 kg/m?
Hence from the ideal gas relation
P>=RT./v;= RT:p, = 8314*307.5*0.821/ (28.97*10°) = 0.7245bar
Finally to get the index: (72/T)) = (P2/P;) V"
(n-1)/n =In(T>/T;)/ In (P2/P;) = 0.44
n=1.786

Example 5.5 In an insulated mixer enters 12 kg/s of CH4 at 5 bar and 120 °C and 6 kg/s of
O at 5 bar and 30 °C. The mixture leaves at 4 bar. If the constant pressure specific heat of
CH4 = 2.254 klJ/kg K, while that of O; is 0.9216 kJ/kgK, find the mixture mass flow rate,
temperature and specific heat ratio.

Answer:

System: gases inside the mixer (open, steady flow)
Conservation: mass and energy

Energies: enthalpy.

Process: mixing

Properties: Inlet states complete: P, T'. Outlet state 2: only P.
Model: ideal gas

Extensive: yes: m
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In the absence of heat, work, KE and PE the first law for the mixer (steady state open system):
(m h)cua + (2 h) 02 = (51 h)mix
And the conservation of mass gives:
ricus T Moz = Mimix = 12 + 6 = 18 kg/s
Assuming ideal gases we have & = cpt (taking 0 °C as a reference)
But cp mix= 2 xi cpi = (12/18)*2.254 + (6/18)*0.9216 = 1.81 kl/kg
Substitution in the first law we get #,;x
tmix = (12%2.254*120 + 6*0.9216*30)/ (18*1.81) = 104.7 °C
Ymix = CP mix / Cy mix
Cymix = 21’ Xi Cyi
Cvchs = cpcrg — R cia = 2.254 — (83 14/16) =1.734 kJ/kg K
cvor=cpo2—R02=0.9216 —(8.314/32) = 0.6618 kJ/kg K
SComixr = 1.377 KI/kg K, ymix = 1.314

Example 5. 6 An insulated tank having a volume of 0.5 m? contains CO; at 1 bar and 30 °C.
The tank is filled by connecting it to a line where CO; flows at 7 bar and 45 °C, until the
pressure is equalized. Find the final mass and temperature in the tank.

Answer:

System: CO2 in the tank (open, NOT steady state)
Conservation: mass and energy

Energies: enthalpy, internal energy.

Process: constant volume, but different masses
Properties: State 1 complete: P, T. Inlet gas complete P, T.
Model: ideal gas

Extensive: yes: V

Subscript b means before filling
a means after filling
1 means in the line
The general expression of the first law neglecting KE and PE and noting that no mass leaves the
tank becomes:
O — Wio + mh; = maug - mpup
But here Q1= Wi,=0 > mihi = Mgt - Mplip
From the mass balance we have:
m;= mg - Mp
Substituting in the first law:
(M - mp) hi = matta - Mty
Assuming ideal gas (h = ¢, T, u = ¢,T) and dividing by ¢,
(ma - mp) y Ti = maTy - mpTh =-=--mnmmmmmm (1
For CO; take y = 1.33 because it is triatomic.
To get m, use the ideal gas relation PpVy, = mpR T
my=1*10°%0.5*44/ (8314*303) = 0.8733 kg
Similarly, for m, we have:

maTy = P,V/ R ="T7*%10°%0.5%44/ 8314 = 1852.3 ---—--- 2)
Substituting in (1) we get:
mq,=4.6275 kg

And hence from (2) 7,=400.3 K=127.3 °C

Example 5. 7 In a throttling calorimeter, the quality of wet steam (having a high quality)
can be calculated knowing the following: Pressure before throttling = 30 bar, pressure after
throttling = 1.2 bar and temperature after throttling = 150 °C. Find the quality before
throttling.
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Answer:

System: steam in the calorimeter (open system, steady flow)
Conservation: Only energy

Energies: enthalpy.

Process: constant enthalpy

Properties: State 1: P. State 2: complete P, T.

Model: Steam tables

Extensive: No

In a steady state open system where throttling occurs, 12, wi> and PE can be neglected. If we neglect
KE also, we get from first law:

hy=h
From table at ¢t = 150 °C: P | 1 bar | 1.5 bar

h | 2777klkg | 2773 kl/kg

Hence by interpolation we find at P, = 1.2 bar: h, =2775.4 kJ/kg
Then A1 = x1hg1 + (1-x1) hpy = hy = 2775.4 kl/kg
But at P; = 30 bar h, = 2803 hy= 1008 kJ/kg = x =98.5%

Example 5.8 A membrane separates an insulated rigid tank into two rooms A and B. Room
A contains 1 kg of N> at 3 bar, 20°C. Room B contains 3 kg of H» at 3 bar, 50 °C. If the
membrane ruptures and the two gases mix, find the mixture pressure and temperature. Find
also the partial pressure of both gases in the mixture

Answer:

System: 3 systems: Room A before mixing, Room B before mixing, Tank after mixing (closed)
Conservation: mass and energy

Energies: Internal energy.

Process: constant total volume

Properties: State 1 complete: P, T for both A and B, State 2: none (except from process).
Model: 1deal gas

Extensive: yes: m

Since total volume remains constant, we need to know the volumes of A and B before mixing
Since total internal energy remains constant, we need to know that of A and B before mixing
System A:
Vi=maR T4/ 14 P4=029 m’
Us=mycona Ta= 218.226 kJ (Cv N2 = 0.7448 kJ/kgK)
System B:
Ve=msR Ts/ iz Ps=13.43 m?
Up=mpcym T=9772.65k]  (cvm = 10.085 kJ/kgK)
System: whole tank:
From the mass balance: m+ mgz = Ny > i = 4 kg
From the first law since ¢gi> = wi> = 0 and neglecting KE, PE

Mg Ugt MBUB = Mupix Upix ============== (1)
Finally the tank volume is the sum of the volume of both rooms:

Vit V= Vyix 2)

Cymix = 2i Xi Cvi = 0.7448%1/4 + 10.085*3/4 = 7.75 kl/kg K
We get directly from eq. (1): Tmix = 322.3 K=49.3 °C
Finally substituting the ideal gas relation PV =mRT in (2)
Vinix = mmixR T/ Hmix Pix -—----- (3)
Lonix = 1/ (Zi xi/ 1) = 1/((0.25/28)+(0.75/2)) = 2.605

Hence we find from eq. (3) that P, =2.9996 = 3 bar
The mole fraction of each gas in the mixture can be obtained from y; = xi fhui/ tti

yn2 =0.25%2.605/28 =2.33% vz = 0.75%2.605/2 = 97.67%
And the partial pressure of each gas is Pi= Py Vi
Prno=0.0233*3 =0.07 bar, Pro=10.9767*3 =2.93 bar
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Example 5. 9 In Example 3. 2, assuming gas was N> initially at 27°C, find heat exchanged,
final temperature as well as spring elastic energy change. Reminder: A piston and cylinder
arrangement, with spring acting on the piston having an initial force just balancing gas
pressure, was heated to increase its volume from 1 to 3 liters. Initial gage pressure 6 bars,
atmospheric pressure 1 bar, cylinder cross sectional area 100 cm? and spring constant
6*10* N/m.

P A
bars

19 2

Q
/f 1

|—)x

Vi V2 a4

Answer:

System: 3 systems: spring; piston; N, inside the cylinder

Conservation: momentum (force balance) and energy

Energies: Spring: work and elastic energy; Piston: work; N»: Work, heat and internal energy.
Process: linear relation between pressure and volume (see proof below)

Properties: for N, State 1: complete P, 7, V. State 2: only V.

Model: ideal gas

Extensive: yes: V

System: Spring
Force balance: AF =— k Ax
(F 1s force exerted by spring, sign of x is as shown in figure)
Energy balance: Work + A elastic energy =0
A Elastic energy = % k (x22 — x1%)
System: Piston
Force balance: Fpring + Famosphere + Fno =0
(Signs of forces selected to be force exerted by piston, compared to positive x)
Fspring =kx; Fatmosphere = Ps *A;Fp = —Pwn*4
(4 = Area; P, = Atmospheric pressure)
Hence: APyv> = kAx /A = (k/4A*) AV (V = volume)
1.e. relation between Py2 and V' is linear.
Initial force in spring just balanced gas pressure, hence from piston force balance:
kxi/ A+ Pq = Pnzinitial
i.e.: x1 = (Pnoinitial — Pa)*Alk=6%*10° * 100¥10™*/ (6*10*) = 0.1 m
From geometry: Ax=AV /A =(3-1)*107%/100*10* = 0.2m =>x> = 0.3m
System Na:
Energy balance:
O-Ww=U-U)
Work is the area under the curve in P-V chart (see figure).
P;=6+1=7bar
P>=P; + APy> =7 + (6¥10%(100%10™)%) *(3-1)*10/10° = 7+12 = 19 bar
= W= (P1+P2)*AV/2 = (7+19)*10°*(3-1)*103/2 = 2600 J
U»—Ui=mcey (T —Th)
To get m apply ideal gas equation to initial state:
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Pi Vi=mRTy = m=7%10°* 1*10° *28 / (8314*300) = 0.00786 kg

To get T2, apply the same equation to final state:

P, Va=mRT> = T»=19%10° * 3*1073%28/(8314*0.00786) = 2440 K
cvn2 = 0.7448 kJ/kgK

U>— Ui = 0.00786 * 0.7448* 1000 *(2440 — 300) = 12500 J

= Q=2600+12500=151001J

Increase in spring elastic energy

= Work done by nitrogen on piston — Work done by piston on atmosphere
= W= P*A*Ax = Y5 k(x2> — x1%) = 2400J

Example 5. 10 A bipolar junction transistor has 3 nodes collector C, emitter E B ¢
and base B. If potentials at C, B are E respectively 5V, 1.7 V et 1V and the
constant currents entering C and B were respectively 200 mA and 4 mA, -

and if the transistor was maintained at constant temperature by the cooling
system, find the work and heat exchanged per second by the transistor.
Answer:

System: Transistor

Conservation: Charge and energy
Energies: Work and heat.
Process: constant temperature
Properties: irrelevant

Model: solid phase

Extensive: yes: 1

Charge conservation: sum of entering currents = 0

Ic+1Ip+1g=0

= Ig= —(0.2+0.004) =—-0.204 A

Energy balance:

Q-W =dU/dt

But at steady state, due to cooling, temperature remains stable hence internal energy also
(solid material):

dU/dt =0

Power due to electric current:

W =3 VI,=5%0.2+1.7%0.004 + 1*( - 0.204)= 0.803 W

0=W=0.803W

Example 5. 11 Example 5.11 Carbon Monoxide CO is being compressed in a piston and
cylinder arrangement from 1 bar and a specific volume of 0.2 m*/kg to 48 bar in a
polytropic process of index 1.3. What is the work of CO per kg? a) Assuming CO behaves
as an ideal gas, find initial and final temperatures; b) Assuming CO behaves as an ideal gas
only at the initial state, what would be the final temperature as predicted by
compressibility charts?

Answer

System: CO in compressor, closed
Conservation: Energy

Energies: Work, heat and internal energy
Process: Polytropic, index 1.3
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Properties: initial: Py, vi given = complete; final: P> given (knowing process = complete)
Model: ideal gas in a), real gas using compressibility in b)
Extensive: No

For a polytropic process, model is not required to calculate final v and work:
v2=v1 (P1/P2)""=0.01018 m*/kg

Work per kg w =] Pdv = Py vi | dv/v" = (P1 vi — P2 w))/(n — 1)
w=(Pivi—Pw)/(n—1)=-99.22 kJ/kg

a) Model: All ideal gas:
R=8314.5/ u=28314.5/(12+16) =296.95 J/kg K

Ti'=Pivi/R=6735K
Same for T =P> v,/ R=164.56 K

b) Model: Final state is real gas:

First get critical values:

T.=13292 K P.=34.9 bar (table page 91) = v.” = RT./P. = 0.011309 m>/kg
Use compressibility chart (page 106) at Pro = P>/ P. = 1.375 & vr2 = v2/ve” = 0.9
Get 22 ~088=>getT2’= Z2 P2v,/R=187K

Example 5. 12 In a refrigerator, 2 g/s of Propane are circulating. Propane enters the
condenser at 14 bar and 60°C. It leaves the condenser as saturated liquid. Find the rate of
work and heat exchanged per second.

Answer

System: Propane in condenser, open, steady flow

Conservation: Energy

Energies: Heat and enthalpy, No Work

Process: Isobaric

Properties: initial: P, Ti given = complete; final: saturated liquid (knowing process = complete)
Model: Real gas use saturation/superheat charts

Extensive: Only one, mass flowrate 7

Energy balance gives (Steady state, No work, neglect kinetic and potential energies):
O = (h2— hy);

Hence, we only need initial and final enthalpies using tables:
Propane superheat table @ 14 bar, 60°C: 71 = 675.46 kJ/kg
Propane saturation table @ 14 bar: h2 = hy=310.26 kl/kg

=0=-69%4W

Example 5. 13 Nitrogen is throttled at a rate of 0.9 kg/s from a pressure of 10 bar to 1.5 bar,
the outlet diameter is 10 cm. If outlet temperature was 37°C, calculate velocity at outlet
and deduce temperature at inlet assuming negligible velocity at inlet. Find work and heat
exchanged per second during this process.

Answer

System: Nitrogen in throttle, open, steady flow
Conservation: Mass & Energy
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Energies: Enthalpy, Kinetic energy, No Work and No Heat

Process: Throttling

Properties: initial: P1=10 bar, vi=0m/s; final: P,, T», given, v, can be calculated ( = complete)
Model: 1deal gas

Extensive: Only one, mass flowrate 71

Mass balance:
1 = 2 V2 A2; where Area A =1 D* /4 =7 (0.1)> / 4 = 0.007854m>
Energy balance (only enthalpy and kinetic energy; Q=W =0):
titin (M)in — Hour (h + Y2 V¥)our = 0; (11 = titou because steady flow)
To get v2, from mass balance we need first to get p> (from ideal gas eq. of state):
p2=P2/ (R T») = 1.5%10° * 28 / (8314.5 *(37+273)) = 1.6295 kg/m’
= from mass balance v>= 70.32 m/s
= From First law of thermodynamics
KE = Y V2> = hin — hous = cp (Tin — Tour)
For ideal gases we may get cp from tables if available.
Otherwise use the formula for ideal gases cp =y R/ (y — 1); (y = 1.4 since diatomic).
Tables between 300 and 400 K give cp ~ 2 (29.125+29.149) / 28 = 1,042 J/kg K
Formula for ideal gases gives cp ~ 1,039 J/kg K
Let us use the formula:

= T11=31238K
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English text &5l gall 7 -6

6. Second Law of thermodynamics

The description of energy exchanges and/or transformations, which are at the kernel of all
processes occurring in the material world, depends on two main pillars: The First and Second
Laws of thermodynamics. In this chapter the Second Law will be presented in a rather
qualitative way, as a first step, which will be completed in the next chapter to get the general
quantitative form. At the end of next chapter, general and important consequences of both laws
will be deduced.

6.1. Definitions

In general, the result of any process may be a change in the state of a system and/or its
surroundings. If the actions can be reversed such as to let both the system and its surroundings
restore their initial settings, then the process is said to be reversible. Processes may not be
reversible (irreversible) if any dissipative phenomenon (such as friction) was present.

A heat reservoir is defined as a body having a huge thermal capacity that may give or receive
any amount of heat without any noticeable change in its temperature, in a manner that is similar
to adding a glass of water to the ocean, which will not change sea level.

6.2. Sources of irreversibility

6.2.1. Mechanical friction

If a body was thrown upwards over an inclined surface with a certain initial velocity, most
of its initial kinetic energy will be transformed into potential energy. The remaining part will
be transformed by mechanical friction with the surface into heat. The body will eventually come
back to its initial position, but with a kinetic energy that is less than the original. Heat dissipated
to ambient air by friction cannot be used to restore initial kinetic energy. The process is
irreversible. Irreversibility is considered as internal or external depending on the place where
friction takes place: inside the system or outside it at system boundaries.

6.2.2. Fluid excitation

If a fluid was excited, by stirring for instance, vortices created will eventually damp out by
viscous friction. This process cannot obviously be reversed. If fluid is the system, then the
process is internally irreversible.

6.2.3. Free expansion

Imagine an enclosure internally separated into two compartments by a wall. One of the
compartments contains gas at a certain pressure and ambient temperature; the other is void. If
an aperture was opened in the wall, gas will freely expand to occupy the void zone. Freely here
means against no resistive force. It is not possible to ‘convince’ molecules to get back into their
original compartment, leaving the other one void, except by doing work. If this work was done,
and the whole system was left enough time to cool down to ambient temperature, gas will come
back to its original state, but not the surroundings, which have exerted work on the system. The
process is thus irreversible.

6.2.4. Mixing

Mixing between two materials can be considered as a double free expansion process in
which each material expands to occupy the space that was originally occupied by the other
material. Obviously, there is no way we can ‘convince’ mixed molecules to separate from each
other except by an external action implying work and/or heat transfer.

6.2.5. Heat transfer

From our everyday life experience, we know that heat flows from a hot body to a colder
one. Heat cannot flow in the opposite direction; unless an external work was supplied (using a
refrigerator). If the temperature difference across which heat flows was within the system the
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process is internally irreversible. If, on the opposite, system temperature was almost uniform,
and temperature difference was with surroundings, it is called externally irreversible.

6.3. Heat engines

Heat engines are machines that work according to a thermodynamic cycle in order to
exchange heat and work with surroundings repeatedly. If the objective was to produce work, at
the expense of an added heat, it is called a motor. If the objective was to produce a cooling
effect, at the expense of work, it is called a refrigerator. Finally, if the objective was to produce
a heating effect using supplied work, it is called a heat pump.

As an example of a motor, the steam power plant (Figure 6-1) will be studied. It is based on
the observation that work needed for compressing/expanding a liquid is much less than that
required for a vapor between the same pressures, due to the large volume of vapor compared to
that of a liquid. The plant can be divided into two zones: the low-pressure zone (below the
dotted line in Figure 6-1) and the high-pressure zone (above the dotted line). Let us start from
pump entry. A work |Wp| is exerted to raise water pressure, which is followed by adding heat
|Oi| in the boiler (evaporator) at constant pressure, from an external heat reservoir at 7. Heat
source can be either burning fossil fuel (petrol, coal) or burning agricultural or urban wastes or
nuclear or solar energies, etc. Hot steam at high pressure enters the turbine to produce work ||
before leaving as low-pressure steam. Finally, steam condenses in a condenser, by giving heat
|O¢| to another colder heat reservoir at 7. Liquid water at low pressure is fed to the pump to
close the cycle.

There are two important remarks:

— Heat |Ox| has been added to the cycle at a higher temperature 7} than the temperature
T. at which heat |Q.| was rejected, because evaporation pressure is much higher than
condensation pressure. Hence, it is not possible to reuse rejected heat |Qc| in the
cycle, since a cold reservoir at 7. cannot give heat to a hot reservoir at 7.

— The quantity |W) - |W,]|, is positive, since the open system work (w=lvdP) of
compressing a liquid having a small volume in the pump is much smaller than the
work of expanding vapor having a large volume, in the turbine, both operating
between the same pressures. This quantity represents the net cycle work |W,e/|.

As a consequence: From energy balance: |Oxn| = |Wned] + |Qc| and since |Qc| is not zero, cycle
efficiency n defined as work gained | Wy divided by the heat paid |Qx| is always: n < 1. Please
note that efficiency is the ratio of sought for work to the price paid to obtain it: |Qx|.

As for refrigerator and heat pump, they both operate according to the same cycle (Figure 6-
2), which is the inverse of that of the motor seen above. In the reversed cycle, heat and work of
each process change sign. Hence, evaporator and condenser exchange their roles. The turbine
becomes a compressor. The pump should have been transformed into a liquid turbine. However,
work gained is too small, so it is usually replaced by a throttle to reduce pressure. If the objective
was to obtain the cooling effect |Q.|, the device is called refrigerator. If the objective was to
obtain the heating effect |Ox| the device is called heat pump. Performance of each of the above
engines is measured by the so-called coefficient of performance, defined as the ratio of what
we get as a useful output (|Qc| or | Oy|) to the price paid to obtain it (work):

Coefficient of performance of a refrigerator: COPiig = |Qcl / |W]

Coefficient of performance of a heat pump: COPrearpump= |Onl / |W]
Note that COPrearpump > 1.

6.4. Second Law statements
Second Law completes the First Law, which states that energy is conserved, by stating that
some energetic transformations are impossible, even though the total sum of energies involved
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is conserved during the transformation. There are many statements of the Second Law that are
equivalent as will be shown below.
6.4.1. General statement
“All actual processes are irreversible”. If dissipative phenomena causing irreversibility had
a small effect that can be neglected, the process is called “quasi-reversible”. Sometimes, the
previous expression is shortened to “reversible”, which is only an approximate non-precise
denomination.
6.4.2. Clausius statement
“Heat cannot spontaneously flow from a colder body to a hotter body”. In more general
words, the flux of any material quantity cannot be spontaneously transferred from a lower
potential to a higher one. Examples of fluxes include the flux of heat, of electric current or of
mass, etc. Examples of corresponding potentials include temperature, electric potential or
concentration, etc..
6.4.3. Kelvin-Plank statement
“It is impossible to build a heat engine that satisfies the following conditions altogether:

—  Works according to a cycle
— Exchanges heat with one reservoir

- Produces work”

For instance, consider a stone that is being dragged over a rough horizontal surface back
and forth. This system operates in a cycle exchanging heat (generated due to friction) with one
reservoir (ambient air); but it does not produce work, in fact it consumes work to overcome
friction. In an isothermal expansion process, work is produced at the expense of heat added
from one reservoir; but it does not work according to a cycle. Finally, a heat engine works
according to a cycle to produce work, but it exchanges heat with two reservoirs.

6.4.4. Caratheodory statement

“Two different reversible adiabatic processes cannot have a common state”. This less

obvious statement is quite helpful in deducing quantitative relations in next chapter.

6.5. Equivalence of Second Law statements
6.5.1. Equivalence of Clausius and Kelvin-Plank statements

This will be proved by ‘reductio ad absurdum’, i.e. the converse will first be assumed to
prove that this converse is impossible. Let us assume that Kelvin-Plank statement was incorrect,
1.e. assume we have a 100% efficiency motor, transforming all heat |Qx| coming from a reservoir
at T, into work |W¥|. This work can be used to drive a refrigerator (Figure 6-3) taking heat |Q|
from a reservoir at 7. to reject heat |Q| to the reservoir at 7;. From energy balance: |Q| = |W| +
|Oc| = |On] + |Qc. Hence, if we take the impossible motor + the refrigerator altogether as a
system, the latter will be transferring heat |Q.| from a cold reservoir at 7 to a hotter reservoir at
Ty, without consuming work from an external source, which is impossible from Clausius
statement. It is also possible to prove that the violation of Clausius statement would lead to a
situation in contradiction with Kelvin-Plank statement, which is left to the reader. Both
statements are thus equivalent.

6.5.2. Equivalence of Kelvin-Plank and Caratheodory statements

This will also be proved by ‘reductio ad absurdum’. Suppose a reversible adiabatic process
was drawn on a P-v chart (Figure 6-4) starting from state 1 to 2. Suppose another (‘impossible’)
reversible adiabatic process was drawn from the same initial state 1 to other states not including
2. Let us draw an isothermal process starting from point 2 that intersects with the other
(‘impossible’) process at the state 3. Since process 1-3 is reversible, it will be reversed to be 3-
1. The cycle 1-2-3, exchanges heat with only one reservoir at 7> = 73 and produces work, which
is impossible from Kelvin-Plank statement.
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6.6. Carnot cycle and its consequences
6.6.1. Carnot cycle description

The objective of Carnot, by designing the cycle named after him, was to explore maximum
limits of heat engine efficiency. It is composed of 4 reversible (precisely quasi-reversible)
processes (Figure 6-5). Starting from point 1, heat is added |Qy| at constant temperature from a
heat reservoir at 7). During heat addition, gas expands until point 2. Next, expansion continues
adiabatically to point 3. Gas is then compressed isothermally by rejecting heat |Q.| to a cold
reservoir at T until point 4 is reached. Compression continues adiabatically to the initial point
1. From energy balance, net cycle work || = |Ox| — |Q¢|. In case cycle processes were reversed,
it becomes either a refrigerator or a heat pump.

6.6.2. Carnot Principles

First Carnot principle states that:

“It is impossible to construct a motor operating between 2 reservoirs having an efficiency
that is better than a reversible motor”

It will be proved by Reductio ad absurdum. The reversible engine can be reversed to work
as a heat pump, which will be driven by another engine (Figure 6-6). Let us temporarily assume
that the other engine has a higher efficiency than that of the reversible engine (to prove later
that this is not possible). This would mean that for the same work | 7], the other engine needs
to take a heat |Qy'| from the hot reservoir (at 73) that is lower than the heat |Qx| given by the
reversible engine to the same reservoir. From energy balance, heat |Q.'| exchanged with the cold
reservoir (at 7.) will also be less than the corresponding heat |Q.|. If we consider a system
composed of both heat engines, it would continuously transfer an amount of heat |Q.| - |O./|
from the cold reservoir to hot reservoir without requiring any external work, which contradicts
Clausius statement.

The second principle is a direct consequence. All reversible heat engines working between
the same reservoirs have the same efficiency, since none of them could have an efficiency that
is lower than the other.

The third and last principle is also a direct consequence, which states that the efficiency of
a reversible heat engine does not depend on the nature or quantity of the material used, but only
on the temperatures of heat reservoirs attached to them.

6.6.3. Carnot cycle efficiency

Since reversible efficiency does not depend on the materials used in the heat engine,
Carnot’s efficiency will be deduced for an engine using 1 kg of an ideal gas.

Process 1-2: Isothermal expansion: |Wi2| = Qs =R TnIn (V2 / V1)

Process 2-3: Adiabatic: 75/ To = T./ Ty = (Vo/V3)'!

Process 3-4: Isothermal compression: [W34] = |Qc| =R Tc In (V3 / V)

Process 4-1: Adiabatic: Tu/ T1 = T,/ Tn = (Vi/Va)""!

Comparing adiabatic processes we find: V2/V3=Vi/Vy = ValVi=V3/Vs

= |Oc| /OW =T ln (V3! Va) Tnln (V2! V1) =T Th = |Qc|/ Te = |Onl/Th
But, net work |W| = |Ox| — |O¢|
= Cycle efficiency = |W|/|On| = (|On| — |Qc]) / |On| =1 —Tc/Th

6.6.4. Thermodynamic temperature scale
Since Carnot’s efficiency only depends on temperature, not the nature of fluids involved, it
is a convenient mean to build the objective thermodynamic temperature scale. The new
temperature will be denoted 7*, which may not, in principle, be the same as the commonly used
temperature 7 appearing in the whole text so far.
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Derivation will proceed as follows. Consider two heat reservoirs at temperature, 7* and
T* (Ty* > Tc*). Two sets of reversible heat engines will be attached to them (Figure 6-7), each
taking a heat |Qs| from the hot reservoir. Since both sets should have the same efficiency, each
set should produce the same amount of work |/7] and reject the same amount of heat |Q.| to the
cold reservoir. The first is composed of a single motor (number 1). Its efficiency is:

N =Wl 7Ol = f(Te*, T*) = 1 = |Qcl/|Onl

where fis a universal function that does not depend on the material used by the motor. The
second set is composed of two motors in series (number 2 and 3). The first of them takes the
heat |Qs| from the hot reservoir to produce work |W>| and rejects heat |Q;| to an intermediate
stage at 77* (Tn*>T;*>T.*). The second motor is fed at the intermediate point to produce work
|W3| and reject heat |Q.'] to the cold reservoir. Obviously, the total work of both sets should be
the same, because each set is a reversible engine, which implies having the same efficiency.

Hence: |W1| = |W2| + | W3 = 10c| =10¢'|. But

N2 = [Wa| 1 |Onl = f (T, Ti*) = 1 = Qi /|04l

N3 = W3 /O] = f(T*, Ti*) = 1 = OO =1 —[Qcl/| O

Hence by defining the complementary function to efficiency: fo. =1 —f:

Je (T, Ti*) = |\QMOnl; fe (T, Tn*) = |O/|Onl; Je (Te*, T*) = Ol Oll;

From which one can easily deduce:

fe (T*, Tw¥) =1 (T7*, Tn*) fo (Tc*, T;*)

Since 77* is totally arbitrary, above relation could only be verified if and only if:

Je (Te*, Ti*) = g (Tc*) / g (Tw*)

The latter function can take any arbitrary form. For simplicity, take: g(7*)=T% .

Hence Carnot’s efficiency becomes:

NCarnot = f(Tc*, Th*) =1-T.*/ Ty*

In other words, the thermodynamic temperature scale gives the same temperature as the
ideal gas thermometer.
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Solved Examples 6: Second law of thermodynamics

Example 6. 1 A steam power plant uses a nearby river having an average temperature of
18°C, as a heat sink. The maximum temperature is dictated by metallurgical considerations
to be 700 °C. Heat is added at a rate of 110 MW. Find the maximum power that this plant
could possibly generate. What are the actual efficiency and the heat withdrawn to the river
if this plant produces 45 MW?

Answer

System: The steam power plant (closed)

Conservation: Only energy

Energies: Heat, Work.

Process: A cycle

Properties: highest and lowest temperatures

Model: Carnot efficiency for maximum power and real efficiency for real power
Extensive: yes 2: Input heat and power=> ratio gives efficiency

The maximum efficiency is that of Carnot
Nmax = NCarnot = 1- (273+18) / (273+700) =70.1%
Hence the maximum power W= Q Mmax= 110%0.701 =77.1 MW.
The actual efficiency 7acwa= W/ On =45/110 = 40.9%
The heat rejected Q. = O — W =110 -45 =65 MW

Example 6. 2 A Carnot cycle is working between a maximum temperature of 7 and
ambient temperature 75. In order to increase the efficiency an engineer proposes the
following solution. The heat sink of this Carnot cycle will be a cold box at 7¢c (7 < T,). In
order to keep its temperature 7. constant, a refrigerator (using the reversed Carnot cycle)
will withdraw heat from the cold box to the ambient air, using part of the engine work.

Evaluate this solution.
Answer:

System: 4 systems: 1) The original Carnot cycle; 2) The modified cycle with new cold
temperature; 3) The refrigerator 4) combination of the last two systems (closed)

Conservation: Only energy

Energies: Heat, Work.

Process: A cycle

Properties: highest, ambient and lowest temperatures

Model: Carnot efficiency and Carnot COP

Extensive: yes 2: Heats and powers of all systems = ratio gives efficiency and COP

System 1: The original Carnot cycle

efficiency 77, =1-To/T} (D)
System 2: The modified Carnot cycle:
If the engine takes Oy from the hot reservoir then it rejects

Qc = Qh-Tc/Th (2)
And the engine work
We=QOn (1 —TJ/Ty) 3)

The heat that should be withdrawn from the cold box equals the heat added to it: Q.
System 3: The refrigerator
COP of the refrigerator working between T, T. according to the reversed Carnot cycle is:

COPCamot = QC/WC = TC / (TO - TC) (4)
The work required to drive the refrigerator W. is:
We=0Q./COP=Q.(To—T.)/ T¢ (5)

System 4: The combined system of modified Carnot + refrigerator
The net work is Wye, = W, — W.
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Using equations (3) and (5):

Wiet = On (1 = Te/Tr) — Qc (To — Te)/ T
Using eq. (2) we get:

Wnet: Qh (1 - Tc/Th) - Qh (To_ Tc)/ Th
Hence:

Wnet/ Qh: 1-— To/Th =ni

Comments:

1) Theoretical efficiencies of both systems are the same

2) New devices have been added in the proposed new system (cold box and refrigerator), which
is a useless investment because efficiency has not improved. In practice, the situation is even
worse since the added refrigerator will never have a COP as good as that of the reversed
Carnot cycle, hence the efficiency will decrease!

Example 6. 3 In a heat pump catalogue, one can read: “Device is designed to obtain an
inside temperature: 27°C by delivering heat to the room at a rate of: 1500 W. Electric
Power consumption depends on outside temperature. For an ambient temperature of 10°C,
it consumes 80 W. For an ambient temperature of 7°C it consumes 100 W. For an ambient
temperature of 0°C, it consumes 140 W. Comment on electric power consumption data for
each ambient temperature.

Answer

System: The heat pump (closed)
Conservation: Only energy

Energies: Heat, Work.

Process: A cycle

Properties: Ambient and room temperatures
Model: Carnot COP

Extensive: yes 2: Input heat and power=> ratio gives COP

For each case, we will calculate both COP actual and COP Carnot

COPucrwal = On/ W (where O = 1500, and W is the given electric power consumption)

COPcumot = T1 / (T — Tc) (Where T;=273+27=300K)

Case 1: T.=273+10 = 283K
COP actual = 1500/80 = 18.75 COP Carnot = 300/(300-283)=17.647
Comment: impossible, data given are obviously wrong.

Case 2: T.=273+7 = 280K
COP actual = 1500/100 = 15 COP Carnot = 300/(300-280)=15
Comment: theoretically possible but practically impossible

Case 3: 7.=273+0 = 273K
COP actual = 1500/140 = 10.714 COP Carnot = 300/(300-273)=11.111
Comment: possible

Example 6. 4 A computer room contains 30 servers, each consuming 300W. Outside
conditions are lbar, 47°C. It is required to let inside temperature be 25°C. Due to
temperature difference with outside conditions, heat will infiltrate through walls and
windows at a rate of 2500W. In order to carry both heats (computer dissipation and
infiltration) an air conditioning system will be installed that injects a supply air at 1bar and
17°C. Return air (i.e. air leaving the room) is at the same conditions as inside the room.
Supply air is cooled from ambient to 17°C by an air conditioning system that rejects heat to
ambient. If the air conditioning coefficient of performance is only 50% that of a reversible
system, what is the electrical power required to drive the air conditioner? What is the heat
rejected to ambient air?
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2500W

47°C

Eetum air

Answer:

System: 3 systems: 1) Air in computer room (open, steady flow); 2) Supply air (open, steady
flow); 3) The refrigerator (i.e. the air conditioning device, open steady flow)

Conservation: Only energy

Energies: Heat, Work, Air Enthalpy.

Process: A cycle

Properties: Ambient, supply and room temperatures

Model: Carnot COP (a ratio of it) for refrigerator; ideal gas for air

Extensive: yes 2: Input heat and power=> ratio gives COP

System 1: Air in the computer room:
Room is in a steady state steady flow process
W=0
O: The room receives two sources of heat:
From computers: 30¥300 =9 kW
and by infiltration: 2.5 kW
= 0=11.5kW.
= Energy balance: O = 7t (hou — hin) = it cp (Tous — Tin)
=m=11.5/(1.005* (25 -17)) = 1.43 kg/s
System 2: Supply air:
Air flows in a steady flow process while being cooled by the refrigerator from 47°C to 17°C.
wW=0.
= energy balance: O — W=ri1cp (17 —47)
0=143%1.005%*(17-47)= —43.115kW
System 3: Refrigerator (air conditioner)
|O.| = heat extracted from supply air = 43.115 kW
Actual COP = 50% of Carnot COP
But Carnot COP = T./A(T, — T.) = (17+273)/(47 — 17) = 9.666
= Actual COP = % Carnot COP = 4.833 = |Q.|/ |W|
= |[W|=43.125/4.833 =8.92 kW = 12.12 HP.
Heat rejected to ambient air by the refrigerator = |O/+|] = 52.035 kW

Example 6. 5 Ocean temperature at its surface is 27°C. Temperature decreases as we go
deep inside the ocean, because solar rays are absorbed, to reach 17°C. It is possible to use
this temperature difference to produce electricity, by placing a thermocouple between those
temperatures. Two models exist in the market; each of them absorbs 30 W of heat at the
hot temperature. Catalog of model 1 states it delivers 0.72 W of electricity, while catalog
of model 2 states 1 W of electricity. Which one would you recommend?
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Answer

System: Thermocouple

Conservation: Only energy

Energies: Heat, Work.

Process: A cycle

Properties: Upper and inside ocean temperatures

Model: Carnot efficiency as compared to real effiicency
Extensive: yes 2: Input heat and power=> ratio gives efficiency

Assume first reversible process and get the corresponding efficiency:
Th=27+273=300K
T.=17+273 =290 K
Hence efficiency for a reversible cycle (Carnot):
N camot = 1 = Te/Tn = 1/30 = 3.3333%
In a second step compare with actual data:
n case 1 — 0.72 / 30 = 0.024 < n Carnot:
Comment: possible, irreversible

N case2 = 1.00 /30 = 3.3333% = M camot
Comment: theoretically possible, practically impossible

General comment: Recommend case 1, because case 2 is impossible in practice

Example 6. 6 It is required to heat a room by adding 2kW at 29°C, while outside
temperature is 5°C. Heat will be provided for 1,000 hours per year over 2 years. Two
options are available. The first option is to buy an electric heater of price 150 EGP. The
second option is to buy an air conditioning system of price 2,000 EGP. The system can be
considered as a heat pump having a COP that is 40% that of a Carnot engine working at the
same temperatures. Knowing that the price of a kWh is 0.75 EGP, calculate the sum of
initial and running costs of both options over the two years. Which is cheaper?

Answer

System: 2 systems to be compared: 1) The electric heater; 2) The heat pump
Conservation: Only energy

Energies: Heat, Work.

Process: A cycle

Properties: Room and outside temperatures

Model: Carnot COP (a ratio of it) for the heat pump

Extensive: yes 2: Input heat and power=> ratio gives COP

For both systems, total heat required
Q= Heat power x number of hours = 2 kW*2,000hr*2years = 4,000 kWh
A) Electric heater:
Electric energy required = heat required = 4,000 kWh
Running cost = 4,000 x 0.75 = 3,000 EGP
Total cost = 3,000 + 150 = 3,150 EGP
B) Heat pump (air conditioner):
Carnot COP = (27+273) / (27 - 5) = 13.64
Actual COP =13.64 x 0.4 =5.4545
Electric power = Heat power / COP = 733.33 kWh
Running cost = 733.33 * 0.75 = 550 EGP
Total cost = 2,000 + 550 = 2,550 EGP
Comment: Heat pump is cheaper
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Example 6. 7 A refrigerator freezer compartment is maintained at —18°C. Refrigerator
consumes 0.25 kW of electric power when ambient temperature is at 37°C. Its coefficient
of performance (COP) is 40% that of Carnot working between the same temperatures. A)
Find the amount of heat power extracted from the freezer. B) Find the time needed to cool
and freeze 10 kg of meat starting from ambient temperature until its temperature is —18°C,
knowing that: 1) Heat capacity of meat BEFORE freezing is: 3.24 kl/kg K; i1) Meat
solidifies at —2°C with a latent heat of 190 kJ/kg; iii) Heat capacity of meat AFTER
freezing is: 2.31 kJ/kg K

Answer

System: 2 systems: 1) The refrigerator; 2) Meat to be frozen (closed)

Conservation: Only energy

Energies: Heat, Work for refrigerator; Heat and Internal energy for the meat.

Process: A cycle for the refrigerator; Cooling for meat

Properties: Ambient, solidification and final freezing temperatures

Model: For refrigerator: Carnot COP (a ratio of it); For meat: specific heats (thermal capacities)
and latent heat are given

Extensive: yes 2: Input electric power and meat mass = ratio gives required freezing time

System 1: The freezer:
COP Carnot = (— 18 +273) / (37 — (— 18)) =4.636
Actual COP =0.4 x 4.636 = 1.8545
Heat power extracted = 0.25 x 1.8545 = 0.4636 kW
System 2: The meat:
Heat to start freezing =m cp1 AT=10x3.24x (37 -(—2))=1,263.6 kJ
Heat during solidification = m x Latent heat = 10 x 190 = 1,900 kJ
Heat extracted after solidification =m cpo AT =10x 2.31 x ((—2) — (— 18)) = 369.6kJ
Total heat required: Sum of all above heats = 3,533.2 kJ
Time required = Total heat / Heat extraction power = 3,533.2/0.4636 = 7,621 s
Time required = 7,621 /3,600 =2.117 hr

130



Entropy JSlaweay) .7

Gl el @llia of Lulyy W3S s dgay (o Aphall Sualinall S G5l s Gl Joadl) b
daie O lghigan LK) Cun (e leaYU Gl (a1 Cilebiay (ypall 8oUS (adVlg clysall

Jaa) Gob e @llyg sha¥) o 5oall A sl elyus LaS ki dgay e SE Gl ot Joadl) 138 S
J¥! Goyhall Lddhde 3yl DB DA e asgrall 138 e Capall Sy Entropy Dlaa—ca¥) sas 2as asgie
568 AN Gyl W (0308l Aol aa (g i S Guybally Dl — GASH ug IS el a o s
2l Dl asedall 138 Fa il Cargy La Sl Ly s o LV Laal) dophaiy A gSag jSaall Hlaill dgay ariiien
(ol ad A

Clausius Inequality (usj M8 ddlia 1 -7
F50IS 899 Ay die Bl Juadll b iy o Gaw
|Onl / Th="|Qc| / T¢

Ay 3 VL Ohally Th pladl daps 65 caludl (hall ae ddalaad) Bl caniill (Ao Laa [Ocf 5 [On S
slig A Oc 5 dnge O Ol (Whs hasS (5) Ll (galall sVl 8 Jaxs 53)IS 850 culS 1)y . T 8))al
(On/ T+ Qc! To)rev=0 rol ans chlay) Luel) 1) aule

.reversible heat engine SVl ghall dadll ads A s of Lo ANVl rev Ja)l) pag il

Slebay) Sl (Bhall da Caghs Olebals GLIsls Y lebal) SIS 853 4ni 853 iy hyaa Ll o iyl
e ¢ 5 550 5ol o Al Lg3eli€ 5y0all s3a () 93)S foalaa (g plai Dlie AMSial Aisdia 058 IS AlKadl ¥
Olll) 8N 0315 pa w1 () sSs Aol 500l (e il i) ld BBl il Byl A€ il (f lld
b o) Adle Llal of Lo oDy ST dallaall Lgiad (sSin Al hall of e (JsY)

(On! Th+ Qc/ Te)irrer <0
drreversible engine ulSilY ¢hadll of e Jy irrey o)l Cua

A P Same area

A58ISa Calyal Aeganas ple shal Jlad 1-7 JSa

a general reversible alall —ulSeV) ehal Ay fanw dale 550 of o S 028 arens JaY

Yl ehaY) 13 e dcalan N oSa Wy Jamis Oub Bls Jols 4 o (53 (1-7 JS5) process ab
o Ll A81<a L35S a5 waial) .equivalent 48K reversible processes i wlSa¥) Clehall (e deganas
) Sl Y eha¥) Leghals 3 Jaall ey slall b Jolm Ll LS copalal) Gu xie g

131



Y ¢hal & isothermal process xy shall days cigfs chal & cadiabatic process ax Jalo Y eha) :dais
b A=$JJL_s:a

Ggds eha¥) W b dsledl) Alally ¢ sy Al ol Ao pb g ax Gl Glehaly) e of s
S axyb eha¥) Jial dalusdll Lislss ab alal) sha) Jiud dalod) (5<5 Guny dange s 5lall da
Sl LYY el ) G goletia dail) o (o Py ddaa

Gslotia (Alls dald ag) Adalal) d8lall 8 yasl) o ey cpebal) b &ldlly i) pallall gslas of
O LaY L 8Ky e a8 Dsladie Alatadl shall 1 of mitias J¥) Ol e Jally cpebaY! 8
A3 4 plall days 68 gl b xy eall (A awaxyb elaY) & phall dals

Baiie Hha Gila ) die Hhall lgd il o 5518 85 85wl ) Lo LaaalSadl 550 2ty e Ll (IS
S 23 ) syl dlas o (S Lilh (Ll Bpxie Ha e die shall JI5 WS (Bhall das cisdy ad )
Jaai o5 Lol 4 3 dleal) gysall ladaiy sl cpelia) aony T 2-7 UKEIL minse 58 LS s3\S lysn (sa
Aad Csfs GaebaY) gemse HBR L IS 850 A ) ClehaY) 05 Lee Bhall days sl alads CpshaY) O
b i) gl @l LLaY) 800l (g gshaiall eiall dalual diglue 53)S 853 Jah dalusall §5S5 Cams 3 al)
OsSE caells me p LS LLa) 5ol daline BIS ais 3IS cyen s2e oLl Gow Lo S8 5 Abad) 535
Blad) laeS il A8 590l e sana 8 Of LaaY A8 9IS clgn sae ) Alal) 55 sty a8 (58
To1, Bl sy die Opr, Oy, Optte. @l J5n WS T, To, T3, 8l sy 2ie 01, O, Os..
sl a3 K @sall (g de ganall s3gd 8 Ul Ty, T

%0/ Ti<0
Golaal) eal Jalad (AalSadl Y ALY 8ysal) culS 13 Wl LAl 8ysal) e Lo galaii gslall e
Al 5
P 4 | Heatadded
Adiabatic
Original
Cycle
A
Heat
rejected 14

S Clyga (e 22l dale yg0 Jalan 2-7 IS

132



Jo5 Bsi—ia daaS oS 4 o el (B i a o) JS Ol e Ve ) dagd g8 Qlyen 2ae ) 1)
il LSy Alls dald o Hhall o s dO el plaials LSl o3a e el oS Y L Bhall e iall
oalsia iley poall 4 dalnd) Ll Gl skl Jea dialéill o 23all ae e (53in) bl 58 e
Qo a2ii iy Lo Llals (30 Syl alasi il LSl Gl e el (SN e IS 8 Sl e (Aa)
vie Gl Bangl Hhall Jabil Laalll Jandl) 50 O Cun O dlf 3ol 4ie Yoy prdiiin Ll Gy e LaadS
tlsaly dasnia Spean 5i€e JalSal meall Juals asas 0Sa (W5 - 3l) e 15 8y5all (8 ks gl
Jotc0t/T)<0
tal 2y daile ld) JelSall ()81 8)5um llia
J...(60/T)<0
Bygaall ai Sllalg (Ll Lad Jalis e JalSil) ehya) oSar Y adl Gus dyalyy 33T Lide 5,891 5)5 all
4S9 yiad a5 Clausius Inequality (usn)dS Alie o ¢y ysall (e b 3aY) A LAl
Aale 550 @Y Gl Jemdll 8 Wi iladl 53)IS toalae aand Lg3sSl ¢ B sl (e el

Entropy (closed uniform system) gsitaia (3la alii & Paady) 2 -7

AL alall chaY) ads Al At st o5 3lie alii 8 Ayl Byoal 4% Lay o) 03 Ao Ulay 1
o ) ey st 1) 138 L mgiaa) Bl e e Lo Laas IS ey 480N B ap Alls Aals
A suas Al i ala & i lglag ehal padt Al il ¢3lie plai B T Cnile D)
Al JS 3 Al gl) dailaie Bl days (68 of Dlad) 8 bajisiw WSy (Entropy s i) ol Dlae !
el plaill il aens of U8 phall dapn (b ) A Qo @ Jassetll ()l g i 38 LSy alaill (e

Lo aalSai) Sleha) 3D agin dmr 2 5 1 opills llia o (i« Gasn) IS Ailiie e lalaie) 850l (ayaiae
3-7 J<a 4 WS 2C1 5 1B2 5 1A2

S Gl e s dals Lalaind 3-7 IS5

rol an3 (Ol (sl e sy sdIS Al gl

J,,\Odt/T)+ ], (Odt/T)=0

133



J,,(0dt/T)+ .., (0de/T)=0
rand ¢ Ofialaall Gpiilalaal) - plasg
-[IAZ(th/T): LBz(QdZ/T)
JalSalls 53] cAaal€as) 06 o V) Lgd Lo ¥ dale cilelal oo (1B2 5 1A2) 251 o cleha¥) of Lug
Caprin Lild e o baid 2 5 1 gllall o oS0y (malSadl adl ) ehal) o adiay ¥ bl dlaladl) b
: Y (Entropy S Lug i) Placca¥l ag suas dlls Lals
S, =8, = Jrele(th/T) (*)
S Alls dals Plaacall of Ladly 2 Alall ) 1 AW e Juay oailSed) ) (gl i3 rev]2 Cus
PDlaeY) Lol A sangl Lgaia Plaaall 4l e Specific Entropy s e sl Mlaadall Ciass Lead (Ko
el ye¥) 23] Liseie Plaaa) s¢8 Molal Specific Entropy s sl e sl
@sind (3-7 JS5) 1D2CT el (e 435Sl sysall L wlKasl ¥ eha) S 13 Gaamy 13le V) il
Alie Ol 03 A ulSadl Y Byen gd Ly 2CT alSai) ehadld 8Ll 1D2 —ulSadl ¥ el e
f i agyS
fip,(0dt [T )+, (0dt/T)< 0
tba Al Auladl e (%) Al mes Gl (ulSal ehal o w  SBY JalSl o Cung
fp,(0dtT)< ], (0dt/T)=~],  (Odt/T)= ,(0dt/T)=5, S,
= 8, -8, = [,(0dt/T)+AS,..;  AS, 20
(as long as state 2 is chronologically after state 1)
i b lSal eha¥) OS2 A Yy ey 1 A (e Te wi ehal (sl e Gilats le (98 sag
S ehaY) Al 8 aie sral 05 al) Ciplall 8 dsagal) JalSH Gl LalSes) Y S 13 WL ASire=0
el o W) gy S ASire>0 05 A sda 8y L Lie) T Alall ey b2 A o eal il @llig
Bl 38 Lae cdalya @y &% o e 2 Al (e Gaad 1 AW G laca (o s dalll 48 o JaaY
s SLad) @l fie Lt Juadl 5ygum i L foinall 5] Lalgal
ds/dt = O/T + dSime/dt dSiren/dt >0
Agilbl Jisg B dila) vie w5 Alls Lals PlawaVl ol (55 coipsall o () 8 ARl A
aalSadl M) alias (e s (ol cllia (K13 Lad a5 g

Entropy as a function of state 4l gald 3L A4S Plaaay) 3 -7
properties
bl Bhall Gl siall Jag Uil s dilla 48 Sy ulSail sha) 4 Giaa Glie ol @llia of (i
0., dt =TdS el Al i
il &) bl el il e b i ums el ) g Dk DSl 2 sl (st ol
W, dt=PdV : Glealal
:d¥) sl (e diag
Orevdt — Wyey dt = dU = TdS — PdV
=>TdS =dU + PdV

134



O e Wil (6 s alsd (g0 (523 Y Ll 1aaY .Gibbs Formula eus sil8 e daludl D))
alaill 435l 5alal) g5ty ald oy (6 dajid ol gl LS oSl V) calSal 2elaY) g3 OIS U dama (068
oo Acglalinly AuyeSl) b Qe S gl Tyl L (nn Sl o) D (gypeat 3l2)
(Sslotia 020 B8 8 al L pllal e g alSadl ehals ADlie e G alSadl Y elpa) il
(Qirrev dt 5 Wirrev di) o—alSad) S0 sha) 8 Bhally Jaill b Jally Als dals gl Cum cpea) &
) el el ¢ aal ity el Laa b e ol )l S
dU = Qjrrev dt — Wirrer dt = Orev dt — Wrey dt = TdS — PdV
t Al
= Qimev dt = TdS = PAV — Wipe dt
= TdSirrev / dt= Whiction =0
Gaiall Jadll o 3 daid Jiay 43S0y (Liia s Jia Y 43 e a2l c@ll€ia¥) dads 5aY) aall e
c ol el A Gaas of e OIS (53 Jaall
Sl da s G G 8 ) b (dSirren/dt 8 33l) Bl M jalaan o Dlas iy diag
Ol £ alSa) DU el Alls 8L ann O3l iae 4ie pei o audai s gLl il o WS bl Jaallg
Rl by Gaiagal) Ja il o shall e caling LaadS (Sly Sai Jia Y PdV o WS sl Jaa Y TdS
Y pes (b lainia Qs G5l oy il
syl b AR 28Ul e Yy Aleaall A8l AV Gaus 58 (S L Lila]
H=U+PV =  dH=dU+ PdV +VdP
TdS = dU + PdV = dH — VdP toses 05 lgde el ) Bypeal) maca N
S Gl oSl il i e s
il deans dalSilly 77 e dacadlly SN Bangl (s (538 S8 bua AU
SZ_S1:2@+ zP_dv: 2@_ 2@ )
v S oy
i) eV 8 Dlaacal) s Glaal LI @l 6 L] atiie ) @l a5

Jad Plaady) i 1-3-7
108 (il ) dlla 8
Pv=RT ; du=c\dT; dh=cpdT
rdalsally Jalby Al ey, cp Aplall claddl o LS
2 =51 =€, In(Ty /T )+ Rinfvy /v)= ¢ (T, /)~ RIn(Py /)
Slaad) o ae ((gypeatll Sl oot ) Gl L oa anSas A SV aleal 8 (g5l ans Sl doally
day A Al Jlsall Cajen Leosale L JalSall dais (e i Lae phall daps o adied LgaSl Al <ol 4))al)
15yl

s(r)=[ = () 4 v (T)= exp(— j; al7) de P(T)= exp( [ @de

LT  RT : Tn RT
pol a3 Lgaladinly LAl SR gl 3 Jlsall 638 puagi L Bale L dunaye Bls dap0 T G

135



¢,(T)

n r o o
s, == =2 =dT ~RIn(P,/R)=5"(T;)~s"(5,)~ Rin(P, /R)

T
tomrenills lahaad o (Say Aaal) Al la 57 = 51 cisentropic PlaaaY) Cigiy shal) dlls &
r, c,(T) P.(T,) r, ¢,(T) v,(T,)
P /P =ex PN gr | =22/ v v = exnl — v dT | = 2\2
/R pUﬂ RT j P(T}) = =) v,(T})
5\.5}@_..@ g.uls;.‘a\ gh\_ﬁ‘)! c—bal L;ﬁ EJ!):J\ Q\._;JA a ?)-;Aj\ ji .L:Ji..ﬁa“ T C..q.uﬁ S\L-J w Gl 23
dglaadl aladnul

& Bl layag dageall ANV Plaeall ad as lgie saad Joaa @llia Glb ciiaaal) il Ll W
Ao el &5 LS L (s Abialis el Hpea (8) ESulinga il Jisasle e aladiuls Jolasll o2 oL
o) Pl Cabas) dand slea) ag Lhlicai¥) st ul Lidal) Ch poead Plae )l dale
gl A Jglaall el L4 4l 2w Entropy deviation chart (wrt ideal behavior) ((gyseaill <lsbod)
el 13 (LSalinngaydl) Jglaall L 83sasall) Aaslil) Tilall axdies o adaiess Wil (SN e S

dlal) g ALl 3) gall PMaaal) 45 2-3-7
told e Y dball dsally gl aas of Gus
52— 51 =8%(T2) — s°(T1)
(OB hpra Bhall dapy G all L (55 Al dalad) Al
s2—=s1~cin(T>»/Tv)
okl s eUS Slaaday) s 3-3-7
=5 Plaa¥) e dbis Koy e by Sl e sill Plaaal) ol cdoaS Lals Plaaal) of Caa
px Glaall Jaleag 5g aadiall Ay 57 andall Jilad) (e JS

s=xsgt(1=x)sr =srtxsp=s¢—(1-x) s (Sfg= Sg - 57)
LU PDlaa ¥l i alay) (Ko diag 40l Load s)all da)n o5& daiall Cigiy johall st oL 4l JaaY

Tds =dh = s = hy | T :3sgun shll s

G jlad) laalldal Placacy) urd 4-3-7

Al 4wy mass fraction x; 4x)ysll 4vws ideal gas mixture s Cjle (e Uaglaa Ll HI<13)
S Plawal (30 crway mixture entropy Jaslaall Slaaal olé mole or volume fraction y; (deasl) j)
casliall Bl dayy o alg slegl) aas JolS Jady e S :Dalton model gsills z3sai Guladd e 57 44 3l
S=D.XS8; S=2.V5; :Partial pressure  P; (Jiall biall sa adaiia (Sl

Loal of i) U e Wlie 3801 L8y 4 walls PDlaa V) 4 23y alSail ¥ eha) 5o Lalal) oha) of Y
phadl dajas anally Jaraall udi Lagd OS5 cbba Gilghme Gipslatie e (A2 5 1 oD

P1=P=P; T'=1>=T, Vi=Vo=V
m; = W (PV'/ RT) 14 geail) cllall Al dalas (e 2027 Hle JSAS

136



O Sums Vi =2 7 dans Unslie UsQI oilall Bl Gums ecstipnall g dalil) Jlasdl olalls psi
gl ‘"53\.5.'14&\ daaa Carcal dadiiw e J< ui Cung T =T ks 3)\);“ da A ‘l:v\); Yy yza Uﬂ"‘);“
) il Caal ga Siall dhaiis maad (et e JS i B ghall Ay

P]—aﬁer: PZ—aﬁer: P2

Prix = P/2 + P/2 =P : Hu¥) il auis g Jaslaall b 06 Nl

oY1 dalall Ja GOl B dapagdaria Lagid Lt Jaglad) il Aajpagdaz i (e S N e ae Al
S Al 3 Saad) s daad aad 5l IS alSadl Y ehal ga Blal eha) of Cus cari v Plae )
IS Plaaal) 8 ol Ldal 136 . Sl el Jaal) ) Ssl) Jaal) e UG adaiin (aidily HaY]
t ) e el aaall (U e

AS=(PVIRT) { w1 [cpln(Toid T1Y+RIn(Vmid V)]
U2 [Cpln(Tmix/T2)+Rzln(Vmix/ )1}
= (PVIT) { /R, [0+R\In(2)] + 1/Ry [0+Raln(2)] } = (PVIT) 2In(2)>0

ceha¥) e ol shall Jals (o aas Y 4l Cus ASier Liad (g5l 585

T-sand h-s charts h-s s T-shiA 4-7
oalsdl) Tl @Y jeadl b aadnes Alls LS specific entropy s el Plaes¥) 5 L sl
specific due sl dleaall A8LLY ()5 Lo 5aled )l jeadll L .thermodynamic charts &.Sulige il
O -(4-7 IK) (T-s dava e ellyy Jantl) T sl dags ol (A-s daa e ellyy Joasil) enthalpy
Pl V) Caped gab o pala Siee Ll Tos Adad 8 eha) Y bl gasdl Ji ol dal o)

[(TdS =0y, + [’ TdS, rol ani Jel&illsy  TdS = Qdt + TdS,

rrev rrev

[2Tds = gy + [[ Tds, e, 20D sang) Aslaal) uis LS 13
Adanal) ods due s o gag Alalaall Hlall Aalay o Ciaiall Jaad dalisd) (5S8 (KiaY) Llaal 136
L Lgind e sty cJadl) Jid cul Poy v 8 ela) Jaad daliad) off LaaY

Ts, hos Shna e Gl ey Cigh laghal dgiall JSE L Lad Gaytice

constant volume lines a3all Cigfilaghid 1-4-7
iy aaal) sl Ol (U8 e ) LS cgeatl) il Alls
Tds = du+0=cdT = T = Toexp(s/cy)
Bl aaall cisd ate of Gai ADLD) 38 (e . JalSill die (520 saic) maje 70 Bhall day 2aly @llig
B e Jyanllcp b Anla) Asladl) iyl yin S As dlaa ol Ay g Ts ddasa 6 Ayl
Oo onS an ) Leg i 4Ky A af Ay Gad il ciiall clall Al L Y sl IS8 o
(4-7 Sl ) aopad) A Jase s

137



T
C.P. /
vy

C.P. dxall dluilly godil) Laghd lauage 75, /-5 haual slall JSI 4-7 (<a

constant pressure lines bl @ gf hghi 2-4-7
ety Jaal) Cpd 8 (U8 e Ly LS el el Alls b
Tds = dh-0=cpdT = T = Toexp(s/cp)
el aaall gd aie o Gl A8l 038 (g L JalSH) die (570 saic) aage To Bhall dajs 3l ellig
hes Aaa e .op>ey o Cus caaall Cigh Jinta e JB abie (805 cdaad Ao Liad sa Ts ddasid 3 A gl
Aally L Liagf L (et aall dalad) ddasaldl) Jllg o/ e Jsmall @) 8 dabad) Aladll iyl iy iS5
LSl of o el Al dalaiad Al L S s ) Lo iy Al cacad Liad 1Al 4 duiiial) cfjlal
Dlal) ke Jalay Ts dhaa o danal) cipd ciliinia ofd Jllg ghal) dags Cigd adiaw Jaiall cupd ¢
Pl legh Calide s 4l Blall dayd Cagh 8 A-s ddanyd e Wl L3 Unghad moea (ila)l)
Tds = dh = dh/ds = T = const
sl daia 83l daall May Bhall das (golaw e Al Lgily daiinn Unshd Liad moeas ciliasiall of (gl
Aspal) il die padill isial Lulas Jadl) aasy il )l Aoy

constant temperature lines 3\l 43 )3 cigdi haghi 3-4-7
ad liniall (8 f-s ddaya Lol 438 At e Jagha Aal o o Slisidl 8 Tg ddayyad 4, aally
Ao e i Alesal) A8 4 i (g)oad JLd L) Jeaty s caaiill Jaghd e Lawiyl 13) 428 Uagha
Dl sl e Aead s fos A (G plall Ay Cisdi dashd e (il e e GUEYL LT 5
LS5 LS daacall gl Jaghad lgwsii o Bhall Ao cugh daghad Gl caba)ll i) dakaie Jalay Wl . gyp il
Ll Loiee Jaghad (gl ol

Entropy of a non-uniform system csiaiall & JBill Plasdl 5-7
Bgall (B Oaill o (goun aaian Y JSS plaill Alls AalaS dar weall Bhall days Cipela ¢ Galad) aadll b
rtindl (e arpal lin L) demice Jllg ¢ S8 (y5ilall ZaeS
dS/dt = Q/T + dSiyer/dt ASimren/dt >0

138



dagee FST Lipm da) (ool e 3l JalSy puddl) kg B agties LSl ¢ a3l Jaeall §y5m i Liariiud
2 agle Allag 1 adia Al ioalla G DlaaY) il
oo IS e hall adall Jaliy 38 Lol e agla siaan e &0 alall dgn e Cipeills sl of sy
D3 i 8 aye Bhal Jols gy S dacdl Al of WS cdadan o dibite Ll e oald rias
heat § sl il 43U Ciynin . ailatia ye 4313 Ghall Hramal (IS 13 i) Ll o sall cilasa
O lein IS Ally odA Bral) Aaldl) e clalsd) saasl ol aa Bad) Jols Jaes 4l flux density
o ©AY A e plall day 135 L 238 a8 W/M? 8 LSl sda Clang abaill mla o dal
1)l Ll &S e JalSall (DA (e Gavny Gl g Bhall Jols Jane (8 adde g dacdl)
0= §Areaq dA
Loyl Le 13) a8y ST 8)gumy 43S Bale] and codhel 53)5l) S 03l 8ygual ald) oyl (e J¥) aall L
ke b mdaddl Ll A81S e el cilays s i sl
ds/dt =9, (6/TIA+ dS, .,
fshn ol e Al A IS
AS =[lf,.,(a/T)daki+AS,.,
Clalid) o N dgane 32 yie & phall Jols of palils ¢ bl Gaidlal) 3 JalSll Jaas ooy Lo S
Hlgie dalue IS (o o Y T ghall das oy plaill mhand i S A, i€[1,N]
a0/ THA= 3, daa)y =37, 0./1,
el Bangd A daluall Ao dlalid) 5yl Jia O Gus
iBygeall yeaity Plawal) 55 Ol (ail) ae Liad am ¥V shall da s cilS 13 L
AS = L[j;Area (‘]/T)dA]dt + A8y = X1 O[Ty + ASe,
o el il IS B el 5aY) B all L ebal) o) Pla ehils & ) sl 1S o O G
e dag 5 Adjen (g (U (S S Aalall )5l (ho ety payns Lehlini by L L LiSly ¢ palcadl)
galadnny

Entropy of an open system g sidall oBilll Plaail 6 - 7
dalad) ) guall Baluit) 1-6-7
plaall Jalay ASH € 4ol 4 .(5-7 J<8) ev hlaid) i ccontrol volume zsite alas dlla (o)l
Mour A 75359 Sin =il Whlaa il miy W)ylake A L 18 J33 w5cn,before =53 WD ialy mcy, before
OsS5 dA Bpaeal) daload) DA e 4l (s laadl e s dobin o dlaill (Ko WS 5o o5 eDlaa o)
Basgly lalua) 5ang) lcadll Blall ¢ Jid Cun (A ie) Java Bha J35 T (gloasis A48 5yall Aoy
Sevafier =5V @Dlaaialy Mey,afier 432 A G985 Gun dlgll A ) adaall elldy Juas .« e

139



” - [ Atter]

7=W/m? Contral
' Mass Y
dA~ 4 da 7
i E| A A
T T mom‘ Som‘
(mct'jft') before (mr:;-sr:t-) after E:'Ij
\ Control /
For the control mass Volume But: S,=m,, s, *(m,s,,)
q before
SZ Sl k [§ ]dr+ ASI”‘Q‘ SJ =mom‘ Son.l‘ +(mc(-5n-)

Alm,,s.,)+m,,s,, —m,s, —I[i: gdAJdr +AS,,...

— > Forthe control volume

d(m,,s,,)/dt + 9, ds,. .. jdt

cv C'l DMI OHI I?’E IH §

Adasticndll 3] aladials (zsaje bado 57 JSAY 8 asaadll) msidall bl Plaaal 8 pul) Gl JaY
57 I (A agaadl) em hloaid) iy control mass slaal) alaill Ay Vsl fani s ¢ 3laall adaill e
amell) elya) Bolay A aliiae ) Balall 8l gl alaill Jadyy saldd) acay (il alaidl) 138 . (2yall Jally
Balall A8l o giaal) alail) Jadyy 5ol ehal! Ailgh 8 moiion Al Bl 038 iy g5 (57 JSEN (pe yead))
t s olibye o B om el alaidl) 138 Plaeal b il (57 ) e Gal) pedll) die cnd

Scm,qfter - Scm,before = L(§Ar@a ?1 dAj dr + AStrrev

oat die Bhall dapy T g cabitll mh s o 3 & e clalwdll saasl hall Jsin Jare s8¢ Can
1 S0y . adaill AR LSl D) jalias e yunsd ASimey L L3kl
Sem, before = MinSin t (ms)cv before Sem, after = MoutSout + (ms)cv after

q dAjdtJrAS

rea irrev

(ms)cv,after - (ms)cv before — (ms) (ms)out + L({A
fste) JanaS Alslaal) Gads LS Ll 13l

d(ms)/dt,, =(ris), —(ris),,, + (§ 4 a’AJ +ds, . /dt

Area T

140



L = giaall alill Ll alaally (3l Lin Cajgls ) A wlSadl DU dais Plaaal) b sabl) of Laal
iyl @hs O Gl Bhall s IS I WL (e adaill Grdals ol on Hha Gl (il disil)
a4l U Layla haaan e lld (8 ¢(deyon Bhall Jii Jugul msla el ag) adill o el 55a
seny Nivie L Bhal) had A8l oYl die dalally 4 As)al) SNy ~giall alail) e (ys<a ST Akt Al cany
O G Ao sanall Plaeal 8 puall aail Lg el SLaSH pani & cian o als IS Plaeal b il
Ul Plae V) o dath liga (5Sas olisaen Lo i loal) ae 8ale Vs Bla Jolis Y Yirie Lalas Jidh de ganal
VAl DU e

Isentropic efficiency &Dlaad) 3 sslisl) 2-6-7

Reversible —wlSail Jals ¥ ehal) ol 136 .ds = dSimrer 103 «(Q12 = 0) AL el b
sy -Isentropic Process Mlaaa¥) cisiy maas eha) o () hia Plaaa¥) & sl zaal Adiabatic
sl Dbl lin IS 13 (el B Ay Ml dlena d8ll) oY oy L3S TS, s hud e elal) 1
caaa dlia IS 13 Jawy

Laa 6l iyt (a0 5f Blimil) shal) ol OIS U aee Dlaas¥) ol ol chay) €13 L
(67 JS8) Csadl dgn Dl sl U ey

b Al L dad el ) Gl Ciats Py daiia ) Py Jaiia die g D) e caall dlls 4l
Oe Yud ) deasd Lol el ) iniall Copas ¢ A e Jagiiall (e o Blaeal¥) Alls g b' (e Yo
L) s nozzle Gs sl turbine (g A expansion daill il s ) LaaBlll SlehaY) a oda d
Isentropic  ADlaaal) 5:USll e lgiagl .diffuser iU ol compressor e lia & compression
sl canlsl) e Lals U uny JEal wlSa) ehaYls aBlsl) ehaY) Gm dawS Efficiency ns

Nis,expansion = (ha — hb)/(ha — hp); Nis,compression = (ha'— he)/(ha — he)

& B
Adiabatic
Adiabatic expansion
compression
h., —h _ ha _hb
© h,—h Iy — My
d c 5
LoV
C
)

D emPUl sl 6-7 JSa

141



Entropy from Caratheodory 525808 48lua (o Plawy) 7 -7

total (or exact) differentials 4\l c3Ualidl) 1-7-7
Ol dalal) cilasleall Gy aagivs o Wil ¢(55358)S Al (o Plawad dlales Glasl Ja
s Ul o) oy Al s Le AL aie AT (du) L —alall lagdl ) total differentials ALl
e Y Al ALy ) Al e adies (L (o Ll skl Juls s of o [P du=u,
oalsd oo Laas Las QIS dulay 8 olilaal (3 agghall sy .okl Gl Gn Jy—agl LdS Aol
JiaS abia) Liad jiall o5 ogd Mia Py Laliall jlaaall Ll .ol Jualis adf Lalial ladal) 13g] JUay . allal)
il Algilly Aol i o T adiay ¥ (QSaY) Cle 8 Jadl) e 38 (53llg) i oy abalSs oSl (du
Jicad dalcd) Jiar oulalSall e (of das .szdv;éj'lgdv toiail) pila Cpn Jeasl) 0aS o Lial adiay
A Jadl) e Uhaas Lais ol Lo L g8y . iaiall IS e aaied Wil (of canall po Jaxiall s Jsie
2l el a3s€ saey ¥ kel S5 Lol e Jualis adl pled) Ll kel Jliy cdlls deals Gads e
Gl g (o1 Jualis g yll) Ala dald 3o Crag of oSa 1) Sl Gy el mgiall By b W]
ek Bl alds GaeS lin kS 1Y) cale §y5ms - (Ll Salis ad g ull) Als AalaS gamy oS Y
Jlgedl 138 g alal 8 o Ll Slalin il o) Gapns S f(x, ) doct g (x, 1) dy e iia 0e S gk
PLals Sl ladal) 138 praar S deals Cije (g3lly N Jayil) Jasiad (53 Euler bl
@f7oy)x=(0g/ o)y ‘
dh = f(x,y) dxt g (x,y) dy ol Jalis y5ua (b Jualitl) jlakd) piag (o WiSa Wl an celld oliy
105S o) oy Alulall Bacls ulasy Mvie Y o) s3sage CulS of Abjaal awi Ay & B O Cas
dh = oh/ox dx +oh/dy dy

= f=0h/Ox ; g=0h/0y ;
= 0*hloxoy=0f/oy=0g/ Ox

integrating ALlSall Jalae o) Jalaa 8 4uycai of Glal o€ Jay il 1aa Laliall laaall giag ol 13)
L S JEal g WS (factor
felealil)l agall e yails
2ydx + xdy )

A2y)oy=2 # d(x)/ox=1 ¢ zuals
2xydx + X7y txas e Slo deanix 8 Giladl laall Gapeas oS Ll Sl Gl ogd o3
0(2xy)/oy=2x = O(x*)/0x=2x fhr b ol laal
Pl 138 (pe A1 bt (Say aBlgll A Lal Dlalis el a3l (g

h =x*y = dh = 2xydx + x*dy

= Lz (2xydx+ xzdy)z h,—h

G945 8 ielua (e gal Al gﬁl.u Dlaaay) (s A8l GlaLL) 2-7-7
o paall (ol of Jaxcall gyl Jaghad Adgjee Alls Galsd o) aaas Alls Poy dland e dadi &) Jia
Sl adai A die L (Lea) calall 7-7 (<) dabas JIKET Ll liaie de sena lgie IS i Bl dajy (gl

142



Ula s & (glos bsha o e -l e ) Taghadll e 535l adll o Al als ()6 ddasal) o3
Lol Gfied g s of e Y Akl A vie Al Al (Y (el lgaan o akalim Y
LK) 20U lehal) b i deloal) oda saas Als Lald Gyl llag (5)5058H\S dela ()
ONebal) Q13 Y Legin A< de Alla @llin 0585 of oSa Y (gl) Baaly ddais 8 alali of (e Y dahial)
Y oeha) ol ol Al QI Gy (5 Leraaing Ban Alls Lald fdn of aobiian Ll 138 Jiee (bl (palaie
irreversible dwlSaDU ddaledl) el ay) Ao dabisa Lagd 2 Law reversible adiabatic (salSa) L;ht.u
Lo stg) adalim Aualal ) A0 clehay) el ol il =aly . (oal) cuilall 7-7 JS5) i) adiabatic
Skl dhag vie laiabin dad L Vs Lalad) s3a 0peS (Sl W (59208 Al saniid
sl Clehaly) 8 il 13 dgisns L (gl Y1 Lealid) laid) il
du + Pdv ) ) -
H(olSad) ehaY) of Loas il Cam) Jadl) Jra B aall ¢ oulSadl ol Y ela) Ala b
Wrey dt = Pdv
LAY shal 4l Laas Wl s e (a5 A Jie IS (*) Dl Jieadl Jlsiall ol Julls
du+ Pdv=du + Ve dt = Grevdt =0 (because reversible and adiabatic)
c SV AL haY) el jha (golew (%) lealall sl ol S,

Impossible

Reversible Possible
Pa > \\ Pa Adiabatic Reversible
Processe Adiabatic

Processes

———T-T,
v

»
»

faas Al LalaS Plaaayl Al ala 7-7 IS

saell ()5 pwm oy s gag ¢Lals Scalds Gl 43 s8aal hae chyglladll Jag y 8 paen (Boay Lualill laid) 13
shg iy atl) el Alls b aas GlaY) SAUC S s3a o of gobicn ALalSe Jalaa @llin Ja LAl dals e
LS alea b dspen ey Loalatl) loall (aSuld olld Y /T (sl

(dutPdv) | T= (c¢/T) dT+ (P/T) dv .
el Sl Loyl
[o(c, /T)/ov], =0
[o(p/T)/oT] =[o(R/v)/oT] =0

Caags 4y Aale 8ygm laay Yy Aoyl il Galsd e adie) cld) 13 .ol Joalis dadlly a3l (6

Bale &Y dawalls die Cans (1) Al Jualiil) dgasl (paliall oo (592980 delia) SN Gslall () L praia il ot

143



Gyt Al e Jant Il . g)suail Lkl Aasticedl) A8al) (ot pladiils bygead Bl 55yl crusd (531
t s dS Ailiie e ley Wl olind] L s Als LalaS Plaaay)

ds =(du + Pdv)/ T
ds=0  For reversible adiabatic processes

a3 S sl o Bl o s O ¢ adlSadl Y AN o) Al 8 Ll kel ) e capeill
W el ) e iy anle Jomandl oSy (531 Jaall (8 Dl SlSin) 3sag Alls L adal) Jall e
OsSs BLAY) slebasy Jullg (ASaY) 39 b dillas LaiS ays Jadll o8 (o) o Jodue) Wla Jadll IS 13
tlaY) pan (8 A A Auladl
Wreal dt < Pdv
t by (Jos Y ehaYl) Dia (55l Grear OF G Linga (S Ll lagall ol Jull
Greal dt = 0 =du + Wrea dt = du + Pdv + (Wrear dt — Pdv)
oyl (e Sy J5V) cpand) goana b (Dlef dacagal) diliiall Cuen) Al Cpansd o Aaelll o g

thia ) Calal) 05S Gia S base 06$ O s oalY)
du + Pdv> 0 (adiabatic, but not reversible)
Bbad) Jol olay las Wl f Linvge 058 38 Laalitl) laiall ol eghall ol aas 13) Ll
e ela¥) Jas e ST Ll e ehal) dad 0sS (ol edail) gl Jlae¥) b adkel < Lol
o)) ot Sy
ds/dt> g/T;i.e..ds/dt =G /T + dsirrer / dt.
dsirrev | dt = 0 for a reversible process

dsirrev | dt > 0 for an irreversible process
dsirrev / dt < O iS impOSSible

Entropy and thermodynamic 4l ga il dllaia¥) g Plaasy)  § - 7
probability

Llg) o i) 2203 Ll e Canglly ¢ (3aae oo Lalal 4ilide dugly (e Entropy Plaea¥) Gapt sl 138
G VAL (o sal Bl (e st dland Ml Lind Al Jgw (S 2aall 3adll psgaall 138 e i
LaS sk Ll a4l g pjlla (S5 - glsail) 5 B33l sl oladly Plaaa¥) e 8 hast gt s
Batee Clhilaas eha) Wl aiian @lly o 3) ¢ aall Glaall 3 Joadll 138 bl lals o o 43 Y) PDlaaad
oy Vs Ay oL i L Statistical thermodynamic 4ilaay) Kl sa)ill aelsd 223005 A2y s
o suns il Aliag D) (e die ST agll) (g sy il ilany) Sualinnga il aclsh g Jans
Al Kbl e ae sl daleill JaY (59 3 (Buaal) 53 jmal) asalaall sl Clegins)
Lyl oot by Sy 45 aay) Sulingaill 35k e Entropy Plaeal) asetal Load Joai of (S
stochastic asls—aal) Cililealls & alal) sclgall (jans dxalyas fai o .Theory of Probability ci¥laaY)

-Processes

144



Aty dall Al Byp a2 Alla JS L) IS Adlidall S e 230 8 aag o oSa plai @l IS 1)
fanad) 138 ey AT Alls (ol Jai of Jlain) gslos Als gl e adail) aagy of Jlaial b totally random
.Equal probabilities ¥l (ssled Tases

Algdial) o1 a8y g duay Al 8 a3l dshany 3 B () LAusilaie 4SS Algla ) ieils (JBal Jaw o
(176) 2 Maa2 a8 o duans of Jlainl ¢ anind ) o € 23c sliasdial 13 il

Cola U< gy Jlia) gsene s emutually exclusive events ge—ajlaie cpisla aal aiy of Jlaal o
1/6 + 1/6= 1/3 top AUl a3l duey B (5 5l 2) (e duant o Jlaia) Olie sas e

Qe Lo Je S phalall gy Jlaal Cypia Jala g8 sy iy 8 (E e Qlials 2 o Jas) o)
1/6 . 1/6 = 1/36 top Al 8 (e il Ay (B (6= 6) e duans of Jla)

Gisae) NI 58 cilide Joa N (3 cilide o8 N lgr iy of e 1) ddbiaad) 3l e olé d)ledl i,
(N

gy i 4y Jalall B g A Leas (sl fpaal dady My Gals 4 Goaieal Gaany Lo upail Y1
lnjall ods L Adbaall cliall G uall (Se ail @l e (5 N gsme Bsaiall L giaall Ga clivall 3<a,
B paall dit of Jlaal (gl A Baall egin (gl Jade of Jlain) g6 Jallsy dtliall dals By9ems
o il anyss gly <Microstate dusS g Soe s oo iaall o L)l cliiall anss o o
B saall b ) clisall sacy ((Na) A paall G A @ligal) saes oSy clisall a0 s ¥ clyaal)
O Asise Adye clina 4 dla (IS 13) JEd) Juw e .Macrostate dusSug Sk s o (N = N — Na)
B saall 8 206 Gliall 8Ly A saall 8 asly egin 1op dasSug KLl cVA aal old ¢ iaall
tatg AusSug L) Alal) gl Blalin 4 gKung jSae s Aol llin
B Haall & Clisall Jilg A saall 31 &) el -
B Haall & Clisall Jils A saall 32 &) sgiall -
B Haall & Clisall Jilg A saall 33 &) sgiall -
B aall b cliinll by A saall 54 8 eginll -

Ala o <E lia (Klg 485 dall 21 aysill Y (Ssladia Aiall AusC g Kaall VAl paen Jlaial ()
i gl (gl bl (V1) e 1 d8jal) 4 cliiall axe (6 8 in of oSa microstate dusus Sia
JlaaYh Lo 4oy Sle Alad gylalial) du <y Soall @V 220 e -macrostate 4wy Slall Al i
Mathematical —al)ll Jlas¥) e sy sa9 . Thermodynamic Probability W Sl sl
YL K el e aguiia e 435S 8 «ag yaall Probability
i A clisall (Sl N 1 sa (e sl ) Boxiall (3 eigin N il dbadl Gyl sxe ¢
@ s Np e s ) ol axe (s Jiddly Ny | gslan ol (e m 355 o (e (Na) 4 8aal
& & Na 225l thermodynamic probability Wap Sseliasesll Jlas¥) glé o)) .Np! 58 B 8asll
Liad 4l (gl 2 22al) 138 Jaws 3l Microstates dusSas Kuall ¥l sae 4313 g B saal) 4 Np 54 8l

145



b 2y A paall e Na i b e e Lo o (iaall 3 N il Jllea) i oo 2

B spall 8 s Np g8
Wi ZN'//(NA/NB'/)

L5 g ySaal) )y Aiaall Aoy SL eV mgd 17 Jsandl (il il 3 e JlS
N=4 4l & ey Sualigasill Jlaal)s 3yl

On e Of gl Y Wl s g A g Sl cV A o g e of oSa A eVl of Dl
el e gl eBaall a8 Cpagase Criis

N3 oipaal) aal 8 agreat o Ylan) i dlls o gaiaal) o sl cliiall 555 o Jeaall (e 53
Glisall ge laa € ae o aldl e G aha 6l me ccliall JlaY) sl sl B 1
D]l il g3 Jlain) GsSow calall g lall 3 Sl Bstiaall We 13 il (s nlasdl e sa)
Sl WUSHg saaly Saa (& Clidadl IS Liag 1) Ll 138 e LBaaly yan & perand Jlaal (e a5
Jlas¥) (8 5ab) dnlay @) all 2adll cha) 2 13 pipaall o ol ghgtie JiB ae Lgld 480500
(GAY A e cilial) A$a) (g s daall il e Cuaall on La 3 @lld ] o B L Saalinaga il
Alall saas Al elaaY) ks ey pdall b cliall i< 5€ Jlo il aaie) 4y Sbsd 056 gl
cana Ailas) Hlai dgag (e Yiaa) <Y

microstates 4w sSug Saall @Y allg macrostates 4w sSug Sl YN 1-7 Jgaa
thermodynamic probability W 4:Suelin ge sill dadlaial |y
A, B Giips Ao Gliva 4 aysl

Macro state
cr\. Ny - N,

Ng Micro states 1
R o -4 [T7237] 1
1-3 Lil234 |21 234 || 3] 224 [#4] 223 4
T R B T | AL DX | R A | XD A | L | X R
Nalat| 3.4 a1 [ 7] 217 27 1] .
4-0 [ 2234 ] |

ap b el e ler Al Baall . pipaal) g At Hha Slan Sl s o Ji o oSe sl Gl

(el AKal) Lyl Ay £l Ll Cipe (e ) aiye Jasegia H3a) Vi de e lgd Clisia (goalins eyl
Pa (g iga e Gaall g clivall Ldly Sl A0 PR 0o B GAY) Haall cilin g S
Glisall g550 58 Yidal V) Gl S «9a] dga o pandl Ly ciliiall o Llsdial) laalal)
Lsbatll Bhall Clas At g Sle Hlai dgag (e () -Basly Legad Vims deyadd) (55 Cuns Gipaall o
i ALy il e el a o 250U G W) e A8l Qi g sha) oladl of cld) of (9af 5ye LaaY
SSYV AR ey e Y i cliall 2l gal) A0a) o 4Dy phal) cilagy B b S hall Ul
Bl of e ety (s S gl GogdS delian U3 4y VI Ldasd) dglaasy) Hhill dgay (e Vil

146



Apkaig Al dall Al e e V) 4sSly age iy dadlls 4) $aie Gl a s ) b s (e Wilal Jan Y
@3 Gy el e lall 381K S Ol sans Atliia pai o Tasd) Cun e audiias W (4 LY LaaY)
&5 (Bl ol dadll Jie ala i3e s sf) Spontaneous Processes &l Laaall clehay) s
SaS liall se 05 o dayds Sl gllaal gl dlls ) J8 Sualinsa il Ledlain) dusSg Sl Al g
SAI Gl Baaall debuall 4
b Sl il Jlaally Plawa¥) o ile dllia o) maals
S=f(w)
LY Gl aiiin A8 228 alasy
S W 5 Wa lllaa) s g Sl dlla b Lgie JS 220 B 5 A (e glaas Ll o (38 13)
Sealinnga il JLaaV1 3] el wwa cpalaill Yy ¢AidlySall 4al bl (ga IS 3 lanl) Y Bl Ll
Dot lae Oaelail) Jady (531 AB ganal) alaill
Was=Wa . Ws
SaB = Sa + SB
:QT EI IS il
SWa Wg) = f(Wa) +fAWs)
slealil) Asbead) ) Qs g 3 Ascills (981 830 o8 WA 3 saailly 550 5,01 3] Jicaliny
WaWsf" (WaWs)+f'(WaWg)=0
W= Wa Wy lircas 135
wrm+f(wy=0
tleds dlaala dalee a4
FWM=Ci1InW+Cy (=8)
Jadll 0 Les s Cie Ly Gams Jgiaa (giaa b Gygai il Dall aaaill sha) o culsil) aladYs
O ety aaall (Sl5 L Dia (ol (Bhad) A llig) Ldalall A8l 8 sl 08 hia Glslas 8)alls
: 8 2 moles (goled Ul (e Laall Plawa¥) 8 uaal) of (gl il ) ity Jasall
S,-8,=2(¢,In(T,/T,)+RIn(V,/V}))=2RIn(2) (=T, =T;:V,=27,)
Lt hpaal) aal 4 Glial) s seagl Sualingaill Jlaa¥l IS sall saatl) (8 a3ls Al dea
B 5 A giaall e IS 8 (55 N 3sas Jlain) (gl callinls ageiss Jlainl gl cal) saaill aas Wl ¢] (gl
: ¢ (Avogadro’s Number 5 2lagdl sac sa Ny Cus)
Wi=1; Wz:(2]\//1)-//(]\//1-’)2
In (N!) ~ N (In(N) — 1) 8080 2acY) g peiaal mleas & Sterling formula zilyiw sac B Gk,
In(W,)= 2N ,Jin(2N ;) =1]=2[N ,(in(N ;)= 1)] = 2N, In(2)
ol Cr culll) alay] (e Al
S,—S,=2RIn(2)=C,(In(W,)~In(W,))=C,(2N,In2-0) =C,=R/N, =k

147



oylie) (Sad Cr il Ll .Boltzman Constant k=1.380 6488x1073 J/K slejils i sa k Gus
Al Jai élling .S=0 PlaaaY) ladie (o< Lueaye At 1 Jlainy) il Zslady) Alall Was)h 13 i a
13l dalal)
S =k In(W)
On ADL @) sa Lghan LBl ue Jal Lgalaan i ane ST agill g el Lghan cdlalgl) Al o3
3y Aully cliall dly dall ASall ool (Sl oy WS sl de il (Al 50 Jail 405 dally PlaaaY)
Plaaa) oy (dadl) (S cilinjall ddlsdial) Aall ddadiye 8l a5 cBa Cideial LS Liady - Plaara!

Principle of entropy increase JMaaa¥) 330 iaa 9 -7

Plawal G (0 =0 shall o lag) Pl & 5uill  alel) Capail) (o 2a e Jpate plai Alla Lisya 13)
Principle of Plaeca¥l 53b) lasa e L sa5 . allaals 13 entropy of isolated systems aljaiall oLl
e - liall e dgana Sy € dae (e Al Aljeiall alaill &y ally s ia laie 589 .entropy increase
iaa decay Plaaal & o Jirie plas Jaly dabiall (aoay 48l ol AS5a d8lk) CulSall B (o ells
Bl dads el A8 b e L)) ) (RealSalDU slas o AT Hreae sh ) @llSiaVL Joam Lol Cus
GhLa (e Bhall Gl 39ag A Bhall cilays S Y (golall gai Jhaials 455 il ehal aues
e DM e Ml e iay Miung gyl ans o () (alSai ehal Liad sag) 53l shabiall ] sl
ol Jsll Y pSaall i cad i (ghal) cagall Ayl oo Lo el 58 138 QIS JlAE s (4 sl
@ e Bl dobiy o A Ve Ladas JSS 5800 Lptied 1) LSS 0580 e ada Lo 13] e Plaa V) 5al3 Tae
5L fane gt . Al s (o) Shaa] Ao S0l e Cueale A Ol man Loy b ailh AT o
Aol Jyamsll JSS 060 Joitd Tandll Gt s (Sl cs IS adandli el 25350 Jiaie ol e Plae syl
LS il B adBliing Jas dae el g8 (@l sl

) Al Waliaal) (il 8 Jga dolal eBls 10 - 7

JI) e (el 138 8 (gan ) el JS L opel€ il Ay 3 LSS LS edsllall Jals ¢ G
38 3lai A (sas (gHae Lol cdal) \Sualinall pilsh (gf cdBUall Jals pSas A cpilsill 8 i (galal) cailal)
oo (ghuald golhs iy plal)

e e Liplaty Lihd PA (e gaeal) Lade i 1 gl 05Y) 3l (e 2ae i cole IS b
Al aalisall g8 L alall 138 3 (9AY) cpilsall DSzl Y L) sl oY) w Ally coiadl GYT Uy oy 8
s s Al 5SS LS tolaally (o Lo ol Lagoad) BdsY) ileal) Cilima 3 e iS5 Aniiiese (plsh el

i) Al g Lia e Plaecal) pllid) Alall Lals e ANl entropy Plasal 2al 5Las) els adlall oIS 13a Jal !

Jal . (en-ergy) s AalS (ga cpbin Jg¥ ALYl ol s Sl "tropy” AuiueY) dall) (e 330 36 entropy e dadlll Wi

Slally cdllell cile ) by adlgall (& Aalall dllSia¥) o0 a8 Al vortices dselsall illill LAY sa (hsall 588 jladl ehy cavd)

i LS ke Jrd ) Lebisat oS Y ol alal) bl padnes A Alsledd) 3 glas Dlaaa¥) Y L8] s W e Jyy Ll

lad s o g Alaiy) AalCl A ja dans & (e Yoy e Phaasial adlll slaie] Ganall 3l pane 58 38 ST doeadty S Jad
alie S 4l LaliieY GBS 138 8 daging L gag cageaiall Saalls duplady) Aallly pfaaiall e oSl o Y Sl gl s

148



zhial s @Al Al g OF) lewprin L lgia ley (AN il AIS it (S il slan Bypm b it lia
Gitiay A3yl el Byaal) 038 8 53lll awldl aullall ) clalin W) es e ol dale dpi i ol
Aphall Kabiall (plsdl Aalglly dalall HEY) (o gia Jia LiSly paeall (0 ldle

Ol Agilas g 1-10-7
Aabaal) 38U ST o el aaly o dl dilida jpea e L A OIS pea of Jo) (gl S5

Cusans cAilide jaalia] davadil zlind (i€l Ay B LS LS ool Jiai (S gl Sl agbad ) pann
aliall (p ABe A8zl V) SLalS (05K Y OsSl ygaat ()l il e (3lie il O um oS L palia
AGall llatiie xuag dBlag AS)s d8la V) oo Lo Dl dadafal) Z8Ual) L il Cue e Lo Ay (o) g ang
5p ) alail) Jlaa o dadlsl dakuial) b Al odgy Wiy Ualiy) asiye Shal) dals of dy - clissall 2l dal
Ja o ST GsSl lagd gl e Ll aals 5 palls Aol Z8Uall oy Sl L (10580 Aiahyal sUHA) o sgha 59
il e Lbail) Gary JSC sl Lo 1) dalal gty o cliiall da gidll dey ol W) Lalad Lasiye Jaall of
aseie llin (s . lgagdl gl lalidael eland V) & ) cdbiaal &8l JICET o raly - (and) Lgdan o Aol
Il 4 5 i L ga "gaadl AT dadl (8 o) s Saa) o 58l ag A8l JIS a0 maaa o peng (S
o sl Los—a (e i eiSly canly o i 03 AL oAl ) dugsil) AUy dglasl) d8lhal) Gl b Lay el
g Oslal) Gald Kl el ga 13 LAY cuall o Lgila

e Mie Eany Le 13a L oeSall 5f ABSE Joa o (Ko d8lall o 4 _alad) Ayl Aylas X5 g AT dga (e
Cilig figs (a3 S (ra L3sKe Lgbyad Al Asall lsil maan (oSl 45 6Call Mgall paaad ) jUa il o & Lol
A8l . peSall of Ailal Joam off (Ko DN 5 aliall 538 gaeny Y] e Adlide iy cilig S5 lighg s
M sy el ysea V) et L Bl 5ol o aad il cdalall Lppestl) Aty Jo¥1 0l clae (i silal

OB Olaials

LSl Ailang 08 e DISE Aaldd) L) A i aa Y1 O gAY

AN O $IAL Apilany) dapdal) 2-10-7

Gl n @liiall 48 @lam Mg (oiaa o Gluiall a8 Jea 4 why cua (gl JEal Lae 13)
aaly fase e (gyae YD adiny o] ipaall O (glaiall sl sa Vi) SV aygl of sl salé oLdls e
B WS AT ais 6l Jlaa) (e 8 5 moay gslaall Jlaial o WS L4005 el Al cliniall 3S5m 05 sa
s b linall ST 55 e @b asl @l pae OIS o) dugS g SL il dgag (e - liall axe
Jaaall Al adiyal) Jaiall didaia e Sl (g aiias UL wiipe Jaiia Lo Ll Jsiiwn US ¢ piiaal)
Gl pd) piye Jacsgio R o Lie aiaill B goledll are IS 1) Ll L pdlsl) S (il e el ataial)
Stlbs @AY Al e bl (saa] (B LS il phall das o) a5y Sl IS Jsiiw US (b all b
Slas) I bprud (Ko elpadll ol Qlel (8 daaal) & phall Jli) ool o ol Legin Hhall (graiin

L) Jgumsll AT bl (Y s Y
W Alian ) dagalall Cara @lldg (paa¥) oyt yliall allall aa ayas Jolaill 8y ycal ()l 4t cany Ui
G5 (gl Jlainl 8 Alall 038 b L lan DU ciliial) sae (IS13) ek oY) Ak Al 4] Wags

149



G ebdl) olgd ol Lad Ml L las 3l (gladll axe Jlain) ols Sl ¢(gsladll axe Jlain) (g 2L S
sl O Ay Lasas slijuil) 8 485 yna Ay b sy . Laily Gaam o S e ol 38aD O Lhgas adisia LS
ia i Bl DY) 8 dala (6% Y 8 3l acY) 8 dalla el Al Guilgils L i 1A Caass dasl)
Pl sally ligig pll sae A Cae (§530) Jpan) pealic it oI Skl 5yl BEAY)

ey LY aliall € GsSl i diles ¥ Le ) das el sae oIS 13 adi Al A8 kel Allal)
Ol ok of Ll of ad L ) Gl Ginns Loy il o) e Allal) 038 L e ylle il
Oy s (Ve ) Lo el o 2S5 Y Y 0l o Jaas o (e Y Lald (JSS 0l (ggiana o asaa S
Y asly () gds i) e S LT (1) gy Jlan) o) Jsi ol (58 4l gl o (e ) AT ebal
sae 33 13l . UlSas Lia) LY ol jiall (o) 5anls By sly Jin¥) o —a (&) ehal) g5y AlS) 2t
I93ne jon (8 sy UiSas oy alall oladU Callae eha) g585 Jlaa) Gl ol lall ) i W doad ilinsall
layee Jal€ 8 Layas B V1 S0 il oty 38 (KK (05S0 Aaally L Sganadl 5ndl 138 L0580 (0 L
JilKag ey JSS 0l e S acs A ra Y Lo sag Cag el

dailas) §)guan (819 Allhaa §) guas daoaua Cud pliudl) Guilgd (e aally AGN O gl

A OBl Auilany) daphal) £ g o spdilly el 3-10-7
Lt claginy duasg G Lagin Oipas 0o 435S e 4 Cligall (e Le laae g Liniag ) dglal) dajal)
A0 Ll cLeSobas aliy 908 (Y aads Y gl cAly el Al ciliiall ASja of Lica gl Ldals (AT daiay
b i) e aai Las (Kl iy (5] (8 LAY s g dlelid b e Al gl jlas) b dal)
Wl & AV Ciailly Capal) a8 el Gl aals Jlaial) ol dcane Adlas] il Yy 436 4a)
e ) 138 (e aiylls (Slg gl a8 s e aaalgll sgiall L AT Jlaal 6l e L5 58T Jlaal) sa (52Y)
Dl Ao Joliil |ie ane 130 any VT L liiall e 508 Ao sene ol o Alsg sl Koy ili (120
ol ARl v 13t AT I die Y1 Y Sa "0 i o) (g prese o) o' sliaal) I € sl
S8l g gane ol A L)

‘ﬂ.‘lgﬁuﬁm‘i‘ijw\&w@spoéﬁdﬂ\au‘g\

€0 jata alii ¢y 5S0 Ja 4-10-7
et Lalai o)) (Sep IS G O e e daall (ghall ugall ki sl 138 e GlaY) Lasp
b Gige Alal JSK U Jgun 8y 3l (350w Plaaaall 5245 Tase b Wiaie Ladas Jedlls o580 Gyael 13
e Ladas JSC 458l liie) (e o DAT Jiran Tlasaia 2SI 12a Jed
(Bl el Tase o ol elaball s 3Ll slieY) o aguiall Gsin cJinie alas JSS 0l of ¢ paiing (1
Balall o3a o LS. g3 Y sed salall oda ali 5 of (Sa () LA Ll cBagana sale 0sS Lgia sSall Balall o
Ji by sagana Lils Lgi€ly salyia Lalaal Ja i <1 (Big Bang suSll i) doylas) et e sa0 dlla b
DY)l & Al PA e cJimie ai€ el Gl G dala e llia s8I DU aaall g Ll
- ke S Llae Lel) ey Al ¥) cuad alladl) Ll (& Ally ¢ Sl

150




Ll ehal igr—ia o a2l 8IS duale IV s ally Sl jlad) Al 8 @S s ol L Ll
Y sl Jolill . la asplad il ss Jols DS e Yymie plaill 6 o IS s Ll s ¥ LSl L lgule
gl a5 IS dupni ohig Wlgs caany L o aing Sy i€ 5l 058 s Jsn lalie (8 Jsaall £ liny
Aijed) Cige 58 Lo sn dall Jlgad) (805 ¢Sl Lonlal) i o€al) iy WIS 130l ()5Sl 2gemtall Lo 0 (il
IS g sale ¥ a1 OIS (s Sl ase i) 038 IS Bpa s o bl at L) Gsdlly el o)V
(o 48 llia alall (e Teda Wyliel (Ko da oSy ladsag S aad dalan Y o laall sda S 5)gShall i o<l
Jeb Aaldl UL (S0 olad) gilE sp s Ta e L olie ) il 8 agHLis Y S g eclld (e e Aa D)
Bio—a e 5l AY OlSe (e JES Uy (i Yy 205 Y Al (OSA) hloaidl) e bl dbpeally alall el oSa
Apaall JBG djae e s Y AT Gad 5 (e Laglily caginn sty aiwe 5 A Lad ddjaally olal) 18 5RY
O Ly suae Ay (ool adlslls il ale (<G S o s —a Al (he A jen (pe dah 2 4iSs
Joall of LS Lsuse 30,8 sl elld wig e Clading ) dlitie L8 (e i) Jon 38 Slia del) ) alis|
SSA G laeY A3 Dl e cnd Gl 1agls L elaes Aoy il ISE e (93 IS A e Sl lle b
s b o duale il elgu cclygill aalall 8 Liad 5 SSH AV Qulad) Gslalaty agily 8ol ol
il elg) il dashiie of LS. il e S i Wiy Leias ¢yl oda diaaied aas (soke adlsl bty Sis
S s L oY) G ae )l ol el e lali (e (530 (185 (i e o ol dale ADIAT (oalia o uine
O] L oa iy Al Adglad) JlaeY1 )y oS el A Y Aoll) dialae aa @y ()l
lal) 1) 80all ad) dxdii o Lo ga (Bl Asylay Coyaly 43) L Lle sk ol 550 AlEN) JaY Aol mllae
LegiSly Legianda & labise GULS Sally Salll dzsdall 3 . (mne (588 wdlay Ciy —aill gy gty 45Ty ((saldll
L0sSH 3] Galeaal (i0€a Laasliie) any ¢ 0sS Anlangl Jall) laiall JUal by cmadl lguiany dlial) luad
8 (e ein S O Wil o) Soawaii (52 (oSl oo Lag y Sdimia alas (pSl b £l JIg—aall g
GsSall e V) i ¥ Al Guilsal Bl e oS o) Wil o i IS (g 48 Winta Lalii e an i (<)
W aiwd sSl e ()Sall sl Limpal 1) Ll L oSl el e gadat W (Dl olad) 053la (i) 48 (salal)
o) 0Sa S @ 3] Winie Ladas ey o 4l cadde JNlg Jg¥) 0l ki Sa (s3ll5 L (golal) ()5Sl
100 plas (el (a2 Y @Al gl Al 08 DY) maes A 1ls e Lo ) Jasd iy ad i

Lpas Dosle pualic: o UigSa QIS 1) e alii o Gy PDlaaay) 535 Fasa

Sy

Ual)) anall \gudansy ddasisall A Silly duslal) opualic aans JSS Gl Ao Gl ¥ Plaal) 53l fame
o) gy A g Wiy

la glaal) 4y la% g PMaaal) 5-10-7
B Aald DS saas e yslat g information theory cilaslaall 4yl ol 1948 ple (gl g
Ciny (A Jad ¢lgd pan ¥ das landss L) s big data dea—call L) Lual sehs ae 5,330 435
il Lalle IS Lol (oS (g (Aaduial) bl Sl dasijall GULSH aal) copl) 45a b e

151




.information entropy lasteall Phaaal zoyua J<i sl Lo o o 43l Guladd (53l g
s Slas¥) slinar Plaeall 58 Lia 2 gunial)

liias L 0lS Caiagl oM binary digits or bits <) (e 23e Jil aif e Plaa ¥l 138 Cije laas
ORI 8 Aphal) ISl Alla 3 L) 13gd Al A aae 2 el oS winle sl anal) 138 (ol DlS
Sealinygayfl) JLaa¥l wile ol il 5o e (53 Plawa¥ly @liall e b s (e (5 plai (6 g Sinal)
oo el (gl i culi 1aa ga Ml leilsr cul (e bl (b ( PlaeamY) gl 4 il L gl
G5 o Jlaia) (sl e dlls i) 3T 4l s cJadl OIS Canpas of - ST Y laligia) ) sl
Oe dald Al 3me p LY (golas of iicls (@AY Al L saals Jlis) ae Capall a8 egin
@ OSls pbal) (Saaliaal) & aline g LS liia (g Lalii (05 Y 38 ey 31 LI (S oSl (53 asgial
e U dagles (gl ol B0 f Alen By9em 8 Aogled) sda (5S5 8 Linformation "desles (as¥ly AT ol
Juain) aleal) Lo aSall Al Les JaT Gin S5 Jlan Lsl e 05 Y a8 dlaall 6 Cipa (6 1S5 Jlaia)
Lim gl il agle o das dala T anplail L 13ay AT (sl agasl Lglae 05K Y S 55l & Ol 35as
G Clogleall 8 arg il (Gae aud o e lud Lol LS asg i g Bl oY) dasladll o Llial) ae clagledl)
O 55 W ask o Lie (8 (e e dpas dllin AT o cosl o g (g ilaglanall i Latie aaas of oS
& Al 0o O3 (g e Loy aags O e kg 38 ol (3] (8 Al Gaagd @ G (3 Y (ge dae pm
Lol Ake ¥ AalS paw 4l paY) o of Jaa € Jlaa) @llia Lcaal) 8258 AT das o ) 1305 il
clgleall JE5 (8 daie Grenay (53 sgill |ylas LliaY) AalIL

Cila glaal) :\:Uk.l ‘ﬁ ald (dudat Al (Al olinas Slaes)

Maxwell 's Demon J:s«Sle &y jie 6-10-7

Jax Jae il SN Gl Gulad ags 38 g3l Taine g oSle Lga i) diad 45a5 Jalid Caoall 130 Ly

Sala dus Ble (gma (s aa e Ayl (5SE L Latia Liale Dla Sl Gmns B gl aag o (¢ uS e
lead ot sall - paal) o Cliia g ye el G ol 33 o) OSa Llge Alia L oppaal A Cigiie
b sl ) a saall Ge w5 e 13 Dlsdl) i O sa Cupiall g0 L diseSle e Wil e Slea
Clia L gantion b Baal) of ssie Qi da o lld oo L Aol (3l oy ca Baall b 5aal) (e (s (550
mn (M Db s e Bhall JEl Gy Jasa Baall e (OS] ha daas S b 05 Jllg) g
o e Jad Al e KA b cdiaga (b Cujiall e 13 L S 0l Al (Jad J3 O cdie A
Cuaall e S lise s Saiaga elab Cupiall ain ) Tl o8 Le sa ) Jlgadl L) Ball sy (Bl
Glasbeall Jinuil las 808 558135 cctiliall maes A5n 2yl Heal 390 ¢ oS5 Sl e oSl Canjie 0o
e sl (s05aw Lo dbaal 3 Al =3 IS ) :L?_"\Y\ DDA ALY dany e bl Jaad Balal) (968 5)a8 9 cdailil)
olay) & gl iy b et ) ey ) lial) s e ST b Baall ) @ Baadl e day o il
Ol dila Dlgn WYzl T culs Slea ol Jie abia ¢ Gleall 13a Ll oo gilin g lgati wd ¢ uSladl)
- lede dulua clilee eha) JaY A8l 2 ling LS clgileyuny cilivial) g Liagh Jon daadially usall Cilasladl)
Anatl) sda 8 4313 Plae =) of WS adde Joanl) 6 ol IS (631 (e Sl Dl ellgn n o Calladl) Al
Ohaials lsae i o i aSaT Slea 85803 of s a4 s JBr Y ASIg ) A8l 2aS e kil aisg

152



O lern nval 5l 3K 238 o LS T DaaY) iy alSail Y eha) BSIA gaa 5uaall Cilasleal) o5l
oablindl o (ol (AL alaill  Saalinsandll Jlaia¥) (e i 1€ haae o wal Lol Ai€adll VLAl sac g caladl)
Sialiagapdl) Jan¥) 4 p€ e liny) Gla o i wdie 8 biSH dam cliall Sulisedl Jlaay)

e ST 2 liny (5315 clasleally Dlaaca¥) o Al Joa Lin asilin) (Ko g2 i) ellia 15,81

SU9AN Bl ki b oyesll Ja 7-10-7

8 A b sl o il g peb Al Y Aiiall lebal) s of Glo a3l (S 5
tay al ol Uajl cagd) e oS o1 1389 cpma®l) (S (sl pgald Il ol ol o W ¢ palicna

€ padea gl (B ol ¢ paiua Plaadal 2 gl Ja Sland) of Qi) slas) B il 138 Ja oSl

ol lgw Jalill Plaaa¥) 588 " Gley i’ LalS Ul ) Sl Lo edhail oIS Gl b Gslsis (00 220
Dl Lanilly ol (e e pseal lelsad inen (Sl BBl 6l ey e el pa s o (53)) JSS ()5S
@l Csall Lyl @y Las) . il 138 oSan Al Al e (Qaga O ) pe IS dina 58 a5 (53
gl A Gany of oS Y e allad WYY (e gy (B el e il i

O U8 ALl selyill Capas ¥ il [ 05 ol Plaaal Alls 8 4lS (o< b sl @)l Y Ll
Jie il Gadle 21 aany Ji€ (Uaras OIS Laga ¢ (gl OIS GaaYL $lcan e V) dile 0 e
& Laasdl ebs ol Waaas 0 219 V) e e Lias el dimny aalall 8 458 2 la) 53 Gseall el
leSlas ) dngad il lalall s ol -l A Wl W) el 2 1) @lsal e dllas (S5 ol GV .19 08 S elld
bl (Hlanl) Epually okail) 138 S el oSa b 22l dijes OIS e i ASK Lidde 213)) casll Lol
SN Al e Tl 2 V) L s A1 AN G o Yl il YT (e o Ayl 4nisS (53 sl
0S5 ol LY Jomdl cal€ ddhall Cign sl oda o Q3B Joks 38 € et oty aaall o (e el Al Al
Oy ecilsall ans b lasaia 138 (95 38 tids Ley 38 Y Gl Liany Liany Jiis oY) Ly JSBIUY) Sl
A ja Ll Chas g i seand) e paa dndd) of IS Gl g

iy o Lind gronia 43Sl ¢ yanl) pa i Conm (L)) pin o o 4l (L)) (g5in o
Jill tasly e S S ol o «JY) e AT ) 535 dsabaas colaal (6 iga o LS aall e Sla% 4ieSas
5o A plial aa daldg calall aST alal o lgdde uhig el djaa (e (e Tain Lo gle s canaall
e a3l L oy AR [iamy « Jud) olat) 3 adlall slail) (58 alat ey lisad) a3 Jualdl) )
o (Y1 Jls) am g V) JSS pdiadl o ol adde dgmans Lo gyl @l gl g AL ple bl o
Al Jea gy Slialh a1 gy il ol 13 Sl (e gl el mil) aelghy w3l 13 e dle o 2adl gl
alh moad

ol G Ui b e Al 8L e oLy

Ol uilal) johail) O gild g2 ALY O gilaY)

edlali (e pad a gt LSl cdadi o danls §) g 43L0) (Sa La Lgad el cABLa) dpdddl) AL
!a.:ubﬂ\ ls...ul.u_..m eJG :\:UJAA R ‘DJSjS ‘.'5.\3\ -\_-33‘93\ ewﬂb eQM\ 8% .\...i.\ﬂ\ J‘-\A uJG C'.t;u.':

153




English text 4500 ol 11 -7

7. Entropy

The previous chapter has introduced the Second Law in a rather qualitative form. A very
simple quantitative expression was given for a cycle. In this section, Second Law will be fully
analyzed to obtain a quantitative expression for a process, as well as important immediate
consequences. The concept of Entropy will be introduced through three different approaches in
order to grasp its physical meaning.

7.1. Clausius inequality

It has been proved in the previous chapter that for the Carnot cycle: |On|/ T = |Q¢| / T where
|On| and |Q| are the absolute values of heats exchanged with the hot (index /) and cold (index
¢) reservoirs; while 7j and T, are their corresponding temperatures. Since actual signs of both
heats are opposite to each other, then: (On/ Th + Qc / T¢)rev = 0, where the index rev was inserted
to stress upon the fact that this result is valid for a reversible cycle only. Any other irreversible
cycle working between the same temperatures would have a lower efficiency, i.e. a lower work
W for the same heat added Oy, i.e. a larger negative heat rejected Qc, 1.e.: (On/ Th+ QOc/ T¢)irrev
< 0. In order to generalize above results to any cycle, the general reversible process ab (Figure
7-1) during which heat Q. and work W, are exchanged will be transformed into the following
set of equivalent reversible processes. Two adiabatic processes ax and yb passing through initial
and final states a and b, as well as an isothermal process xy that is positioned such as to let the
area under axyb be the same as the area under the original process ab in a P-v chart. Comparing
the original process ab with the equivalent one axyb we find that they are equivalent, in the
sense they both exchange the same work W, (same area under the curve) and that they both
have the same internal energy change U, - U.. Hence, they should both exchange the same
amount of heat Q.. Note that heat transfer in the equivalent process is only performed in the
process xy which is isothermal.

If an engine was working according to any reversible cycle (not necessarily Carnot),
exchanging heat with the surrounding at a variable temperature (not only 2 temperatures as in
Carnot); it is always possible to divide the cycle into a large number of small Carnot cycles
(Figure 7-2). A large number of reversible adiabatic lines can be drawn to divide the cycle into
small portions. Between every adiabatic pair of lines two isothermal lines can be drawn to create
a small Carnot cycle enclosing the same area as the portion of the original cycle enclosed
between the pair of adiabatic lines. The set of small Carnot cycles created are thus equivalent
to the original cycle. In the set of Carnot cycles, heats Q1, 02, Os ... are added at temperatures
T, T>, Ts.., while heats Qu-1, On , On+1.. are rejected at temperatures 751, Tn , Th+1... Hence
for the set of equivalent cycles:

%0/ T;<0 (equality only holds for a reversible cycle)

When the number of small equivalent Carnot cycles goes to infinity, every heat exchanged
in each Carnot cycle becomes infinitesimal. It is NOT possible to express it as dQ, because heat
is NOT a state property (see below about total differentials). In some thermodynamic books,
the symbol 8Q or dQ are used. Both are, mathematically speaking, not precise. The symbol Qdt
(where Q is the time rate of heat addition and # is time) will be used here. Hence:

[, (0a/T)<0

There is another form that frequently appears in thermodynamic books:

Jotc8Q/T)<0

However, it is mathematically questionable as the integral of a small quantity that is not a
true differential is meaningless.
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The above inequality (in both forms) is called Clausius inequality. It applies to any
reversible (where equality holds) or irreversible cycle.

7.2. Entropy (closed uniform system)

As for the First Law, a cycle for a closed system will first be considered, before deducing
an expression for a process in a closed system, followed by a generalization for an open system.
A slight modification is needed though, which is the assumption of a uniform temperature,
which may vary with time only. This assumption will be relaxed before generalizing to an open
system.

Assume we have two states 1 and 2 that are connected by three reversible processes 1A2,
1B2 and 2C1 (Figure 7-3). Two reversible cycles can thus be created 1A2B1 and 1A2Cl,
Applying Clausius inequality to both reversible cycles:

LAz(Qdf/T)‘*‘ IZCI(th/T): 0
J.520at/T)+ 1., (0at/T)=0
Subtr?lcting above qquations gives:
-[lAz(th/T): LBz(th/T)

Since processes between 1 and 2 are quite general, except that they must be reversible, we
conclude that above integral does not depend on the path, but only on initial and final states.
Hence a state property can be defined, which will be called entropy S, satisfying:

SZ o Sl = -[rele(th/T) (*)
where the subscript revl2 means any reversible process between states 1 and 2. Specific
entropy s is the entropy per unit mass while molal specific entropy s is the entropy per kilo

mole.
The cycle 1D2C1 is irreversible because it contains an irreversible process 2C1. Hence:

s 0dt/T)+ [, (Qat/T)< 0
= (th/T)< e (th/T)z _IZAI(th/T)Z o (th/T): S, =5

= §5,-§= jl 2(Qa’t / T )+ AS AS,,.., 20 (equality holds for reversible processes)

irrev , irrev
Above inequality has a meaning as long as state 2 is chronologically after state 1. It
would be better to rewrite as follows to avoid any ambiguity:

dS/dt = Q/T + dS[rrev/dt dS[rrev/dt 2 0

7.3. Relations between entropy and other state properties

Suppose an irreversible process has taken place in a closed system during an infinitesimal
time df: Heat (from the second law) and work exchanged (assuming only work of changing
volume, i.e. assuming no elastic, electric, magnetic ... effects) are:

Orev dt = TdS Wiev dt = PdV

The First law then gives:

Orev dt — Wyev dt = dU = TdS — PdV

=TdS =dU + PdV

which is called Gibbs formula. Note that it only contains state properties. Hence, it is true
for reversible or irreversible processes. Its derivation has not assumed any state property
relation that would depend on material chemical composition or phase. It is hence a universally
valid relation. Let us consider an irreversible process between two states, compared to a
reversible process between the same states. The change in internal energy is the same for both
processes, because it is a state property. Hence irreversible actual heat and work (Qier dt and
Wirrev df) would both be different from their ideal reversible values (7dS and PdV) by the same
amount. In fact, from the First Law:
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AU = Qirrev dt — Wiprev dt = Oyev dt — Wiyey dt = TdS — PdV
= Qiner dt — TdS = PAV — Wiprev dt
= TdSiyrev / dt= VVfriction 20
In the above relation, Wjicion is the difference between actual and ideal mechanical power,
which is obviously always positive (or zero if no friction).
Gibbs formula can be rewritten in terms of enthalpy:
7dS = dU + PdV = dH — dPV + PdV = dH — VdP
Dividing by mass and temperature 7" and integrating gives:
2du 2Pdv _2dh  2vdP
S,=8=| —+| —=| ——| —
T T T v T
Above relations will be used in next sections to get a relation between s and other state
properties for different phases and models.
7.3.1. Entropy change for a gas
For an ideal gas, du = ¢, dT ; dh = cp dT (both cp and ¢, are constant) and P v = R T. Hence,
by substituting in above relations and integrating:

Sy =8 :cvln(Tz/Tl)"‘Rl”(vz/"l):CPI”(Tz/Yi)_RZ”(IDz/})l)

For a semi-ideal gas, the only difference compared to an ideal gas is the fact that cp and ¢,
are temperature dependent. Hence, the following quantities are usually defined and tabulated:

o(7)— (T <2(T) _ re,(T) o (7 2(T)
s (T) = JTO PT dT v, (T) = exp(— J.To RT de P (T) = exp(J}O PR—TdT
where 7o is a certain reference temperature. Using above quantities gives:

o5, = [ DarRin(p B)=(1)-5*()- R P)

T
For an isentropic process s2 = 51, we have:
ol (22T ) _B(T) _ re,(7) ;) _v(D)
i =enf [ 0 |- 2, el =[S )

which are simple and convenient relations to calculate state properties in this process.

For real gases use can be made of thermodynamic tables giving specific entropy as a
function of pressure and temperature. These tables were constructed using Maxwell’s
thermodynamic relations (partial differential equations) that will be studied in part 2.

7.3.2. Entropy change for solids and liquids

Since volume of solids and liquids remains essentially constant:

s2—81=8(12)—s(T) ~cIn(T>/ T1)

7.3.3. Entropy change during phase change
Because entropy is an extensive property, the specific entropy of a wet steam, for instance,
can be calculated from specific entropy of saturated liquid sy and saturated steam s, as well as
dryness fraction x through:

s=xsgt(l—x)sr =srtxsp=se—(1-x) sz (S7e= 8¢ - 5/)
Note that during phase change at constant pressure, temperature remains constant. Hence:
Tds = dh = Sfg = hg | T

7.3.4. Entropy change for gas mixtures
For an ideal gas mixture, having mass fractions x; and mole (or volume) fractions y;, mixture
entropy can be calculated as the sum of the entropy of each constituent s; based on Dalton’s
model: Every gaseous constituent occupies the full volume of the mixture and has the same
mixture temperature, but its pressure is the partial pressure P;:
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§= 2% S =2 ViSi

Note that mixing is an irreversible process. Hence, entropy increases during mixing. To
show it, consider the following simple example. Two gases occupy two adjacent thermally
insulated rooms having initially the same pressure, volume and temperature:

P1=P,=P; T'=1>=T, V1=Vo=V

The mass of each gas is calculated from ideal gas equation of state: m; = w; (PV / .4T)

The wall separating the two rooms will be eliminated allowing them to mix. Rooms are
insulated, which means mixture final temperature will remain constant (no work is done by or
on the system):

Tnix=T1 =12

Each gas will expand at constant temperature to occupy double of its initial volume.

Vimix=V1+V2=2V

Hence the partial pressure of each gas will be half of the initial pressure:

P]-after: PZ-after: P2

Mixture pressure is the sum of partial pressures; i.e. mixture pressure is the same as initial
pressure:

Puix = P/2 + P/2 = P, = P>.

Despite the fact that pressure and temperature have not changed, entropy should change due
to mixing which is an irreversible process. In fact, each gas has freely expanded in the space
occupied by the other.

AS=(PVI.AT) { w1 [cpln(Tmid T1)FR1UR(V i/ V1)]
+12 [epln(Tmid T2)TR2UN(V iind V2) 1}
=(PVIT) { 1/R1 [0+R1In(2)] + 1/R2 [0+R2In(2)] } = (PVIT) 2In(2)>0
This is also AS;.v since process is adiabatic.

7.4. Thermodynamic charts 7-s and A-s

Thermodynamic charts can be built using any two properties as coordinates. The specific
entropy s is usually taken as the abscissa in thermodynamic charts. The ordinate is either
specific enthalpy 4 (4-s chart) or temperature 7' (7-s chart). The area under the curve describing
a process in 7-s chart has a special meaning. From the definition of entropy:

7dS = Qdt + TdS,, ., . Hence by integration: le TdS = Q,, + Lz 7dS,

Neglecting sources of irreversibility (friction for instance) means that the area under the
curve is simply the heat exchanged. Remember, the area under the curve in P-v chart was the
work, neglecting friction. This is the reason behind the popularity of both charts.

7.4.1. Constant volume lines

For ideal gases, as seen before, undergoing an isochoric process:

Tds = du+0=c,dT = T = Toexp(s/cy)

(entropy was considered s=0 at the reference temperature 7y). Hence, constant volume lines
match an exponential function in a 7-s chart. For the /-5 chart, both sides can be multiplied by
cp to get h. Curve shape hence does not change. For real gases, the curve is not exponential, but
the increase is very rapid anyway (Figure 7-4).

7.4.2. Constant pressure lines

For ideal gases, constant pressure implies:

Tds = dh-0 = cpdT = T = Toexp(s/cp)

(entropy was considered s=0 at the reference temperature 7). Hence, constant pressure lines
also match an exponential function, except that the rate of increase is slower than constant
volume lines since cp > ¢,. This also applies for the /-s chart, as before. For real gases, curves
do not represent an exponential function, although they are rather similar to it (Figure 7-4). For
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the wet vapor region, constant pressure implies constant temperature. Hence constant pressure
lines are straight horizontal lines in 7-s chart within the wet vapor region. As for the 4-s chart,
note that constant temperature and pressure implies:

Tds = dh = dh/ds = T = const

This means that constant pressure lines in the wet vapor region of the 4-s chart become
straight lines having a slope that increases as pressure (hence temperature) increases. At the
critical point, constant pressure line becomes tangent to saturation lines.

7.4.3. Constant temperature lines

In a T-s chart, constant temperature lines are trivially straight horizontal lines. This is also
true in a h-s chart, only as long as we are far enough from saturation lines, i.e. as long as the
gas behavior is close enough to an ideal gas, for which enthalpy is simply proportional to
temperature (Figure 7-4). Inside the wet vapor region, constant temperature lines are the same
as constant pressure, i.e. they are straight inclined lines. In fact, horizontal straight constant
temperature lines in the saturation region bend to match inclined lines as we approach saturation
line.

7.5. Entropy of a non-uniform system

In the previous section, for simplicity, temperature was considered uniform within the
system that can only vary with time. This gave:

ds/dt = O/T + dSime/dt dSirre/dt >0

The time rate form was used here, which will be integrated with time later in this section to
get an expression for entropy from an initial state 1 to a final state 2.

Note that heat is an energy that crosses system boundaries from an external source. System
may concurrently exchange with different sources, having different temperatures, at different
points on the boundaries. Heat flux density ¢ will be defined as the time rate of heat exchange
by unit area through an infinitesimal area dA. Its units are W/m?. Hence, by integration over the
whole system boundaries:

Q = §Areaq d4

Similarly, the first term in the quantitative expression of the Second Law becomes:
dS/dt = §Ar€a (q./T)dA + d irrev /dt

Integration wrt time gives:
AS = ItlfArea (Q/T)dAﬁt + ASirrev

It is usually possible to simplify above expression by assuming that heat is exchanged over

a limited number of areas 4;, ie[1,N], such that temperature remains uniform over each area 7.
Hence:

i@/ ThA =20 [, daa)/T; =32, 0./,

where O is the time rate of exchange of heat across the area A4;. If, in addition, temperature
does not change with time:

AS = IIHArea (q/T)dAPt + ASirrev = 21]\;1 QI/T; + ASz’rrev

where Q; is the heat exchanged across the area A; during process time. The latter expression
is very common that frequently appears in many references. In this section it was properly
deduced to realize conditions of its validity.

7.6. Entropy for an open system
7.6.1. Deducing the general form
Let us study a control volume cv (i.e. open system, which is delimited by the double line
wall, Figure 7-5) over a certain period of time during which a mass m;, enters and a mass 7
leaves. Mass stored in the system may change from micy,pefore tO Mev,afier. The system may also
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exchange heat across any portion of its boundaries. Consider a portion d4 of system boundaries
having a temperature 7" across which heat power is gdA, where ¢ is the heat per unit area and
time.

In order to get an expression of entropy change based on the expression derived earlier for
a closed system let us consider the control mass cm (i.e. closed system, which is delimited by
the single line wall), which initially (left part of Figure 7-5) encloses the initial mass in the open
system ey, pefore as Well as the mass that will enter m;,. The closed system moves with this mass,
in order to contain at the end of the process the mass finally stored mcy,qfier plus the mass that
leaves mou (right part of Figure 7-5). Entropy change of the control mass cm is:

Semafter = Sem before = J;U 4 dAj dt+AS,,,,

Area T
where AS;e» expresses internal sources of irreversibility. But:
Scm,before = MinSin + (ms)cv,before Scm,qﬁer = MowtSour T (ms)cv,after

The change of entropy for the control volume cv is thus:

(ms)cv,qftel' - (ms)cv,before = (mS)in - (ms)out + J‘t(§Area % dAj dt + ASirrev

which can be rewritten in a time rate form:
dlns Y, =), ~Gis) +(§, Lt |,

Please note that the last term in the RHS expresses only internal sources of irreversibility.
As for external sources, such as heat transfer with a reservoir at a temperature that is higher or
lower than system temperature, it has to be calculated as follows. Consider an isolated system
composed of the open system, masses entering and leaving as well as the reservoir. Calculate
entropy change of each part. The sum of all changes is the total entropy production during the
process.

7.6.2. Isentropic efficiency

In an adiabatic process, since there is no heat exchange, ds = dsiyrev. If the process was also
reversible, then entropy change would vanish. A reversible adiabatic process is an isentropic
process, which is represented in both 7-s and A-s charts as a straight vertical line, going up
(higher enthalpy and/or temperature) in case of compression or down in case of expansion. In
case of an irreversible process, entropy will increase in either compression or expansion (Figure
7-6). In case of expansion from state a at P to P2, the curve bends towards the right to reach
state b instead of b'. In case of compression between same pressures from state ¢ the curve
bends towards d instead of d'. These are actual processes of expansion in a turbine or nozzle as
well as compression in either compressor or diffuser. To describe them the isentropic efficiency
Nis has been defined as a ratio between real and reversible optimal process such as to let the
ratio be always less than 1, i.e.:

Nis,expansion = (ha - hb)/(ha - hb’); WNis,compression = (hd’ - hc)/(hd - hc)

7.7. Entropy from Caratheodory
7.7.1. Total (or exact) differentials
Before deriving a relation for entropy from Caratheodory statement of Second Law, some
relations concerning total differentials has to be revised. The differential du of a continuous

. . . : 2 . .
function u, satisfies the obvious relation: _[1 du=u, —u, . This means that the integral only

depends on initial and final points, not the path followed between these points. This is the
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concept introduced in the beginning of the book called state properties. In mathematical
wording, the differential of a state property is a total differential. The differential quantity Pdv
is also an infinitesimal quantity, but its integral depends on both initial and final points as well

as the path followed between them (Lﬁdv # Lé’zdv ). The result of any of these integrals is the

area under the curve in a P-v chart, which obviously depends on the curve shape. That was
stated in the beginning of this book about work as a path function. In mathematical wording we
say that this quantity is not a total differential. In general, a differential quantity depending on
two variables must satisfy a certain condition in order to be a total differential. Euler has
developed a condition for the quantity:

S(x,y) dxt g (x,y) dy

To be a total differential the following condition must be satisfied:

(O f/ y)=(0g/ dx)ly

To prove it, suppose a function 4 exists such as to transform it into a total differential:

dh = f(x,y) dxt g (x, y) dy

If this function exists, it should satisfy, applying the chain rule:

dh = Oh/Ox dx +0h/0y dy

= f=0h/Ox ; g=0Oh/oy ;

= 0?h/oxOy =0 f/ Oy =0 g/ Ox

If the above differential was not a total derivative, it is sometimes possible to transform it
into a total differential by multiplying it by the so-called an integrating factor as shown by the
following example. Examine the differential quantity:

2ydx + xdy

Clearly: 6(2y)/0y=2 # O0(x)/0x=1. Hence, it is not a total differential. If it was multiplied by
x we get the new quantity: 2xydx + x’dy. Euler test gives: 6(2xy)/0y= 2x ; 0(x*)/0x=2x. This
means it has become a total differential. In fact the required function / exists:

h = x*y = dh = 2xydx + x*dy

= Lz (2xydx+ xzdy)= hy, —h

7.7.2. Deriving entropy relation with other properties

Any point on a P-v chart represents a given state. Constant pressure, constant volume or
constant temperature lines represent each a family of curves (Figure 7-7, left part). At each
point in this chart, state properties are the values of each constant property line passing by it.
Obviously, lines of constant property cannot intersect, because the state property cannot have
two different values at the same state.

Caratheodory’s statement of the Second law allows us to define a new state property. It
states that no two reversible adiabatic lines can intersect, which means a state property can be
defined, which will be called entropy s, such as to remain constant on any reversible adiabatic
line (Figure 7-7 right part).

Let us study the following differential quantity:

du + Pdv (*)
For a reversible process, the term Pdv will represent work:
W}ﬁev dt = PdV

Hence the whole expression (*) would represent heat exchanged per unit mass. If the
process was both reversible and adiabatic, then the above expression would vanish.

du + Pdv = du + Ve dt = Grev dt =0 (because reversible and adiabatic)

if the process was adiabatic but irreversible, due to friction for instance, then:

Wreal dt < Pdv
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If work was done by the system, friction would reduce its absolute value. If work was done
on the system, friction would increase its absolute value, but since work is negative in this case,
the above inequality is always true. Hence, for an adiabatic irreversible process:

Great dt = 0 =du + Wrea dt = du + Pdv + (Wrea dt — Pdv)

= du + Pdv> 0 (adiabatic, but not reversible)

In case heat was transferred, the expression (*) may be either positive or negative depending
on the direction of heat transferred. This expression is not, however, a total differential because
of the term Pdyv.

In order to construct a state property out of it, we need an integration factor that can be
easily derived for the special case of ideal gases, which is (1/7). For ideal gases:

(dutPdv) /| T= (c¢/T) dT+ (P/T) dv .
Euler condition gives:
[o(c, /T)/av], =0
[o(p/T)/oT] =[o(R/v)/oT] =0

This means that this quantity is in fact a total differential and that we can write:

ds =(du + Pdv)/ T

ds=0  For reversible adiabatic processes

This does not constitute a proof of the Second Law, because it is only a special case related
to ideal gases. Caratheodory’s statement ensures that such state property exists in general for
any material.

Considering the fact that reversible work is always greater than irreversible one, above
expression can be rewritten as:

ds/dt> q/T;i.e.:ds/dt = q/T+ dsirer / dt.

dsirev | dt = 0 for a reversible process

dsirrev | dt > 0 for an irreversible process

dsirrev | dt <0 is impossible for any process

7.8. Entropy and thermodynamic probability

Statistical thermodynamics is a powerful, though complicated, tool to study physical
phenomena. It will be used here in a very simple set of cases, with the purpose of understanding
the concept of entropy, when and why it should increase or decrease, rather than a tool to model
or calculate its value in engineering applications.

Let us revise some data about stochastic processes. If a system can exist in a set of mutually
exclusive states and if the specific state it occupies was determined in a fully random way, then
the probability of occupying a state is equal to that of occupying another state. This is called
the principle of equal probabilities. For instance, a dice used in backgammon or many other
games, has six faces numbered from 1 to 6. If the dice density was perfectly uniform, the
number obtained will be perfectly random. Hence, the probability of having the number 2 for
example is 1/6. Th probability of occurrence of either of two mutually esculent events is the
sum of probabilities of each. For example, the probability of having either 2 or 51s 1/6 + 1/6 =
1/3. The probability of occurrence of two independent events is the product of probabilities.
For example the probability that a pair of dices give 6 each, is: 1/6 . 1/6 = 1/36. Finally, the
number of ways N different objects can be arranged in N different rooms is factorial N: N!.

Consider a box having an internal partition separating it into two rooms A and B of equal
volume. The partition has a hole allowing molecules movement between rooms. The box
contains N numbered (hence distinguishable) molecules. Molecules move freely and randomly,
hence the probability for each molecule to occupy one room is the same as that of occupying
the other room. Any distribution of molecules between both rooms that takes into account their
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identity is called a Microstate. A distribution that is given in terms of the number of molecules
in room A (Na) and that in room B (Ng = N — Na) regardless of the identity of molecules is
called a Macrostate. For example, if N = 4, one of the possible macrostates is Na = 1, Ng = 3.
There are 4 different microstates corresponding to this macrostate given by:

— Molecule no. 1 is in room A, all other molecules in room B
— Molecule no. 2 is in room A, all other molecules in room B
—  Molecule no. 3 is in room A, all other molecules in room B

— Molecule no. 4 is in room A, all other molecules in room B
The probability of any microstate is equal to that of another microstate, due to the random
and free motion of molecules. The thermodynamic probability of a given macrostate is defined
as the number of corresponding microstates. It is similar to the usual concept of probability of
the macrostate itself, except that it is not divided by M.

The number of arrangements of N distinguishable molecules in the whole box is N!. The
number of arrangements of Na distinguishable molecules in room A is Na!, and that of N
molecules in room B is Ng!. Hence, the thermodynamic probability Wag of the macrostate: Na
in A, N in B is:

Was = N'//(NA'/ NB'/)

As an example, Table 7-1 was constructed to show the result of application of this relation
for all macrostates related to N=4.

Please note that we can only measure (or be influenced by) macrostates; because we cannot
distinguish between two similar molecules present in the same room. From this table we can
see that the probability of equal distribution is higher than that of all molecules in one room.
The difference between both probabilities increases with the number N. a gram-mole of any
material contains a large number of molecules (Avogadro’s number). Hence if we put all
molecules in one room and leave them to their random motion, they would tend to be equally
distributed between both rooms after a short time. This is called the free expansion process,
which is accompanied by an increase in the thermodynamic probability. Please note that the
proof has not involved any physical law concerning pressure difference between both rooms:
only stochastic analysis comparing probabilities in a fully random process.

The same can be said about temperature. If room A was filled with a gas at higher
temperature than room B; molecules in room A will have a higher kinetic energy. Through
random motion of molecules between both rooms, as well as random collisions between
molecules, the average kinetic energy (i.e. temperature) will tend to equalize between rooms.
Please note again that this result did not involve any physical law depending on temperature
difference between both rooms: only stochastic analysis.

Doesn’t this resemble Clausius statement of the second law? It does indeed! We can now
formulate a new statement of the Second law, based on statistical thermodynamics:

“All real spontaneous processes (i.e. without any external action such as exchanging
energy) occur from a macrostate having a lower thermodynamic probability to another
macrostate having a higher thermodynamic probability as long as the number of particles
involved is large”

Obviously, there is a relation between the thermodynamic probability and entropy:

S=fw)

To find it, let us use the following reasoning.

Consider two independent systems A and B, having each a certain macrostate of
thermodynamic probability Wa and W3 respectively. Since both systems are independent, the
thermodynamic probability Wag of the combined system AB, grouping both systems A and B
should be:

Wag=Wa . Ws
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Meanwhile, the entropy Sas of the combined system should satisfy:

SaB = Sa + S

Hence:

SWa W) =fWa) + f(Ws)

By differentiating above relation once wrt Wa, then again wrt Wg, we get:

WaWsf" (Wa Wa)+f'(WaWg)=0

Put W= Wa . Wg:

wrtm =+ (w)=0

Which is a differential equation having the general solution:

S =CInW+C (=9)

To get the constants C1 and (>, let us study a simple special case, which is that of 2 moles
of an ideal gas undergoing free expansion adiabatically such as to double its initial volume. In
the absence of heat and work, internal energy and hence temperature remains constant. Since
the volume doubles, the pressure would be reduced to half its initial value. Change in entropy
is thus:

Sy =8, =2(e, (T /1) + Rin(V, V)= 2R n(2) (v T, =T, ¥, =21)

Meanwhile, before expansion, the thermodynamic probability of all molecules present in
one room Wi = 1. After expansion, the thermodynamic probability of having equal distribution
between both rooms, each containing one mole, i.e. Avogadro’s number of molecules, is:

Wy = (N, /(N L)

Applying Sterling formula for large numbers N: /n (N!) ~ N (In(N) — 1)

in(W,) = 2N, Jin(2N ;) =1]=2[N ,(in(N ;)= 1)] = 2N , In(2)

Hence, we can get C1 by substitution

S, =S, = 2R n(2) = C\(in(W,) — In(W,))= C,(2N ,in2-0) =C,=R/N,=k

In which k is Boltzmann Constant &=1.380 6488x10723 J/K. As for C it can be considered
as 0 for the reference value of S when W=1. Hence C> =0, i.e.:

S =kin(W)

This important result was derived for only one goal: understanding the physical meaning of
entropy rather than using it to solve problems. Entropy is clearly related with the level of
disorder.

7.9. Principle of entropy increase

For an isolated system, since Q = 0 by definition, entropy should continuously increase:
dS/dt = dSirre/dt > 0, which is known as the Principle of Entropy Increase. It is true for isolated
systems containing a large number but finite of molecules. This means that all mechanical
energies stored in it are in continuous decay by friction being transformed into internal energy.
Any temperature gradient inside the system is also in continuous decay either by direct heat
transfer from hot to cold zones, or by transformation into a mechanical energy through a heat
engine that will ultimately be also transformed into internal energy.

Some would rapidly conclude that the world is continuously heading towards a thermal
death, when all forms of mechanical energy disappear and when the whole world is at a uniform
temperature. It has been proven in the previous section that the Second Law only holds for a
large number of molecules, not a small number. Does it hold for the whole universe? Is the
number of molecules in the universe finite or infinite? Can the universe be considered as an
isolated system? All these are questions that do not have a unique answer agreed upon by all.
It is not easy to design an experiment at the scale of the universe to test the validity of the
Second Law at this level. Examining the history of universe so far, it seems world is not in a
state of ‘decay’ but rather in a state of evolution due to endless new scientific achievements. Is
this evolution only apparent? Is it real but temporary? All these are questions that have popped
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up during the study of thermodynamics, without having a ‘final’ answer. They represent an
additional proof of how thermodynamics as the science of energy transformations is in the heart
of all aspects of human life at large.
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Examples JMaeday) o glaadlia] 12 - 7
Solved Examples 7: Entropy

Example 7.1 A heat reservoir at 227°C loses 600J of heat to an ambient air at 27°C.
Assuming process within the reservoir is reversible (uniform 7)), find the entropy change of

the reservoir, of air and of the whole universe.
Answer

System: 3 systems: 1) The heat reservoir; 2) Ambient air; 3) Universe (sum of all systems)
Conservation: Only energy

Energies: Heat.

Process: Heat transfer

Properties: Reservoir and air temperatures

Model: Second Law

Extensive: yes, 1 value: Heat

Common model to all systems: AS =X Oi/T; + ASirrev

System 1: Heat reservoir:
Within the reservoir ASi-., = 0 (internally reversible).
= ASreservoir =— 600/ (227+273) =— 1.2 J/K (heat is rejected)

System 2: Air:
Within air AS, = 0 (internally reversible).
ASair  =+600/( 27+273) =+2.0 J/K (heat is added)

System 3: Universe = Reservoir + Air:
Total heat = 0 (no heat crossing universe boundaries).
ASuniverse = ASreservoir T ASair =2 — 1.2 = 0.8 J/K > 0 (irreversible process)

Example 7.2 A cycle is performed on 1 kg of
air as shown in figure. Process 12: Reversible T 2
1sobaric heating from 11 bar and 60 °C to 280
°C; Process 23: Irreversible adiabatic
expansion to 0.7 bar and 4.5 °C; Process 34: 1
Reversible isothermal cooling; Process 41:
Isentropic compression. Calculate the entropy
change, the internal entropy production and <
X gi /T; for each process as well as for the 4 33
cycle, assuming that air behaves as: a) Ideal S
gas; b) Semi-ideal gas. Find also the
efficiency of the cycle 1234 and that of the
reversible cycle 123'4, and compare both to the Carnot's efficiency between the same
maximum and minimum temperature

Answer:

¢ ———————

System: Air (closed system)
Conservation: Only energy
Energies: Heat, Work and Internal energy.
Process: A cycle composed of 4 given processes
Properties: State 1: Py, T\ given = complete;
State 2: 75 given, process 1-2 isobaric: P, = P; = complete;
State 3: P;, T3 given = complete;
State 4: process 3-4 is isothermal 73 = T}, Process 4-1 is isentropic s3 = s4 = complete
Model: Second Law + ideal gas for air
Extensive: yes, 1 value: mass m = lkg
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In general:
We need to use both forms of the second law:

As =% qi IT; + Asiprev = [ (dh — vdp)/T
a) ¢, =1.005kl/kgK, As=c,In T»/Ti — R In P»/P;
b) As=s5%T2)—s°(T1)— R In P»/P, s° values are obtained from air tables as a function of T
e Process 1-2: Reversible isobaric Asiy e, =0
s2—51=2qi /T
a) $2—s1=c¢pIn To/T1 = 1.005 In (553/333)
=0.5098 kJ/kg K =% q; /T;
b) s2—s51=25°(T2) —s°(T1)=2.324 - 1.807 =0.517 klJ/kg. K
=%;q:/T; (from air tables at 7>, T1)
e Process 2-3: Irreversible adiabatic X; ¢; /T:= 0
AS = Asirrev
a) §3—82=Cp In T3/T2*R lnP3/P2
=1.005 * In (277.5/553) — (8.3143/28.97)* In (0.7/11)
=0.0975 kJ/kgK = ASirrev
b) s3—s52= 5°(T3)—s°(T2) — R In P3/P;
=1.624 —2.324 — (8.3143/28.97)* In (0.7/11)
=0.0905 kJ/kgK = ASirrev
e Process 3-4: Reversible isothermal As;.., = 0
As = Zi qi /T,
But, 54 =51 = 54— 53 =- ((53 — $2) + (52— 51))
a) s4—s53=-0.0975-0.5098 =-0.6073 kl/’kg.K =%, ¢q;: /T;
b) s4—53=-0.0905-0.517 =-0.6075 kl/kg K=Z; ¢ /T;
e Process 4-1: Isentropic compression As =2X; q; /T;= ASirrer=0

For the cycle 1234: As = 0 because it is a cycle

a) X;q:/T:=0.5098 + 0 —0.6073 + 0 =—0.0975 kl/kg.K
N.B.: Above quantity is negative because cycle is irreversible — Clausius inequality
ASirrer =0+ 0.0975 + 0+ 0= 0.0975 kJ/kg.K
N.B.: Above quantity is positive because irreversible
gn=q12=hy—h1=1.005 * (553 —333)=221.1 kl/kg
|gc| = |g3a| = T |sa — s3] (reversible isothermal)

=277.5*%0.6073 = 168.5 kJ/kg
Nirev=1—(qc/qn) =1 —(168.7/221.1) = 23.8 %

b) Xiqi/Ti=0.517+0-0.6075+ 0 =-0.0905 kJ/kg.K
ASirrev =0+ 0.0905 + 0+ 0 = 0.0905 kJ/kg.K
gn=q12=hy—h1 =557.9-333.4=2245kl/kgK
lgc| = Ig3a| = T (53— s4) =277.5 * 0.6075 = 168.6 kl/kg
Nirrev=1—(qc/qn) = 1 — (168.6/224.5) =24.9 %

For the cycle 123'4:

ghn=qr=h—h as before

lge| = lg3a] = Ta (52— 51) since sy = 2, 54 = S|

a) ¢qn=221.1kJ/kgK
lgcl =277.5 * 0.5098 = 141.5 kl/kg
Mev=1—(qc/qn)=1—(141.5/221.1) =36 %

N.B. reversible efficiency is greater than irreversible cycle efficiency — Carnot principle

b) g»=224.5kJ/kgK
qc=277.5%*0.517=143.5 kl/kg
Mev=1—(gc/qn) =1 —(143.5/224.5) =36.1 %

Carnot cycle efficiency between T, = 553 K, 7= 277.5 K is
Neamot= 1 — (Te/Tr) = 1- (277.5/553) = 49.8 %
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N.B. Cycle efficiency is lower than Carnot, because heat is added at an average temperature that is
lower than the highest temperature based on which Carnot efficiency has
been calculated.

Example 7.3 Air at 1 bar and 24 °C is adiabatically compressed in a
steady flow process to 1.7bar with an isentropic efficiency of 85%.
The inlet and outlet velocities are 10 and 40 m/s respectively.
Determine the final temperature, work and entropy change
assuming that air behaves as: a) Ideal gas b) Semi-ideal gas.

Answer:

System: Air in compressor (open steady flow)

Conservation: Only energy

Energies: Work, Enthalpy and Kinetic energy; No Heat.

Process: Compression with an isentropic efficiency

Properties: Point 1: Pi, T1 given = complete; Point 2: P, given; other property from process
Model: a) 1deal gas; b) Semi-ideal gas

Extensive: None

First, we have to calculate the isentropic process between the same pressures
e To get the final temperature
Process 12': we now consider the reversible adiabatic process 12":

a) Isentropic + Ideal PV =c

But for air y = 1.4 then

TIy=T (Pz/P]) Dy

=297 *(1.7/1) ¥4 =345 62 K

b) Isentropic + Semi-ideal

P>/P; = P2/Py (From tables at 297 K, P,1 = 1.34)

P> =1.34%(1.71/1) =2.278

From gas tables at the obtained P, get 7> = 345.61 K

Process 12: we now consider the adiabatic irreversible process 12:

s = (ho-h1)/ (ha-h1)
a) Forideal gas & = ¢,T then:

0.85 =(345.62-297)/ (T»-297) =T1,=3542K
b) Using gas tables to relate /4 and 7 then:

0.85 =(346.07-297.2)/ (h>-297.2) =h,=354.7kl/kg, ,=3542K
e To get the work, from the first law we have:

g2 —wi2 = (ha— ) + (v22 = vi?)/2 qi2=0 then:
a) For ideal gas h = c,T

-wi2 = 1.005(354.2 — 297) + (40% — 10%)/2000 =wi2 =-58.24 kJ/kg
b) Using gas tables

-wiz = (354.7 - 297.2) + (40> — 10%)/2000 = wip =-58.25 kJ/kg
e To get the entropy change
a) s2—51=¢,InTo/Ti— R In P»/P,

=1.005 In (354.2/297) — (8.3143/28.97) In (1.7) = 0.0247 kJ/kg.K
b) S2—851 = SO(Tz) — SO(T1) —R 111 Pz/P1
=(1.8698 — 1.6885) — (8.3143/28.97) In (1.7) = 0.029 kJ/kg.K

Example 7.4 Steam expands in a turbine from 30 bar, 500 °C to 0.2bar adiabatically. If the
steam flow rate is 2 kg/s, what is the maximum power that could be obtained from this
turbine? What is the power and the final state of the steam when the isentropic efficiency is
90%

Answer:
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System: Steam in turbine (open steady flow)

Conservation: Only energy

Energies: Work, Enthalpy; No Heat.

Process: Expansion with an isentropic efficiency

Properties: Point 1: Pi, T1 given = complete; Point 2: P> given; other property from process
Model: Steam tables

Extensive: Yes 1: mass flow rate m

The 1* law for steady flow without KE, PE is

q12 — wi2 = (h> — i) but for adiabatic process gi> =0 = —-wn=(ha—h)
Maximum work (and hence power) is for reversible process.
Process 12 is reversible adiabatic
From steam chart at 30 bar, 500 °C: A= 3456.5 kl/kg s=7.234 kJ/kg.K
From steam chart at 0.2 bar, s= 7.234:
sr= 0.8319 kJ/kgK s,=7.9085 kl/kgK  =s<s<s, hence wet steam
X2 = (5-8))/(5¢-5y) = 0.9047
hr=251.38 klJ/kg hs=2609.7 kl/kg
hy= x hg+ (1-x) hy =2384.9 kl/kg
Maximum power = 2 (hy — h1) = 2*%(3456.5 — 2384.9) = 2143.2 kW
The actual (irreversible) adiabatic process is 13

I]is = (hs-h1)/ (ha-h1) = 90%

h3 =3456.5 —0.9%(3456.5- 2384.9) = 2492 kJ/kg
Power = Ifis Puax = 11 (h3 — h1) = 0.9%2143.2 = 1928.8 kW
Final state at 0.2 bar, s3= 2492 < h, wet steam = t=60.1°C,
x3= (h3-hp)/(hg-hy) = 0.95
§3=x3 8¢ + (1-x3) sp=7.555 kl/kgK

Example 7.5 Steam is compressed isothermally in a reversible steady flow process from
1.2bar and 250°C to 10bar. Find the change of entropy, the heat and work exchanged in
this process assuming that the steam is a) Real gas b) Ideal gas  c) Semi-ideal gas

Answer:

System: Steam in compressor (open steady flow)

Conservation: Only energy

Energies: Work, Heat and Enthalpy.

Process: Isothermal compression

Properties: Point 1: Py, T1 given = complete; Point 2: P, given, 7> = 71 = complete
Model: 3 models: a) Steam tables; b) Ideal gas; b) Semi-ideal gas

Extensive: None

a) Since the process is reversible = ASirrev=10
And since T is constant =>sm-—s1=qn/T
At 1.2 bar and 250 °C: s1=17.957 kl/kg.K h=2974.2 kJ/kg
At 10 bar and 250 °C: §2=6.923 kl/kg. K hy =2942 kl/kg

§2—81=6.923 —7.957=-1.034 kl/kg K
q12=T (52— s1) = (250+273)*(-1.031) = — 540.78 kJ/kg
From the 1 law for steady flow
wiz = q12 — (ha — hi) = - 540.78 — (2942 — 2974.2) = -508.8 kJ/kg
b) If the steam is assumed to be ideal gas:
s2—51=¢pIn To/T1 — R In P»/P,
=-(8.3143/18) In (10/1.2) = - 0.979 kJ/kg.K
g2 =T (52— 51) = (250+273)*(- 0.979) = - 512 kl/kg
The work could be obtained either from the 1% law:
W12 =d12 —Cp (Tz— Tl)ZC]12=—512 kJ/kg
Or from: wi; = — JvdP = -RT [dP/P
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=-RTIn (P:/P;)=-(8.3143/18)*523 In (10/1.2) =— 512 kl/kg
Please note that because steam is considered ideal and that process is isothermal, hence:
[Pdv=-[vdP

c) The only difference between ideal and semi-ideal gas is that ¢, depends on 7. when T is
constant both cases give the same results!

Example 7. 6 A membrane separates an insulated vessel into 2 rooms A and B. Room A
contains 2 kg of CO at 120°C and 3bar. Room B contains 3 kg of O at Sbar and 75 °C. if
the membrane ruptures, and the two gases mix, find the final temperature and pressure, the
partial pressure of each gas in the mixture and the change in entropy

Answer:

System: 3 systems: A) CO in room A; B) O2 in room B; mix) Mixture; all are closed

Conservation: Mass and Energy

Energies: Internal energies; No Work, No Heat.

Process: Mixing in a confined space (Volume of each system is fixed)

Properties: System A: P4, T4 given = complete; System B: Pg, Tp given = complete; System 3:
all properties are to be calculated from process

Model: ideal gas mixtures

Extensive: Yes 2: masses of A and B = deduce mass of mix

System A:
Initial volume of A: V4 =m4 R4 T4/ P4 = 2%(8314.5/28)*(120+273)/(3*10°) = 0.778 m?
Initial internal energy: ¢4 = Ra/(y4-1) = (8314.5/28)/(1.4 — 1)/1,000 = 0.742366 klJ/kg K
= Uy =my cva T4=2%0.742366*(120+273) = 583.5 kI
System B:
Initial volume of B: Vs = mp Rg T/ P = 3%*(8314.5/32)*(75+273)/(5%10°) = 0.543 m*
Initial internal energy: cvs = Rp/(ys-1) = (8314.5/32)/(1.4 — 1)/1,000 = 0.64957 kJ/kg K
= Up = mg cvp Tp=3%0.64957*(75+273) = 678.15kJ
System mix:
e The conservation of mass gives:
mn1ix:mA+mB:2+3:5kg
And hence the mass fraction of each gas is
xCo:2/5:0.4 x02=3/5=O.6
From which we can get the mixture molecular weight
ur=1/Zx:/ w)=1/((0.4/28) + (0.6/32)) = 30.27
And hence the mole fraction can be calculated
yco = ],lrfco / Hco = 30.27 * (0.4/28) = 0.432
Yo2 = ],lrfoz / Hoz2 = 30.27 * (06/32) = 0.568
e The conservation of energy gives:
Q- W=AU+ AKE + APE
Uaﬁer =U, before
Unix = Mumix Cv mix Tmix = Uy + Up (assume ideal gas)
But, ¢ymix = Zi xi ¢; = (0.4%0.742366) + (0.6¥0.64957) = 0.6869 kl/kg K
= Twix=367.46 K =94.46°C
e The volume of the mixture is equal to the sum of the volumes of the two rooms:
Viic = Va4 + Vs
From which we can easily calculate Py = 1 mix Rmix Tnix / Vinix
= Ppix=3.82 bar
e To get the partial pressures:
Pco = Puix yco = 3.82%0.432 = 1.651 bar
Por = Puix yor = 3.82%0.568 = 2.171 bar
e To get the entropy change:
AS =3 Xi AS,’
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As COo = CpCo In Tng/TA — Rco In Pco/PA
=1.039 In (367.46 /393) — (8.314/28) In (1.651 /3)
=0.1075 kl/kg K

AS 02 = CpO2 ln Tm,'x/TB — Roz ln Poz/PB
=0.909 In (367.46 /348) — (8.314/32) In (2.171/5)
=0.2663 klJ/kg K

AS=0.4*0.1075+ 0.6 * 0.2663 = 0.20276 kJ/kg K

N.B.: Entropy increases because mixing is an irreversible process

Example 7.7 Water is sprayed in an insulated de-superheater where it mixes with an
entering superheated steam, to obtain saturated steam at the outlet. The conditions are:
Inlet steam: m= 0.3 kg/s , P= 27 bar, =300 °C; Inlet water: P= 29 bar, =40 °C; Outlet
steam: P= 26 bar, saturated; Find the mass flow rate of water and outlet steam. Find also
the entropy change of the system and the rate of entropy production assuming steady flow.

Answer:

System: Water (all phases) in the mixer (open steady flow)

Conservation: Mass and Energy

Energies: Enthalpies; No Work, No Heat.

Process: Mixing in a steady flow process

Properties: Inlet steam: Ps s, Tsin given = complete; Inlet water: Py, Tow,in given = complete;
Outlet steam: P; .., given, saturated = given

Model: Steam tables

Extensive: Yes 1: mass of inlet steam

The mass balance gives
mS,Oll[ = ms,in + mw,in

so Hs,our = 0.3 + Hiyin (1)
The energy balance gives (neglecting KE and PE):
Q - W=Zmh = ms,in By i + mw,in hw,in = ms,out hs,out (2)
From steam tables at:
27 bar, 300 °C = hyin= 3004 kl/kg, s5,in = 6.609 kl/kg K
26 bar, saturated = hyoue = 2803 kJ/kg, s5,0u = 6.242 kJ/kg K
Water 40 °C = hywin = 170 kJ/kg, s,in = 0.572 kl/kg K

Substituting in (1) and (2)
0.3*%3004 + ity in * 170 = (0.3 + #ity,in)™ 2803
Htw,in = 0.0229 kg/s
Htg o= 0.323 kg/s
the change in entropy for the system = 0 because it is in a steady state flow.
To get the rate of entropy production:
dS irrev / dt = Zi mi Si— Qr/Tr
=- ms,in Ssin = mw,in Sw,in T ms,out S's,out
=-0.3%6.609 — 0.0229*0.572 + 0.323%6.242
=0.0197 kW/K
N.B. Process is irreversible; hence dS;y../dt must be positive

Example 7.8 A vertical frictionless piston and cylinder arrangement has a cross-sectional
area of 100 cm? contains air initially at 27°C. Piston mass is 120kg, while atmospheric
pressure is 1bar. Air is heated by an external heat reservoir having a temperature of 527°C,
as a result cylinder height has increased from 20 to 40 cm. Assuming (a) ideal gas as well
as (b) semi-ideal gas, find final temperature, as well as heat and work exchanged. Find also
change of entropy of air, as well as entropy production of the universe due to this process.

Answer:
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System: 4 systems: 1) Piston; 2) Air in the cylinder (closed); 3) Reservoir; 4) Universe
Conservation: Momentum in system 1; Energy in system 2 and 3

Energies: Heat, Work and Internal energy

Process: Isobaric for system 2

= P1 = given ; System 3: T, given
Model: a) 1deal and b) semi-ideal gas
Extensive: Yes 2: Vi and V>

Properties: System 1: mass, area and atmospheric pressure = pressure in cylinder; System 2)
initial state: 77 and V) given, P, from system 1 = v; and m.; final state: V> given, P,

System 1: Piston
Absolute pressure is the sum of air pressure and piston weight:
P =120%9.8/(100%10*)/10° + 1 = 2.18 bar
System 2: Air in cylinder
Vi=100%10"** 20102 = 0.002 m®; V> = V1 *4/2 = 0.004 m’
Mair = PV1I/RT) = 2.18%10° * 0.002/ ((8314.5/28.9)*(273+27)) = 0.005052 kg
To=Ti * V2/V1=300 * 4/2 = 600 K (isobaric and ideal gas)
Work W = [PdV=12.18*10°*(0.004 — 0.002) = 436 J
Heat Q: Quir = W+ mair Au
a) Ideal gas: Au=c, (T>—T1)=716.86 * (600 —300) = 215,357 J/kg
wir = W+ mair Au =436 +0.005052 * 215,357 =1,526J
ASuir = mair cp In (T2/T1) = 3.5258 J/K
b) Semi-ideal gas: Au = u> —u; = 435.59 —213.95=221.64 kl/kg
Quir =436 + 0.005052*221.64*1,000 = 1,555.63 J
ASair = mair (s°(T2) — 5°(T1)) = 0.005052 *(2.4106 — 1.7015)*1,000 = 3.582 J/K
System 3: Reservoir
Qres =- Qair
ASyes = Qres / Tres
a) ldeal gas: ASyes = —1.9075 J/K
b) Semi-ideal gas: ASyes = —1.9445 J/K
System 4: Universe
ASirrev = ASres + ASair
a) Ideal gas: ASirev =3.5258 — 1.9075 =1.6183 J/K
b) Semi ideal gas: ASirev = 3.582 —1.9445 =1.6375 J/K
(NB.: positive because irreversible)

Example 7.9 Water enters a frictionless tube at 2 bar, 50°C and a rate of 0.5 kg/s. The tube

is heated by an external heat reservoir at 290°C, until a dryness fraction (quality) of 0.9 is
reached at exit. Find final temperature as well as mechanical power and rate of heat
exchanged. Find the rate of entropy production.

Answer:

System: 1) Water (all phases) in the (open steady flow); 2) Reservoir; 3) Universe
Conservation: Energy

Energies: Heat and Enthalpy; No Work.

Process: Isobaric in a steady flow process

Outlet steam: P; . given, saturated = given
Model: Steam tables
Extensive: Yes 1: mass flowrate of inlet steam

Properties: Inlet steam: Py, Tsin given = complete; Inlet water: Py, Tow,in given = complete;
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System 1:

At inlet, pressure is higher than saturation pressure at the same temperature:
Psa(50°C) = 12.35 kPa < 2bar. Hence inlet fluid is in liquid state
Knowing that at 50°C: vy=0.001012; Ay=209.3 kJ/kg; sy=703.7 J/kgK
Hence h1 = hytve (P — Psar) = 209.5 kl/kg; s1=sr="703.7 J/kgK

For exit conditions at P = 2bar, x> = 0.9: wet steam.

T> = Tsar = 120.23°C

hr=1504.68 kl/kg ; hy =2706.6 kJ/kg;

sr=1.53 kJ/kgK; so = 7.1271 kJ/kgK.

Hence:

hy = (1-x2) hy+ x2 hg = 2486.4 kJ/kg

52 = (1-x2) syt x2 5¢ = 6.5674 kJ/kgK

For isobaric flow in a frictionless tube:

W=0

From first law for a steady flow process:

O =11 (ha—h1)=0.5* (2486.4 —209.5) = 1138.4 kW

System 2: Reservoir
Sres = Ores | Tres = — 1138.4 / (290+273) = — 2.022 kW/K
System 3 : Universe
Rate of entropy production:
Rate of entropy production is the total rate of entropy increase of the universe
It is composed of two components: change in Reservoir + change in Steam
¢ Entropy change of the heat reservoir: —2.022 kW/K
e Entropy change of steam:
The latter is composed of two parts: steam inside tube and steam outside tube
o Steam inside the tube
Inside the tube: dS/dt = 0 because steady state
o Steam outside the tube
Outside the tube: 0.5 kg/s have changed their entropy from s1 to s2
Ssteam = 101 (52 — 51) = 0.5%(6.5674 - 703.7/1000) = 2.932 kW/K
= Total rate of entropy production is:
Sirrev = 2.932 —-2.022 =0.91 kW/K

Example 7. 10 When a handheld gun is triggered, powder confined in a small chamber
behind the bullet, is rapidly transformed into gases at high pressure and temperature that
will propel the bullet. Bullet outside diameter is 9mm. Chamber height is 1cm. Bullet
travels a distance of 12 cm before leaving the gun at high speed. Initial conditions in the
chamber after triggering were 40 bar and 927°C. Bullet mass is 0.030 g. Expansion can be
considered as adiabatic and frictionless. Gas properties can be considered as those of air.
Find bullet exit velocity.
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Answer:

System: 1) Expanding gas (closed); 2) Bullet

Conservation: Energy

Energies: System 1) Work and internal energy, No heat; System 2) Work and kinetic energy.
Process: isentropic expansion

Properties: System 1): initial state: P;, T; given = complete, V1; final state: V> given
Model: ideal gas

Extensive: Yes 3: V1, V>, mass of bullet

System 1: Gas

P1 =40 bar

T1=927+ 273 =1200K

Cross sectional area 4 = nt/4 (0.009)? = 6.36*10° m?

V1 = Initial height * 4 =0.01 * 4 = 6.36*107 m’

V> = Total height * 4 =(0.01+0.12) * 4 = 8.27*10°m?

Assuming gases properties are those of air:

Mass of air m, = PV /RT = 40*10° * 6.36*10° / (8314/28.9*1200) = 7.36*10° kg
Assuming reversible adiabatic:

= PV" = Constant

=T/ Ti=1/ Vo)oD

T> = 1200 (1/13)** =430.13K

From firstlaw : Q— W= U>— U (Q=0)

= W=ma*cy* (T — Tr) = 7.36*%10° * 719 *(1200 — 430.13) =4.08 J

System 2 : Bullet
Part of the work received by expanding gases is lost in pushing outside air at the other side
of the bullet: W, = P, (Va— V1) = 10° * (8.27 — 0.636)*10° = 0.7634 J
- W=AKE
—(0.7634 — 4.08) = Y4 Mpuiter V*
v =470 m/s
NB : temperature variations are high. It would be more accurate to use the semi-ideal model:
VA(T2) I v(T))=V>/ V1 =13
vi(T2) =v{(T1) *13 = T,=481.42K
W =ma (1 —u2) =7.36%10 * (933.13 — 345.75) = 4.323 ]
For which bullet velocity would have been: 487 m/s

Example 7. 11 Example 7.11 In a jet engine enters 0.3 kg/s of fuel as well as 3.6 kg/s of air.
After combustion exhaust gases are at 6 bar and 517°C. Their properties may be considered
as those of air, semi-ideal. Gases expand in a nozzle in a reversible adiabatic process to
exit from it at 1 bar and very high speed to produce a thrust. Find exit temperature and exit
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velocity. Find exit density as well as exit cross-sectional area. What is the entropy change
during expansion?

Answer

System: 1) Combustion chamber; 2) Nozzle (open steady flow)

Conservation: System 1: Mass; System 2: Mass and Energy

Energies: System 1) No need; System 2) Enthalpy and kinetic energy, No Heat, No Work.
Process: isentropic expansion

Properties: System 2): initial state: P;, T; given = complete; final state: P, given

Model: Semi-ideal gas

Extensive: Yes 2: mass of fuel and mass of air

Systems 1:
Mot = Mfiel + Mair = 39 kg/s

System 2:
Initial, final states: For nozzle: P = 6 bar, 71 = 517+273 =790 K; P>, =1 bar
e Mass balance:
Mot = P2 V2 A2
e Energy balance:
(ha — ) + Y5 (v22 = vi?) = 0. (vi=0 negligible compared to v> (very high speed))

= In order to obtain 73, v2, 42, we need to get k1, h2, o2
hy=h(Th) =811.77 kJ/kg ; (from semi-ideal air tables)
To get hy, T>: use P-and h from air semi-ideal gas tables:
P>/ Pi=P{(To)/ P{T1)=1/6
but P(T1) =45.65 = P(T2)=7.61 = T2 =486.7K
hy = h(T>) = 489.8 kl/kg ;

= from first law: vo = (2 (811.77 — 489.8)*1000) ”* = 802.5 m/s

=> From ideal gas equation of state: p, = P>/ R T> = 10° / (289 * 485) = 0.7142 kg/m’
= from mass balance: 4> = m: / (2 v2) = 0.0068 m?

Entropy change = 0 because reversible adiabatic
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English text & :aNh gall  5-8

8. Exergy or availability

8.1. Preamble

During this chapter, our previous knowledge of First and Second Laws will be used to obtain
an expression for the maximum work W, that can be obtained starting from any source of
energy that does not violate the second law. The objective is to be able to qualify actual
industrial processes objectively in order to detect areas of potential improvement for a better
energy usage.

8.2. Maximum work and irreversibility

Work exchanged by a system during any process between states 1 and 2 depends on the
process type. However, among all possible processes, the maximum work that can be obtained
is a unique quantity, which will be derived in this section. Let us rewrite First and Second Laws
in the following unified form:

%[msys(u + V2/2 + gzlsyj =m, (h + V2/2 + gzl — n'aou,(h + V2/2 + gzlom +O-W

in

) =), =)o + £ i 5,

The integral appearing in the second law will be simplified by assuming heat is exchanged
across N segments, each having an area 4; and each is at a uniform temperature 7;:

§Area%dA = Zzlil .[A,. qu/]; = Zz]\ilQl/];

Multiplying the Second Law by ambient temperature 7o and subtracting from the First Law,
gives:

W :Zi]ilQi(l_%/E)
+min(h—7})s+vz/2+gzl —n"zom(h—Tos+V2/2+gzl

in out
d ( )
-— —Tys+Vv7/2+ 1
” [msys u—Tys+v / gz o
_TO d irrev/dt
The last term in the expression above is either negative or zero for reversible processes only.
Hence, the reversible work is always higher than the irreversible one:
W = W Tb dSirrev /dt

Vi/rev :ZIJ\LIQI(I_TE)/T;)
+n'1m(h—TOs+V2/2+gzl —I’i’loul(h—%S+V2/2+ng

in out

d
- E[msys (u —Tys + V2/2 + gz]m}

The expression above gives the maximum theoretical work that can be obtained out of any
source of energy in a process between two given states.

The difference between theoretical and actual work is called the irreversibility:

I, =W, —W =T,dS,,,,/dt

which is a concept that generalizes the friction work defined earlier.

8.3. Exergy or availability

After obtaining the maximum work between two states in the previous section, in this

section we will go a step further by obtaining the maximum work starting from any state,
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regardless of the final state. This work is called the exergy or availability i.e. the ability to
transform any form of energy into work.

The final state should be one that cannot be used to produce any work. Hence, the final state
should be in equilibrium with neighborhood. This means pressure and temperature should be
equal to ambient. Final velocity and potential energies should vanish. Let us integrate the above
expression wrt time in order to reveal the final state explicitly. Assume for simplicity that
incoming and outgoing masses in an open system are equal. Hence, the availability A is:

A=3500-To/T) e m, (y+v*/2+ g2)e my (v )2+ g2)
w=h—hy—Ty(s—s0); &' =u—uy—Ty(s —s0)

8.3.1. Availability of mechanical energies
In the absence of any form of energy other than kinetic and potential energies, the
availability is the sum of these energies.
8.3.2. Awvailability of heat
If the only existing form of energy is heat, the availability is simply Carnot efficiency
multiplied by heat, as shows the first term in the expression of availability, as long as heat

source temperature remains constant. Otherwise, we need to integrate the term f Am% dA taking

into consideration the variation of 7 in the denominator.
8.3.3. Availability of enthalpy

In an open system in steady flow, disregarding kinetic and potential energies having known
availability, the maximum work that can be obtained from incoming masses at a given enthalpy
per unit mass is:

a=y=h—hy—Ty(s—s0)

where the subscript 0 indicates ambient conditions. If ambient conditions were considered
as reference values to both 4 and s, then the function y becomes a state property that can be
represented in h-s chart as in Figure 8-1. Note that the tangent to the constant pressure line
passing by the ambient state (7o, Po) is the temperature 7o, since:

Tds=dh—vdP; dP=0=dh/ds=T

The vertical distance between the any given state and the line drawn as a tangent to the
constant pressure line passing by the surroundings (see Figure 8-1) represents the availability.

8.3.4. Availability of internal energy

Consider a closed system, disregarding kinetic and potential energies as above. The
maximum work that can be obtained from a given internal energy can be calculated from the
availability expression given above after a slight modification. In fact the work given by the
system is partly exerted against ambient pressure. This part of work is not useful and should be
deducted from the expression above. The availability, before deducing work against
surroundings a”.

a'=¢'=u—u, _To(s_so)

Deducing work against surroundings gives a:
a=¢=u—u _T()(S_So)_E)(Vo _V)
This is also a state property, assuming ambient conditions are reference.

8.4. Second Law efficiency

There are two different views of efficiency. From the First Law, expressing energy balances,
efficiency is the (useful) energy gained divided by the energy paid:

N1 = Energy gained / Energy Paid
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The Second Law view, expressing exergy losses, efficiency is the exergy gained divided by
the exergy paid:

nu = Exergy gained / Exergy Paid

Both views are complementary. For a heat engine, useful energy gained is work which is
obtained after paying an added heat. We know that the availability of heat to produce work is
rather small, even with the best design reducing all forms of irreversibilities into a negligible
value. Efficiency from the First Law has a practical objective that is very clear: the price needed
to obtain work. As for the Second Law efficiency, it is to qualify a given design: how far has it
been successful in obtaining the maximum possible work. It reaches 100% if all processes were
reversible. Any deviation from this optimum value indicates a potential improvement in the
design for a better energy usage.

For instance, paid and gained availabilities used to get Second Law efficiency in different
systems are:

— In a turbine, availability paid is the decrease in fluid availability between inlet and
outlet, while availability gained is work

— In a compressor, availability gained is the increase of availability in fluid between
inlet and outlet, while the availability paid is work.

— In a heat exchanger availability paid is the decrease in the hot fluid availability,
while the availability gained is the increase of cold fluid availability

- FEtc...
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Solved Examples 8: Availability
Example 8. 1 In Example 7. 1, calculate the availability loss as well as Second Law

efficiency.

Answer:

Availability paid by the hot heat reservoir is |Qyes| (1 — Tamp/Tres) =240 ]

Availability gain of air is zero since it is at ambient temperature.

Hence total availability loss is 240 J and Second Law efficiency is 72,0 =0

Example 8. 2 In Example 7. 2, assuming that the cycle was performed on an ideal gas in
open system (mass flow rate is 1kg/s), and that heat was added from a reservoir at 300°C
and rejected to ambient air at 0°C, find the availability loss as well as Second Law
efficiency of each process

Answer:

e Process 1-2: Reversible isobaric heating
Availability paid by the hot heat reservoir is Apaid = |Ores| (1 — Tamb/ Tres)

|Ores| = tair (ha — h1) =221.1 W Tamp = 273, Tres =573 = Apaia = 115.76 W
Availability gained by air iS Agained = Hair [(h2 — h1) — Tamp (52— 51)] = 81.92 W
Availability loss Aioss = Apaia — Againea = 33.84 W

N.B. You can easily verify that Asss 1 also Tamp ASuniverse = Tamb (ASres+ASuir)

where ASes = Qres / Tres

Second Law efficiency is Nond = Agained / Apaia = 70.77 %

e Process 2-3: Irreversible expansion
Availability paid by air is Apaia = tair [(h2 — h3) — Tamp (52 — 53)] = 303.495 W
Availability gained is work Againea = h2 — h3 = 276.878 W
Availability loss Ajoss = Apaia — Againea = 26.6175 W
(N.B. you can easily verify that Ajoss 1s also Tump ASuniverse = Tumb (ASair)
Second Law efficiency is Nond = Agained / Apaia = 91.297 %

e Process 3-4: Reversible isothermal cooling
Availability paid by air is Apaia = ttair [(h3 — h4) — Tamp (3 — s4)] = 4.3246 W
Availability gained by cold reservoir is Agained = |Qres| (1 — Tamp/Tres) = 0 W
Availability loss Aioss = Apaia = 4.3246 W
(N.B. you can easily verify that Ajoss 1s also Tump ASuniverse = Tumb (ASair)
Second Law efficiency is Mond = Agained / Apaia =0 %

e Process 4-1: Reversible adiabatic compression
This is a reversible adiabatic process, hence:
Availability loss Ajss =0 W
Second Law efficiency is m2nd = 100 %

e It appears from cycle availability analysis that the worse process (highest
availability loss) requiring to be improved is process 1-2

Example 8.3 In example Example 7. 7, assuming ambient conditions are 27°C and 1 bar,
find the rate of availability loss as well as Second Law efficiency
Answer:
At ambient conditions: o = 113.18 klJ/kg; so = 0.3946 kl/kg K.
Knowing that availability of a flowing fluid due to its enthalpy is 4 = m [h-ho — To(s-s0)]
Availability paid = 4s,in + Aw,in = 308 kW
Availability gained = Ay o= 302.08 kW
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Rate of availability 1oss is £ = Tump dSirren/dt = (273+27) * 0.0229 = 5.93 kW
Second Law efficiency is Nanda = Agained / Apaia = 98 %o

Example 8.4 A rigid tank of volume 0.2 m? initially contains 0.652 kg of H20 at 2 bar. A
heat reservoir at 500°C is used to heat the tank until the pressure inside it reaches 10 bar.
Find initial and final temperatures inside the tank, heat and work exchanged by H>O,
entropy change of the universe as well as availability change due to this process (ambient
conditions 27°C, 1 bar) and Second Law efficiency. Is it reversible?

Answer

System: 3 systems: 1) Water (all phases) in the tank (closed); 2) The heat reservoir; 3) Universe
(sum of all systems)

Conservation: Only energy

Energies: Heat, internal energy. No Work.

Process: Isochoric

Properties: The tank: Initial: m, V (= get v1), P1 = complete; Final: P>, v» = vi = complete; The
Reservoir: Tr.s given

Model: Steam tables

Extensive: yes, 2 values: m Vin tank = v

Ambient conditions:
At ambient conditions: uo = 113.176 kJ/kg; so = 0.3946 kJ/kg K, v=0.001004 m*/kg
System 1: Tank
o Initial state:
specific volume vi = V' /m = 0.2/0.652= 0.306748 m’/kg, pressure P1=2 bar.
From saturation steam tables at 2 bar: v = 0.0010605, vo1 = 0.8857
For wet steam; x1 = (0.306748 - 0.0010605) / (0.8857 - 0.0010605) = 0.346
un = 504.49; ug1 = 2529.5; = u1 = up + x1 (ug1 —un) = 1204.2 kJ / kg
sn = 1.5301; sg1 = 7.1271; = s1 = spn + x1 (5g1 —sn) = 3.4641 kJ / kg K
availability ¢ = (u1-uo)-To(s1-s0)+Po(vi-vo) = 200.75 kJ/kg
e Final state:
Given: v2 =vi=0.306748; P> =10 bar
From saturation steam tables at 10 bar: vg> = 0.1944 <v> = superheated
From superheat tables at P2, v2: To = 400°C
u> from steam tables at 10 bar, 400°C: 2957.3 kJ/kg
s2 from steam tables at 10 bar, 400°C: 7.4651 kJ/kg K
availability ¢ = (u2-uo)-To(s2-50)+Po(v2-vo) = 754.78 kl/kg
= Qunk=m (u2 — 1) = 1143 kJ
System 2: Heat Reservoir
For reservoir ASyes = QOres / Tres = -1143 / (500+273) = - 1.4787 kJ/K
System 3: Universe
AS for Universe = m(s2 — s1) — 1.4787 = 1.1272 > 0 = irreversible
Availability paid by the hot heat reservoir is Apaid = |Qres| (1 — Tamp/ Tres) = 699.4 kI
Availability gained by steam is Againeda = m (¢2 — ¢1) =361.227 kJ
Availability 10ss Aioss = Apaid — Againea = 338.17 kJ
N.B. You can easily verify that A 1S also Tamb ASuniverse
Second Law efficiency 1S Mand = Agained | Apaia = 51.65 %

183



Exercises ¢ni .9

1 Introduction

1.1

What are the applications of thermodynamics for an engineer?

2 Basic concepts

2.1

2.2
23
24
2.5

2.6

2.7

2.8

2.9

2.10

2.11

2.12

2.13

2.14

Write short notes on the following:

Thermodynamic properties, state, path, process, closed system, open system,
isolated system, extensive properties and intensive properties.
What is meant by quasi-static process

Describe the thermodynamic equilibrium of a system.

Determine the absolute pressure of a gas in a tank if the pressure gauge mounted in the
tank reads 120 kPa pressure? [221.3kPa]

What shall be the volume of a fluid having its specific gravity as 0.0006 and the mass
as 10 kg? [16.67m’]

Determine the pressure of compressed air in an air vessel, if the manometer mounted
on it shows pressure of 3 m of mercury. Assume density of mercury 13600 kg/m?>.
[501.25kPa]

If the gauge pressure of oil in a tube is 6.275 kPa and oil's specific gravity is 0.8, then
determine depth of oil inside tube.[80cm]

Determine the barometer reading in mm of Hg if the vacuum measured in a condenser
is 74.5 cm of Hg and absolute pressure is 2.262kPa. [760mm]

Determine the absolute pressures for the following ;

A. gauge pressure of 1.4 MPa

B. vacuum pressure of 94.7 kPa

The barometric pressure 77.2 cm Hg and density of mercury as 13600 kg/m?
Determine the pressure acting upon surface of a vessel at 200 m from the surface of

sea. Take barometric pressure as 101 kPa and specific gravity of sea water as 1.025.
[2.11 MPa]

A vacuum gauge gives pressure as 76 cm of mercury column, g=9.8 m?/s, density of
mercury = 13.6 g/cm?. [0.91 bar ]

Calculate the actual pressure of air in the tank if the pressure of compressed air
measured by a manometer is 30 cm Hg and the atmospheric pressure is 101kPa.
Determine the gauge pressure at a depth of 1m in a tank filled with oil of specific
gravity 0.8.

Calculate the gas pressure using mercury manometer with one limb open to
atmospheric as shown. Barometer reading is 76 cm and the density of Hg = 13600
kg / m>.

3 Energy concepts

3.1
3.2
3.3
3.4

State thermodynamic equilibrium of work; also differentiate between heat and work.
What is energy? What are different forms of it?

What is the difference between the macroscopic and microscopic forms of energy?
What is work? What are different forms of it?
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3.5

3.6

3.7

3.8

3.9

3.10

3.11

3.12

3.13

3.14

3.15

When is the energy crossing the boundaries of a closed system heat and when is it work?

Determine the energy required to accelerate an 800 kg car from rest to 100 km/h on a
level road. [ 309 kJ]

Determine the energy required to accelerate a 1300 kg car from 10 to 60 km/h on an uphill
road with a vertical rise of 40 m.[686 kJ]

Determine the power required for a 2000-kg car to climb a 100-m-long uphill road with
a slope of 30° (from horizontal) in 10 s. (a) at a constant velocity, (b) from rest to a final
velocity of 30 m/s, and (c¢) from 35 m/s to a final velocity of 5 m/s. Disregard friction, air
drag, and rolling resistance. [(a) 98.1 kW, (b) 188 kW, (c) -21.9 kW]

Calculate the kinetic energy of a static satellite revolving around the earth with velocity
of 1 km/s. Assume acceleration due to gravity 9.91 m?/s and gravitational force of SkN.
[254.8 MJ]

Determine the work required for displacing a block by 50 m and a force of 5 kN. [250k]J]

Determine the work done upon a spring having spring constant of 50 kN/m. spring is
stretched to 0.1 m from its un-stretched length of 0.05 m. [0.0658kJ]

A spring balance is used for measurement of weight, at standard gravitational acceleration
it gives weight of an object as 100 N, determine the spring balance reading for the same
object when measured at a location having gravitational acceleration as 8.5 m/s?.

Wind is blowing steadily at a certain velocity (10 m/s). At a certain location, wind is
blowing steadily at 10 m/s. Determine the mechanical energy of air per unit mass and the
power generation potential of a wind turbine with 60-m-diameter blades at that location.
Take the air density to be 1.25 kg/m3. [1770 kW]

A water pump that consumes 2 kW of electric power when operating is claimed to take
in water from a lake and pump it to a pool whose free surface is 30 m above the free
surface of the lake at a rate of 50 L/s. Determine if this claim is reasonable.

At winter design conditions, a house is projected to lose heat at a rate of 60,000 Btu/h.
The internal heat gain from people, lights, and appliances is estimated to be 6000 Btu/h.
If this house is to be heated by electric resistance heaters, determine the required rated
power of these heaters in kW to maintain the house at constant temperature.[15.8 kW]

4 Pure Substance and Equations of state

4.1

Define perfect gas.
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4.2

4.3

4.4

4.5

4.6

4.7

4.8

4.9

4.10

4.11

Differentiate between characteristic gas constant and universal gas constant.

What is meant by real gas? Why ideal equation of state cannot be used for it?

Write equations of state for real gas.

Find the missing properties.

a. O T=250°C,v=0.02m3/kgP=7u=7?
b. HO T=-2°C,P=100kPau=?v="?

Find the missing properties of T, P, v, u, h and x if applicable and plot the location of the
three states as points in the T-v and the P-v diagrams

a. Water at 5000 kPa, u = 800 kJ/kg
b. Water at 5000 kPa, v = 0.06 m3/kg.

Find the missing properties and give the phase of the substance.

a. HoOT=120°C,v=0.5m3/kgu=?P=?2x=7?
b. HHOT=100°C,P=10 MPau=?x=?v="

Saturated liquid water at 20°C is compressed to a higher pressure with constant
temperature. Find the changes in u and h from the initial state when the final pressure is
a) 500 kPa, b) 2000 kPa, c) 20 000 kPa.

The volume of a high altitude chamber is 40 m3. It is put into operation by reducing
pressure from 1 bar to 0.4 bar and temperature from 25°C to 5°C. How many kg of air
must be removed from the chamber during the process? Express this mass as a volume
measured at 1 bar and 25°C. Take R =287 J/kg K for air.

A steel flask of 0.04 m® capacity is to be used to store nitrogen at 120 bar, 20°C. The flask
is to be protected against excessive pressure by a fusible plug, which will melt and allow
the gas to escape if the temperature rises too high. (i) How many kg of nitrogen will the
flask hold at the designed conditions? (i1) At what temperature must the fusible plug melt
in order to limit the pressure of a full flask to a maximum of 150 bar?

A balloon of spherical shape 6 m in diameter is filled with hydrogen gas at a pressure of
1 bar abs. and 20°C. Later, the pressure of gas is 94 per cent of its original pressure at the
same temperature, what mass of original gas must have escaped if the dimensions of the
balloon are not changed.
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4.12

The gravimetric analysis of air and other data are as follows:

Constituent Percentage Molecular weight
Oxygen 23.14 32
Nitrogen 75.53 28
Argon 1.28 40
Carbon dioxide 0.05 44

Calculate: (i) Gas constant for air;

4.13

(i1) Apparent molecular weight.

Following is the gravimetric analysis of air:

Constituent Percentage
Oxygen 23.14
Nitrogen 75.53
Argon 1.28
Carbon dioxide 0.05

Calculate the analysis by volume and the partial pressure of each constituent when the total
pressure is 5 bar.

4.14

4.15

4.16

4.17

A mixture of hydrogen (H2) and oxygen (O2) is to be made so that the ratio of H2 to 02
is 2: 1 by volume. If the pressure and temperature are 1 bar and 25°C respectively, if there
is 1 kg of H2 calculate: 1) The mass of O2 required; i1) The volume of the container.

A gaseous mixture of composition by volume, 78% H2 and 22% CO is contained in a
vessel. It is desired that the mixture should be made in proportion 52% H2 and 48% CO
by removing some of the mixture and adding some CO. Calculate per mole of mixture
the mass of mixture to be removed, and mass of CO to be added. Assume that the pressure
and temperature in the vessel remain constant during the procedure.

The following is the volumetric analysis of a producer gas: CO = 28%, H2 = 13%, CH4
= 4%, CO2 = 4%, N2 = 51%. The values of Cp for the constituents CO, H2, CH4, CO2
and N2 are 29.27 kJ/mole K, 28.89 kJ/mole K, 35.8 kg/mole K, 37.22 kJ/mole K, 29.14
kJ/mole K respectively. Calculate the values of Cp, Cv in (kJ/kg K) and (kJ/mole K) for
the mixture.

The analysis by weight of a perfect gas mixture at 20°C and 1.3 bar is 10% 02, 70% N2,
15% CO2 and 5% CO. Determine:

(1) Partial pressures of the constituents;

(1) Gas constant of mixture.

4.18

A mixture of ideal gases consists of 4 kg of nitrogen and 6 kg of carbon dioxide at a
pressure of 4 bar and a temperature of 20°C. Find:
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(1) The mole fraction of each constituent,

(i1) The equivalent molecular weight of the mixture,
(ii1) The equivalent gas constant of the mixture,

(iv) The partial pressures and partial volumes,

(v) The volume and density of the mixture, and

(vi) The Cp and Cv of the mixture.

Take y: for CO2 = 1.286 and for N2 = 1.4.

4.19 Consider a gas mixture that consists of 3kg of O2, Skg of N2, and 12kg of CH4.
Determine:

a) The mass fraction of each component

b) The mole fraction of each component

c) The average molar mass

d) The gas constant of the mixture

[(a) 0.15, 0.25, 0.60; (b) 0.092, 0.175, 0.733; (c) 19.6kg/mol; (d) 0.424kJ/kg.K]

4.20 A mixture of carbon monoxide and oxygen is to be prepared in the proportion of 7kg to
4kg in a vessel of 0.3 m? capacity. If the temperature of the mixture is 15 °C determine
the pressure in the vessel. If the temperature is then raised to 40 °C what will be the new
pressure in the vessel? [29.94 bar, 32.54bar]

4.21 A mixture of 6kg of oxygen and 9kg of nitrogen has a pressure of 3bar and a temperature
of 200C. Determine for the mixture:

a) The mole fraction of each component;

b) The specific gas constant;

¢) The volume and density;

d) The partial pressures and volumes.

[(2) 0.369, 0.632; (b) 0.282kJ/kg.K; (c) 4.13m3, 3.63kg/m3; (d) 1.11 bar, 1.53m3, 1.9
bar, 2.61m?].

4.22 A mixture of 1kmol CO2 and 3.5kmol of air is contained in a vessel at 1 bar and 150C.
The volumetric analysis of air can be taken as 21% oxygen and 79% nitrogen. Calculate:

a) The masses of CO2, O2 and N2 and the total mass;

b) The percentage of carbon content by mass;

¢) The molar mass and the specific gas constant for the mixture;

d) The specific volume of the mixture

[(a) 44kg, 23.55kg,77.5kg, 145.05kg; (b) 8.27%; (c) 32.2kg/mol, 0.2581kJ/kg.K; (d)
0.7435m3/kg].

4.23 A producer gas has the following volumetric analysis: 29% CO, 12% H2, 3% CHA4,
4%C02, 52% N2. Calculate the value of cp and cv for the mixture. The values of ¢, for
the constituents are as follows: for CO, ¢,=29.27kJ/kmol K; for H2, ¢,=28.89kJ/kmol K;
for CH4, ¢,=35.80kJ/kmol K; for CO2, ¢,=37.22kJ/kmol K; for N2, ¢,=29.14kJ/kmol
K.The molar masses may be taken as follows; for H2, 2kg/kmol; for CH4, 16kg/kmol;
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4.24

4.25

4.26

4.22

for CO2, 44kg/kmol; for N2, 28kg/kmol. [29.6707kJ/kmol.K, 21.3562kJ/kg.K,
1.1793kJ/kg.K, 0.8488kJ/kg.K].

An exhaust gas is analyzed and is found to contain by volume, 78% N2, 12% CO2 and
10% 0O2. What is the corresponding gravimetric analysis? Calculate the molar mass of
the mixture and the density if the temperature is 5500C and the total pressure is 1 bar.
[72%, 17.4%, 10.6%; 30.32kg/kmol; 0.443kg/m3].

Determine the mass of oxygen contained in a tank of 0.042 m? at 298 K and 1.5*10 Pa
considering it as perfect gas. Also determine the mass using compressibility charts [8.25
,8.84].

What will be specific volume of water vapor at 1 MPa and 523 K, if it behaves as perfect
gas? Also determine the same considering generalized compressibility chart.
[0.241m3/kg,0.234m3/kg].

Calculate the pressure of CO> gas at 27°C and 0.004 m*/kg treating it as ideal gas. Also

determine the pressure using Van der Waals equation of state. [14.17 MPa,
6.9MPa].

4.27

4.28

4.29

4.30

431

4.32

Determine molecular weight and gas constant for a mixture of gases having 65%N3,
35%CO0O: by mole. [33.6kg/K mol, 0.247kJ/kg.K] .

Considering air as a mixture of 78% N2, 22% Oz by volume determine gas constant,
molecular weight, (O and Cy for air at 25°C.
[0.2879kJ/kg.K,28.88kg/K mol,1.0106kJ/kg.K, 0.722kJ/kg.K].

What minimum volume of tank shall be required to store 8 kmol and 4 kmol of O and
COqarespectively at 0.2MPa, 27°C? [149.7m3].

Two tanks A & B containing O, and CO, have volumes of 2 m* and 4 m® respectively,
tank A is at 0.6 MPa, 37°C and tank B at 0.1 MPa and 17°C. The two tanks are connected
through some pipe to allow for adiabatic mixing of two gases. Determine final pressure
and temperature of mixture. [0.266MPa, 30.6°C].

Determine the molecular weight and gas constant for some gas having C, = 1.969kJ/kg.K,
Cy=1.507kJ/kg. K. [18.04kg/kmol,0.461kJ/kg.K].

In 5 kg mixture of gases at 1.013 bar and 300 K the various constituent gases are as
follows: 80 % N2, 18 % O», and 2 % CO». Determine the specific heat at constant pressure,
gas constant for the constituents and mixture and molar mass of mixture taking y = 1.4
for N2 and Oz and y = 1.3 for CO». Universal gas constant = 8314 J/kg.K.
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4.33

4.34

4.35

A gas mixture comprises of 75 % N2, 18 % O2, 7 % CO2 by volume at 0.5 MPa and 107°C.
For 5 kg mass of mixture carry out gravimetric analysis and determine the partial pressure
of gas mixture.

A steel insulated tank of 6 m3 volume is equally divided into two chambers using a
partition. These partitions of tank contain N> gas at 800 kPa and 480 K and CO> gas at
400 kPa and 390 K. determine the equilibrium temperature and pressure of the mixture
after removing the partition. Use y = 1.4 for N, y = 1.3 for COa.

A mixture of 18 kg hydrogen, 10 kg nitrogen and 2 kg carbon dioxide is put into a vessel
at atmospheric conditions. Determine the capacity of the vessel and the pressure in vessel
if it heated up to twice of initial temperature. Take ambient temperature as 27°C.

5 First Law of Thermodynamics

5.1

52

53

54

5.5

In an internal combustion engine, during the compression stroke, the heat rejected to the
cooling water is 50 kJ/kg and the work input is 100 kJ/kg. Calculate the change in internal
energy of the working fluid stating whether it is a gain or loss. [50 kJ/kg].

In an air motor cylinder, the compressed air has an internal energy of 450 kJ/kg at the
beginning of the expansion and an internal energy of 220 kJ/kg after expansion. If the
work done by the air during the expansion is 120 kJ/kg, calculate the heat flow to and
from the cylinder. [110 kJ/kg].

0.3 kg of nitrogen gas at 100 kPa and 40°C is contained in a cylinder. The piston is moved
compressing nitrogen until the pressure becomes 1 MPa and temperature becomes 160°C.
The work done during the process is 30 kJ. Calculate the heat transferred from the
nitrogen to the surroundings. [3 kJ].

When a stationary mass of gas was compressed without friction at constant pressure, its
initial state of 0.4 m3 and 0.105 MPa was found to change to final state of 0.20 m3 and
0.105 MPa. There was a transfer of 42.5 kJ of heat from the gas during the process. How
much did the internal energy of the gas change? [21.5 kJ].

A container is divided into compartments by a partition. The container is completely
insulated so that there is no heat transfer. One portion contains gas at temperature T1 and
pressure pl while the other portion also has the same gas but at temperature T2 and
pressure p2. How will the First Law of Thermodynamics conclude the result if partition
is removed?
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5.6

5.7

5.8

59

5.10

5.11

5.12

5.13

Air enters a compressor at 105 Pa and 25°C having volume of 1.8 m3/kg and is
compressed isothermally to 5 X 105 Pa. Determine: (i) Work done ; (ii) Change in internal
energy ; and (iii) Heat transferred. [- 289.7 kJ/kg, 0, — 289.7 kJ/kg].

A cylinder containing the air comprises the system. Cycle is completed as follows: (i)
82000 N-m of work is done by the piston on the air during compression stroke and 45 kJ
of heat are rejected to the surroundings. (ii) During expansion stroke 100 kN-m of work
is done by the air on the piston. Calculate the quantity of heat added to the system. [63
kJ].

A paddle wheel stirs a tank containing air. The work input to the paddle wheel is 9000 kJ
and the heat transferred to the surroundings from the tank is 3000 kJ. Determine: (i) Work
done. (i1) Change in internal energy of the system. [0, 6000 kJ].

In a system, executing a non-flow process, the work and heat per degree change of
temperature are given by dW/dT = 200 W-s/°C and dQ/dT = 160 J/°C .What will be the
change of internal energy of the system when its temperature changes from T1 = 55°C to
T2 =95°C ? [~ 1.6 kJ].

A fluid system, contained in a piston and cylinder machine, passes through a complete
cycle of four processes. The sum of all heat transferred during a cycle is — 340 kJ. The
system completes 200 cycles per min. Complete the following table showing the method
for each item, and compute the net rate of work output in kW. [ 1133.33 kW]

Process  Q/(kJ/min) W (kJ/min) AE (kJ/min)
1—2 0 4340 —

2—3 42000 0 —

3—4 —-4200 — —-73200
4—1 — — —

The power developed by a turbine in a certain steam plant is 1200 kW. The heat supplied
to the steam in the boiler is 3360 kJ/kg, the heat rejected by the system to cooling water
in the condenser is 2520 kJ/kg and the feed pump work required to pump the condensate
back into the boiler is 6 kW. Calculate the steam flow round the cycle in kg/s. [1.421
kg/s].

A closed system of constant volume experiences a temperature rise of 25°C when a
certain process occurs. The heat transferred in the process is 30 kJ. The specific heat at
constant volume for the pure substance comprising the system is 1.2 kJ/kg°C, and the
system contains 2.5 kg of this substance. Determine: (i) The change in internal energy;
(i1) The work done. [75 kJ, -45 kJ].

A fluid system undergoes a non-flow frictionless process following the pressure-volume
relation as p =15 V + 1.5 where p is in bar and V is in m3. During the process, the volume
changes from 0.15 m3 to 0.05 m3 and the system rejects 45 kJ of heat. Determine: (1)
Change in internal energy. [-25 kJ] (i) Change in enthalpy. [-50 kJ].
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5.14

5.15

5.16

5.17

5.18

5.19

5.20

The properties of a system, during a reversible constant pressure non-flow process at p =
1.6 bar, changed from v1 = 0.3 m3/kg, T1 = 20°C to v2 = 0.55 m3/kg, T2 =260°C. The
specific heat of the fluid is given by the equation:
/5
Cp= [7.5 + mj
Where T is in °C. Determine: (i) Heat added/kg; (ii) Work done/kg; (iii) Change in
internal energy/kg; (IV) Change in enthalpy/kg. [475.94 kJ/kg, 40 kJ/kg, 435.94 kJ/kg,
475.94 kJ/kg].

1 kg of gaseous CO2 contained in a closed system undergoes a reversible process at
constant pressure. During this process 42 kJ of internal energy is decreased. Determine
the work done during the process. Take cp = 840 J/kg°C and cv = 600 J/kg°C. [- 16.8
kJ].

90 kJ of heat are supplied to a system at a constant volume. The system rejects 95 kJ of
heat at constant pressure and 18 kJ of work is done on it. The system is brought to original
state by adiabatic process. Determine: (I) The adiabatic work ; (ii) The values of internal
energy at all end states if initial value is 105 kJ. [13 kJ].

0.2 m?® of air at 4 bar and 130°C is contained in a system. A reversible adiabatic expansion
takes place until the pressure falls to 1.02 bar. The gas is then heated at constant pressure
until enthalpy increases by 72.5 kJ. Calculate: (i) The work done; (ii) The index of
expansion, if the above processes are replaced by a single reversible polytropic process
giving the same work between the same initial and final states. Take cp = 1 kl/kg K, cv
=0.714 kJ/kg K. [85.454 kJ, 1.062].

A housewife, on a warm summer day, decides to beat the heat by closing the windows
and doors in the kitchen and opening the refrigerator door. At first she feels cool and
refreshed, but after a while the effect begins to wear off. Evaluate the situation as it relates
to First Law of Thermodynamics, considering the room including the refrigerator as the
system.

A cylinder contains 0.45 m3 of a gas at 1 x 105 N/m2 and 80°C. The gas is compressed
to a volume of 0.13 m3, the final pressure being 5 % 105 N/m2. Determine:

(i) The mass of gas.

(ii) The value of index ‘n’ for compression.

(iii) The increase in internal energy of the gas.

(iv) The heat received or rejected by the gas during compression.
Take y= 1.4, R=294.2 J/kg°C.[ 0.433 kg, 1.296, 49.9 kJ, -17.54 kJ].

Air at 1.02 bar, 22°C, initially occupying a cylinder volume of 0.015 m3, is compressed
reversibly and adiabatically by a piston to a pressure of 6.8 bar. Calculate : (i) The final
temperature ; (ii) The final volume ; (iii) The work done. [507.24 K, 0.00387 m?, -2.751
kJ].
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5.21

5.22

5.23

5.24

5.25

5.26

5.27

5.28

0.44 kg of air at 180°C expands adiabatically to three times its original volume and during
the process, there is a fall in temperature to 15°C. The work done during the process is
52.5 kJ. Calculate cp and cv.

1 kg of ethane (perfect) gas is compressed from 1.1 bar, 27°C according to a law pV1.3
= constant, until the pressure is 6.6 bar. Calculate the heat flow to or from the cylinder
walls. Given: Molecular weight of ethane = 30, cp = 1.75 kl/kg K. [ 84.45 kJ/kg].

0.1 m? of an ideal gas at 300 K and 1 bar is compressed adiabatically to 8 bar. It is then
cooled at constant volume and further expanded isothermally so as to reach the condition
from where it started. Calculate: (i) Pressure at the end of constant volume cooling. [4.4
bar]. (i1) Change in internal energy during constant volume process. [— 20.27 kJ]. (iii)
Net work done and heat transferred during the cycle. [ 5.45 kJ].Assume cp = 14.3 kJ/kg
K and cv=10.2 klJ/kg K.

0.15 m® of an ideal gas at a pressure of 15 bar and 550 K is expanded isothermally to 4
times the initial volume. It is then cooled to 290 K at constant volume and then
compressed back polytropically to its initial state. Calculate the network done and heat
transferred during the cycle. [81.03 kJ].

10 kg of fluid per minute goes through a reversible steady flow process. The properties
of fluid at the inlet are p1 = 1.5 bar, p1 =26 kg/m3, C1 =110 m/s and ul =910 kJ/kg and
at the exit are p2 = 5.5 bar, p2 = 5.5 kg/m3, C2 = 190 m/s and u2 = 710 kJ/kg. During the
passage, the fluid rejects 55 kJ/s and rises through 55 meters. Determine: (I) the change
in enthalpy (Ah). (II) Work done during the process (W). [-105.77 kd/kg, —39.46 kW.].

In a gas turbine unit, the gases flow through the turbine is 15 kg/s and the power
developed by the turbine is 12000 kW. The enthalpies of gases at the inlet and outlet are
1260 kJ/kg and 400 kJ/kg respectively, and the velocity of gases at the inlet and outlet are
50 m/s and 110 m/s respectively. Calculate: (1) The rate at which heat is rejected to the
turbine, and (i1) The area of the inlet pipe given that the specific volume of the gases at
the inlet is 0.45 m3/kg. [828 kW, 0.135 m?].

In an air compressor air flows steadily at the rate of 0.5 kg/s through an air compressor.
It enters the compressor at 6 m/s with a pressure of 1 bar and a specific volume of 0.85
m3/kg and leaves at 5 m/s with a pressure of 7 bar and a specific volume of 0.16 m3/kg.
The internal energy of the air leaving is 90 kJ/kg greater than that of the air entering.
Cooling water in a jacket surrounding the cylinder absorbs heat from the air at the rate of
60 kJ/s. Calculate: (i) The power required to drive the compressor. (ii) The inlet and
output pipe cross-sectional areas. [118.5 kW, 0.0708 m?, 0.016 m?].

In a steam plant, 1 kg of water per second is supplied to the boiler. The enthalpy and
velocity of water entering the boiler are 800 kJ/kg and 5 m/s. The water receives 2200
kJ/kg of heat in the boiler at constant pressure. The steam after passing through the turbine
comes out with a velocity of 50 m/s, and its enthalpy is 2520 kJ/kg. The inlet is 4 m above
the turbine exit. Assuming the heat losses from the boiler and the turbine to the
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5.29

5.30

5.31

532

5.33

5.34

5.35

surroundings are20 klJ/s, calculate the power developed by the turbine. Consider the boiler
and turbine as single system. [458.8 kW].

A turbine, operating under steady-flow conditions, receives 4500 kg of steam per hour.
The steam enters the turbine at a velocity of 2800 m/min, an elevation of 5.5 m and a
specific enthalpy of 2800 kJ/kg. It leaves the turbine at a velocity of 5600 m/min, an
elevation of 1.5 m and a specific enthalpy of 2300 kJ/kg. Heat losses from the turbine to
the surroundings amount to 16000 kJ/h. determine the power output of the turbine. [616.53
KW].

Steam at a 6.87 bar, 205°C, enters in an insulated nozzle with a velocity of 50 m/s. It
leaves at a pressure of 1.37 bar and a velocity of 500 m/s. Determine the final enthalpy of
steam. [2726.25 kJ].

The working fluid, in a steady flow process flows at a rate of 220 kg/min. The fluid rejects
100 kJ/s passing through the system. The conditions of the fluid at inlet and outlet are
given as C1 =320 m/s, pl = 6.0 bar, ul =2000 kJ/kg, vl =0.36 m3/kg and C2 = 140 m/s,
p2 = 1.2 bar, u2 = 1400 kJ/kg, v2 = 1.3 m3/kg. The suffix 1 indicates the condition at
inlet and 2 indicates at outlet of the system. Determine the power capacity of the system
in MW. The change in potential energy may be neglected. [2.4718 MW].

A stream of gases at 7.5 bar, 750°C and 140 m/s is passed through a turbine of a jet engine.
The stream comes out of the turbine at 2.0 bar, 550°C and 280 m/s. The process may be
assumed adiabatic. The enthalpies of gas at the entry and exit of the turbine are 950 kl/kg
and 650 kJ/kg of gas respectively. Determine the capacity of the turbine if the gas flow is
5 kg/s. [1353 kW].

A centrifugal air compressor delivers 12 kg of air per minute. The inlet and outlet
conditions of air are C1 = 12 m/s, pl =1 bar, vl = 0.5 m3/kg and C2 = 90 m/s, p2 = 8
bar, v2 = 0.14 m3/kg. The increase in enthalpy of air passing through the compressor is
150 kJ/kg and heat loss to the surroundings is 700 kJ/min. Find: (i) Motor power required
to drive the compressor. (ii) Ratio of inlet to outlet pipe diameter. Assume that inlet and
discharge lines are at the same level. [-42.46 kW, 5.175].

In a test of water-cooled air compressor, it is found that the shaft work required to drive
the compressor is 175 kJ/kg of air delivered and the enthalpy of air leaving is 70 kJ/kg
greater than that entering and that the increase in enthalpy of circulating water is 92 kJ/kg.
Compute the amount of heat transfer to the atmosphere from the compressor per kg of
air. [- 13 kJ/kg].

At the inlet to a certain nozzle the enthalpy of fluid passing is 2800 kJ/kg and the velocity
is 50 m/s. At the discharge end, the enthalpy is 2600 kJ/kg. The nozzle is horizontal and
there is negligible heat loss from it. (i) Find the velocity at exit of the nozzle. (ii) If the
inlet area is 900 cm? and the specific volume at inlet is 0.187 m3/kg, find the mass flow
rate. (ii1) If the specific volume at the nozzle exit is 0.498 m3/kg, find the exit area of
nozzle. [634.4 m/s, 24.06 kg, 0.018887 m:].
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5.36

5.37

5.38

5.39

5.40

5.41

The gas leaving the turbine of a gas turbine jet engine flows steadily into the engine jet
pipe at a temperature of 900°C, a pressure of 2 bar and a velocity of 300 m/s relative to
the pipe. Gas leaves the pipe at a temperature of 820°C and a pressure of 1.1 bar. Heat
transfer from the gas is negligible. Using the following data, evaluate the relative velocity
of gas leaving the jet pipe. For the gas at t = 820°C, h = 800 kJ/kg and at 910°C, h =915
kJ/kg. [565.7 m/s].

A centrifugal pump delivers 50 kg of water per second. The inlet and outlet pressures are
1 bar and 4.2 bar respectively. The suction is 2.2 m below the centre of the pump and
delivery is 8.5 m above the centre of the pump. The suction and delivery pipe diameters
are 20 cm and 10 cm respectively. Determine the capacity of the electric motor to run the
pump. [22.2 kW].

During flight, the air speed of a turbojet engine is 250 m/s. Ambient air temperature is —
14°C. Gas temperature at outlet of nozzle is 610°C. Corresponding enthalpy values for
air and gas are respectively 250 and 900 kJ/kg. Fuel air ratio is 0.0180. Chemical energy
of fuel is 45 MJ/kg. Owing to incomplete combustion, 6% of chemical energy is not
released in the reaction. Heat loss from the engine is 21 kJ/kg of air. Calculate the velocity
of the exhaust jet. [455.16 m/s].

Air at a temperature of 20°C passes through a heat exchanger at a velocity of 40 m/s
where its temperature is raised to 820°C. It then enters a turbine with same velocity of 40
m/s and expands until the temperature falls to 620°C. On leaving the turbine, the air is
taken at a velocity of 55 m/s to a nozzle where it expands until the temperature has fallen
to 510°C. If the airflow rate is 2.5 kg/s, calculate: (i) Rate of heat transfer to the air in the
heat exchanger; (i1)) The power output from the turbine assuming no heat loss; (iii) The
velocity at exit from the nozzle, assuming no heat loss. Take the enthalpy of air as h =

cpt, where cp is the specific heat equal to 1.005 kJ/kg°C and t the temperature.[ 2010 kJ7s,
504.3 kW, 473.4 m/s].

12 kg of a fluid per minute goes through a reversible steady flow process. The properties
of fluid at the inlet are pl = 1.4 bar, pl =25 kg/m3, C1 =120 m/s and ul =920 kJ/kg and
at the exit are p2 = 5.6 bar, p2 =5 kg/m3, C2 = 180 m/s and u2 = 720 kJ/kg. During the
passage, the fluid rejects 60 kJ/s and rises through 60 meters. Determine: (i) the change
in enthalpy (Ah) and (i1) work done during the process (W). [Ah = — 93.6 kJ/kg; W = —
44.2 kW].

In the turbine of a gas turbine unit the gases flow through the turbine is 17 kg/s and the
power developed by the turbine is 14000 kW. The enthalpies of the gases at inlet and
outlet are 1200 kJ/kg and 360 kJ/kg respectively, and the velocities of the gases at inlet
and outlet are 60 m/s and 150 m/s respectively. Calculate the rate at which the heat is
rejected from the turbine. Find also the area of the inlet pipe given that the specific volume
of the gases at inlet is 0.5 m3/kg. [119.3 kW (heat rejected); 0.142 m3].
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5.43

5.44

5.45

5.46

5.47

5.48

Air flows steadily at the rate of 0.4 kg/s through an air compressor, entering at 6 m/s with
a pressure of 1 bar and a specific volume of 0.85 m3/kg, and leaving at 4.5 m/s with a
pressure of 6.9 bar and a specific volume of 0.16 m3/kg. The internal energy of air leaving
is 88 kl/kg greater than that of the air entering. Cooling water in a jacket surrounding the
cylinder absorbs heat from the air at the rate of 59 kJ/s. Calculate the power required to
drive the compressor and the inlet and outlet pipe cross-sectional areas. [104.4 kW; 0.057
m2; 0.014 m2].

A turbine operating under steady flow conditions receives steam at the following state:
pressure 13.8 bar; specific volume 0.143 m3/kg; internal energy 2590 kl/kg; velocity 30
m/s. The state of the steam leaving the turbine is: pressure 0.35 bar ; specific volume 4.37
m3/kg ; internal energy 2360 kJ/kg ; velocity 90 m/s. Heat is lost to the surroundings at
the rate of 0.25 klJ/s. If the rate of steam flow is 0.38 kg/s, what is the power developed
by the turbine? [102.8 kW].

A nozzle is a device for increasing the velocity of a steadily flowing stream of fluid. At
the inlet to a certain nozzle the enthalpy of the fluid is 3025 kJ/kg and the velocity is 60
m/s. At the exit from the nozzle, the enthalpy is 2790 kJ/kg. The nozzle is horizontal and
there is negligible heat loss from it. (i) Find the velocity at the nozzle exit. (ii) If the inlet
area is 0.1 m2 and specific volume at inlet is 0.19 m3/kg, find the rate of flow of fluid.
(1i1) If the specific volume at the nozzle exit is 0.5 m3/kg, find the exit area of the nozzle.
[688 m/s; 31.6 kg/s; 0.0229 m2].

Steam at 7 bar and 200°C enters an insulated convergent divergent nozzle with a velocity
of 60 m/s. It leaves the nozzle at a pressure of 1.4 bar and enthalpy of 2600 kJ/kg.
Determine the velocity of the steam at exit. [701 m/s].

A centrifugal pump operating under steady flow conditions delivers 3000 kg of water per
minute at 20°C. The suction pressure is 0.8 bar and delivery pressure is 3 bar. The suction
pipe diameter is 15 cm and discharge pipe diameter is 10 cm. Find the capacity of the
drive motor. Neglect the change in internal energy and assume that the suction and
discharge are at same level. [11.8 kW].

In a steam power plant, 1.5 kg of water is supplied per second to the boiler. The enthalpy
and velocity of water entering into the boiler are 800 kJ/kg and 10 m/s. Heat at the rate of
2200 kJ per kg of water is supplied to the water. The steam after passing through the
turbine comes out with a velocity of 50 m/s and enthalpy of 2520 kJ/kg. The boiler inlet
is 5 m above the turbine exit. The heat loss from the boiler is1800 kJ/min and from the
turbine 600 kJ/min. Determine the power capacity of the turbine, considering boiler and
turbine as single unit. [678 kW].

A centrifugal compressor delivers 15 kg of air per minute. The inlet and outlet conditions
of air are C1 = 10 m/s, pl =1 bar, vl = 0.5 m3/kg and C2 = 80 m/s, p2 =7 bar, v2 =0.15
m3/kg. The increase in enthalpy of air passing through the compressor is 160 kJ/kg, and
heat loss to the surroundings is 720 kJ/min. Assuming that inlet and discharge lines are
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at the same level, find: (i) Motor power required to drive the compressor. (ii) Ratio of
inlet to outlet pipe diameter. [52.7875 kW, 5.2]

6 Second Law

6.1

6.2

6.3

6.4

6.5

6.6

6.7

6.8

6.9

A heat engine receives heat at the rate of 1500 kJ/min and gives an output of 8.2 kW.
Determine: (i) The thermal efficiency. (ii) The rate of heat rejection. [32.8 %, 16.8 kJ/s].

During a process, a system receives 30 kJ of heat from a reservoir and does 60 kJ of work.
Is it possible to reach initial state by an adiabatic process?

Find the co-efficient of performance and heat transfer rate in the condenser of a
refrigerator in kJ/h, which has a refrigeration capacity of 12000 kJ/h when power input is
0.75 kW. [4.44, 14700 kJ/hr.].

A domestic food refrigerator maintains a temperature of — 12°C. The ambient air
temperature is 35°C. If heat leaks into the freezer at the continuous rate of 2 kJ/s determine
the least power necessary to pump this heat out continuously. [0.36 kW].

A house requires 2 x 105 kJ/h for heating in winter. Heat pump is used to absorb heat
from cold air outside in winter and send heat to the house. Work required to operate the
heat pump is 3 x 104 kJ/h. Determine: (i) Heat abstracted from outside. (ii) Co-efficient
of performance. [170 MJ/h, 6.66].

What is the highest possible theoretical efficiency of a heat engine operating with a hot
reservoir of furnace gases at 2100°C when the cooling water available is at 15°C ? [87.8
%].

A Carnot cycle operates between source and sink temperatures of 250°C and — 15°C. If
the system receives 90 kJ from the source, find: (1) Efficiency of the system; (ii) The
network transfer. (iii) Heat rejected to sink. [50.6%, 45.54kJ, 44.46 kJ].

An inventor claims that his engine has the following specifications : Temperature limits
...... 750°C and 25°C

Power developed ... 75 kW
Fuel burned per hour ... 3.9 kg
Heating value of the fuel ... 74500 kJ/kg
State whether his claim is valid or not. [Claim of the inventor is not valid].

A fish freezing plant requires 40 tons of refrigeration. The freezing temperature is — 35°C
while the ambient temperature is 30°C. If the performance of the plant is 20% of the
theoretical reversed Carnot cycle working within the same temperature limits, calculate
the power required. Given: 1 ton of refrigeration = 210 kJ/min.[191.25 kW].
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6.10

6.11

6.12

6.13

Source 1 can supply energy at the rate of 12000 kJ/min at 320°C. A second source 2 can
supply energy at the rate of 120000 kJ/min at 70°C. Which source (1 or 2) would you
choose to supply energy to an ideal reversible heat engine that is to produce large amount
of power if the temperature of the surroundings is 35°C? [Source 2 is better].

A reversible heat engine operates between two reservoirs at temperatures 700°C and
50°C. The engine drives a reversible refrigerator, which operates, between reservoirs at
temperatures of 50°C and — 25°C. The heat transfer to the engine is 2500 kJ and the
network output of the combined engine refrigerator plant is 400 kJ. Determine: (i) the
heat transfer to the refrigerant and the net heat transfer to the reservoir at 50°C. (ii)
Reconsider (i) given that the efficiency of the heat engine and the C.O.P. of the
refrigerator are each 45 per cent of their maximum possible values. [6298.6 kJ, 2618 kJ].

An ice plant working on a reversed Carnot cycle heat pump produces 15 tons of ice per
day. The ice is formed from water at 0°C and the formed ice is maintained at 0°C. The
heat is rejected to the atmosphere at 25°C. The heat pump used to run the ice plant is
coupled to a Carnot engine, which absorbs heat from a source, which is maintained at
2200JC by burning liquid fuel of 44500 kJ/kg calorific value and rejects the heat to the
atmosphere. Determine: (i) Power developed by the engine; (ii) Fuel consumed per hour.
Take enthalpy of fusion of ice = 334.5 kJ/kg. [5.3 kW, 1.082 kg/h].

A Carnot heat engine draws heat from a reservoir at temperature T1 and rejects heat to
another reservoir at temperature T3. The Carnot forward cycle engine drives a Carnot
reversed cycle engine or Carnot refrigerator, which absorbs heat from reservoir at
temperature T2 and rejects heat to a reservoir at temperature T3. If the high temperature
T1 =600 K and low temperature T2 = 300 K, determine: (i) the temperature T3 such that
heat supplied to engine Q1 is equal to the heat absorbed by refrigerator Q2. (ii) The
efficiency of Carnot engine and C.O.P. of Carnot refrigerator. [400 K, 33.33%, 3].

7 Entropy

7.1

7.2

7.3

300 kJ/s of heat is supplied at a constant fixed temperature of 290°C to a heat engine. The
heat rejection takes place at 8.5]C. The following results were obtained: (i) 215 kJ/s are
rejected. (i1) 150 kl/s are rejected. (iii) 75 kl/s are rejected. Classify which of the result
report a reversible cycle or irreversible cycle or impossible results.

A steam power plant operates between boiler temperature of 160°C and condenser
temperature of 50°C. Water enters the boiler as saturated liquid and steam leaves the
boiler as saturated vapor. Verify the Clausius inequality for the cycle. Given: Enthalpy of
water entering boiler = 687 kJ/kg. Enthalpy of steam leaving boiler = 2760 kJ/kg
Condenser pressure = 0.124 x 105 N/m?.

An iron cube at a temperature of 400°C is dropped into an insulated bath containing 10
kg water at 25°C. The water finally reaches a temperature of 50°C at steady state. Given
that the specific heat of water is equal to 4186 J/kg K. Find the entropy changes for the
iron cube and the water. Is the process reversible? If so why? [1177.24 J/K].
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7.4

7.5

7.6

7.7

7.8

7.9

7.10

7.11

7.12

7.13

An ideal gas is heated from temperature T1 to T2 by keeping its volume constant. The
gas is expanded back to its initial temperature according to the law pv" = constant. If the
entropy change in the two processes are equal, find the value of n in terms of the adiabatic
indexy.

Air at 20°C and 1.05 bar occupies 0.025 m3. The air is heated at constant volume until
the pressure is 4.5 bar. Then it is cooled at constant pressure back to original temperature.
Calculate : (i) The net heat flow from the air. (ii) The net entropy change. Sketch the
process on T-s diagram. [-8.62 kJ, -0.013 kJ/K].

0.04 m> of nitrogen contained in a cylinder behind a piston is initially at 1.05 bar and
15°C. The gas is compressed isothermally and reversibly until the pressure is 4.8 bar.
Calculate: (i) The change of entropy, (ii) The heat flow, and (iii) The work done. Sketch
the process on a p-v and T-s diagram. Assume nitrogen to act as a perfect gas. Molecular
weight of nitrogen = 28. [-0.02216 kJ/K, -6.382 kJ, 6.382 kJ].

1 kg of gas enclosed in an isolated box of volume v1, temperature T1 and pressure p1 is
allowed to expand freely till volume increases to v2 = 2v1. Determine the change in
entropy. Take R for gas as 287 kJ/kg K. [198.9 kJ/kg.K].

0.04 kg of carbon dioxide (molecular weight = 44) is compressed from 1 bar, 20°C, until
the pressure is 9 bar, and the volume is then 0.003 m3. Calculate the change of entropy.
Take cp for carbon dioxide as 0.88 kJ/kg K, and assume carbon dioxide to be a perfect
gas. [-0.00966 kJ/K].

Calculate the change of entropy of 1 kg of air expanding polytropically in a cylinder
behind a piston from 7 bar and 600[]C to 1.05 bar. The index of expansion is 1.25. [0.1626
kJ/kg.K].

In an air turbine, the air expands from 7 bar and 460°C to 1.012 bar and 160°C. The heat
loss from the turbine can be assumed negligible. (1) Show that the process is irreversible;
(11) Calculate the change of entropy per kg of air. [0.02681 kJ/kg.K].

A fluid undergoes a reversible adiabatic compression from 4 bar, 0.3 m® to 0.08 m’
according to the law, pv1.25 = constant. Determine: (i) Change in enthalpy; (i) Change
in internal energy, (ii1) Change in entropy, (iv) Heat transfer and (v) Work transfer. [234.8
kJ, 187.84 kJ, zero, -187.84 kJ].

An insulated cylinder of volume capacity 4 m3 contains 20 kg of nitrogen. Paddle work
is done on the gas by stirring it until the pressure in the vessel is increased from 4 bar to
8 bar. Determine: (i) Change in internal energy. (ii) Work done, (iii) Heat transferred,
and (iv) Change in entropy. Take for nitrogen: cp = 1.04 kJ/kg K, and cv = 0.7432 kJ/kg
K. [4006.4 kJ, -4006.4 kJ, zero, 10.3 kJ/K].

A rigid cylinder containing 0.004 m3 of nitrogen at 1 bar and 300 K is heated reversibly
until temperature becomes 400 K. Determine : (i) The heat supplied. (ii) The entropy
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7.14

7.15

7.16

7.17

7.18

7.19

7.20

7.21

change. Assume nitrogen to be perfect gas (molecular mass = 28) and take y=1.4. [0.333
kJ, 9.584*10* kJ/kg.K].

A piston-cylinder arrangement contains 0.05 m3 of nitrogen at 1 bar and 280 K. The
piston moves inwards and the gas is compressed isothermally and reversibly until the
pressure becomes 5 bar. Determine: (i) Change in entropy. (i1)) Work done. Assume
nitrogen to be a perfect gas. [-0.0287 kJ/K, -8.036 kJ].

1 kg of air initially at 8 bar pressure and 380 K expands polytropically (pv1-2 = constant)
until the pressure is reduced to one-fifth value. Calculate: (i) Final specific volume and
temperature. (i1) Change of internal energy, work done and heat interaction. (iii) Change
in entropy. Take: R = 0.287 kJ/kg K and y= 1.4. [0.5211 m3/kg, 290.6 K, -64.14 kJ/kg,
128.29 kJ/kg, 64.15 kJ/kg0.193 kJ/kg.K].

A closed system contains air at a pressure 1 bar, temperature 300 K and volume 0.018
m3. This system undergoes a thermodynamic cycle consisting of the following three
processes in series: (i) Constant volume heat addition until pressure becomes 5 bar, (ii)
Constant pressure cooling, and (iii) Isothermal heating to initial state. Represent the cycle
on T-S and p-V plots and evaluate the change in entropy for each process. Take cp =
0.718 kJ/kg K and R = 0.287 kl/kg K. [0.0241 kJ/K, -0.0338 kJ/K, 0.00965 kJ/K].

Determine the entropy change of 4 kg of a perfect gas whose temperature varies from
127°C to 227°C during a constant volume process. The specific heat varies linearly with
absolute temperature and is represented by the relation: cv = (0.48 + 0.0096 T) kJ/kg K.
[4.268 kJ].

An insulated vessel of 0.5-m3 capacity is divided by a rigid conducting diaphragm into
two chambers A and B, each having a capacity of 0.25 m3. Chamber A contains air at 1.4
bar pressure and 290 K temperature and the corresponding parameters for air in chamber
B are 4.2 bar and 440 K. Calculate :(i) Final equilibrium temperature,(ii) Final pressure
on each side of the diaphragm, and (ii1) Entropy change of system. For air take cv=10.715
kJ/kg K and R = 0.287 klJ/kg K. [389.6 K, 1.88 bars, 3.72 bars, 0.0165 kJ/K].

In an insulated duct, air is flowing steadily. The pressure and temperature measurements
of the air at two stations A and B are given below. Station Pressure Temperature A 140
kPa 60°C B 110 kPa 15°C. Establish the direction of the flow of the air in the duct. For
air assume that: cp = 1.005 kJ/kg K h=cp T and vT = 0.287 p where p, vand T are
pressure (in kPa), volume (in m3/kg) and temperature (in K) respectively.

3 kg of water at 80°C is mixed with 4 kg of water at 15°C in an isolated system. Calculate
the change of entropy due to mixing process. [0.16 kJ/K].

(a) One kg of water at 0°C is brought into contact with a heat reservoir at 90°C. When
the water has reached 90°C, find: (i) Entropy change of water. (i1) Entropy change of the
heat reservoir. (ii1) Entropy change of the universe. (b) If water is heated from 0°C to
90°C by first bringing it in contact with a reservoir at 40°C and then with a reservoir at
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90°C, what will the entropy change of the universe be. (¢) Explain how water might be
heated from 0°C to 90°C with almost no change in the entropy of the universe. [1.193
kJ/kg.K, -1.038 kJ/K, 0.155 kJ/K, 0.0818 kJ/K].
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